
:CJ)

= <J)

^CD

CO

i-*hysical S3ries

GONDUCTION OF ELECTRICITY

THROUGH Gases



J



^

PROPERTY OF
P. T. JACKSON.



Digitized by the Internet Archive

in 2008 with funding from

IVIicrosoft Corporation

http://www.archive.org/details/conductionofeleOOthomuoft



CAMBRIDGE PHYSICAL SERIES.

CONDUCTION OF ELECTEICITY

THROUGH GASES



CAMBEIDGE UNIVEKSITY PRESS WAREHOUSE,

C. F. CLAY, Manager.

iLontron: FETTER LANE, E.G.

ffilaagoto: 50, WELLINGTON STREET.

ALSO

lLon6on: H. K. LEWIS, 1.36, GOWER STREET, W.C.

ILcipjig: F. A. BROCKHAUS.

^m lorfe: G. P. PUTNAM'S SONS.

Bomfaaa anD Calcutta: MACMILLAN AND CO.. Ltd.

[All Rights reserved]



CONDUCTION OF ELECTKICITY

THKOUGH GASES

J. /. THOMSON, D.Sc, LL.D., Ph.D., F.KS.

FELLOW OF TRINITY COLLEGE, CAMBRIDGE

CAVENDISH PROFESSOR OF EXPERIMENTAL PHYSICS, CAMBRIDGE

AND PROFESSOR OF NATURAL PHILOSOPHY AT THE ROYAL INSTITUTION, LONDON

SECOND EDITION

CAMBRIDGE

:

AT THE UNIVERSITY PRESS

1906



QC
"ij

771164

First Edition 1903.

Second Edition 1906.



PREFACE.

X HAVE endeavoured in this work to develope the view that

-*- the conduction of electricity through gases is due to the

presence in the gas of small particles charged with electricity,

called ions, which under the influence of electric forces move

from one part of the gas to another. My object has been to

show how the various phenomena exhibited when electricity

passes through gases can be coordinated by this conception

rather than to attempt to give a complete account of the very

numerous investigations which have been made on the electrical

properties of gases; I have therefore confined myself for the

most part to those phenomena which furnish results sufficiently

precise to serve as a test of the truth of this theory. The book

contains the subject-matter of lectures given at the Cavendish

Laboratory where a good deal of attention has been paid to

the subject and where a considerable number of physicists are

working at it.

The study of the electrical properties of gases seems to offer

the most promising field for investigating the Nature of Electricity

and the Constitution of Matter, for thanks to the Kinetic Theory

of Gases our conceptions of the processes other than electrical

which occur in gases are much more vivid and definite than they

are for liquids or solids ; in consequence of this the subject has

advanced very rapidly and I think it may now fairly be claimed

that our knowledge of and insight into the processes going on

when electricity passes through a gas is greater than it is in

the case either of solids or liquids. The possession of a charge

by the ions increases so much the ease with which they can be
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traced and their properties studied that, as the reader will see,

we know far more about the ion than we do about the uncharged

molecule.

With the discovery and study of Cathode rays, Rontgen rays

and Radio-activity a new era has begun in Physics, in which the

electrical properties of gases have played and will play a most

important part ; the bearing of these discoveries on the problems

of the Constitution of Matter and the Nature of Electricity is in

most intimate connection with the view we take of the processes

which go on when electricity passes through a gas. I have

endeavoured to show that the view taken in this volume is

supported by a large amount of direct evidence and that it

affords a direct and simple explanation of the electrical properties

of gases.

The pressure of my other duties has caused this book to be

a considerable time in passing through the press, and some

important investigations have been published since the sheets

relating to the subjects investigated were struck off. I have

given a short account of these in a few Supplementary Notes,

My thanks are due to Mr C. T. R. Wilson, F.R.S., for the

assistance he has given me by reading the proofs and I am

indebted to Mr Hayles of the Cavendish Laboratory for the

preparation of the diagrams.

J. J. THOMSON.

Cavendish Laboratory, Cambridge.

August, 1903.



PREFACE TO THE SECOND EDITION.

X HAVE made many additions to this edition and a considerable

-*- part of it has been rewritten, in the hope of introducing

new material in a more logical and connected form than

by merely adding new paragraphs to the old edition. This

has increased the size of the book ; on the other hand the pub-

lication, since the first edition of this book, of Rutherford's Radio-

activity has enabled me to omit some matter fully treated by

Rutherford. So many researches on Discharge through Gases

have been made since the issue of the first edition that anything

like a complete account of them is impossible within the space

at my disposal. I have therefore limited myself to those which

seemed most capable of testing the accuracy of the view of

Electric Discharge advocated in this book.

The light which can be thrown by the study of the Electrical

Phenomena occurring in Gases on many of the most interesting

questions in Physics is now generally recognised, and the more

the subject is studied the wider are seen to be its applications and

the greater the opportunities for further research.

I take this opportunity of expressing the gratitude which all

students of this subject must feel to the Societe de Physique of

Paris for the publication of the collection of original papers on

Discharge through Gases in the volumes loihs, l^lectrons, Corpuscles,

edited by MM. H. Abraham and P. Langevin.

J. J. THOMSON.

Cavendish Laboratory, Cambridge.

September, 1906.
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CHAPTEK I.

ELECTRICAL CONDUCTIVITY OF GASES IN A NORMAL STATE.

1. A GAS in the normal state conducts electricity to a slight,

but only to a very slight, extent, however small the electric force

acting on the gas may be. So small however is the conductivity

of a gas when in this state, and so difficult is it to eliminate

spurious effects, that there have been several changes of oj)inion

among physicists as to the cause of the leakage of electricity which

undoubtedly occurs when a charged body is surrounded by gas. It

was thought at first that this leakage took place through the gas

;

later, as the result of further experiments, it was attributed to

defective insulation of the rods or threads used to support the

body, and to the dust present in the gas
;
quite recently hoAvever

it has been shown that there is a true leak through the gas

which is not due to the dust or moisture the gas may happen

to contain.

2. The escape of electricity from an insulated charged body

has attracted the attention of many physicists. Coulomb*, whose

experiments were published in 1785, came to the conclusion from

his investigations on the loss of electricity from a charged body

suspended by insulating strings, that after allowing for the

leakage along the strings there was a balance over, which he

attributed to a leakage through the air. He explained this leakage

by supposing that the molecules of air when they come into con-

tact with a charged body receive a charge of electricity of the

same sign as that on the body and are then repelled from it,

carrying off some of its charge. We shall see later on that this

explanation is not tenable.

* Coulomb, Mimoires cle VAcademic des Scienees, 1785, p. 612.

T. G. 1

0\i



2 ELECTRICAL CONDUCTIVITY [l

Matteucci* experimenting on the same subject in 1850 also

came to the conclusion that there was a leakage of electricity-

through the gas; he was the first to prove that the rate at which

this leak takes place is less when the pressure of the gas is low

than when it is high. He found also that the rate of leak was

the same in air, carbonic acid and hydrogen. On the other hand

Warburgf found that the rate of leak through hydrogen was only

about half of that through air and carbonic acid ; he agi-eed with

Matteucci with regard to the equality of the rate of leak through

these gases and could detect no difference between the leaks

through dry and moist air ; he confirmed Matteucci's observations

on the effect of pressure on the rate of leak. Warburg seemed

inclined to suspect that the leak was due to dust in the gases.

The belief in dust being the carrier of the electricity was strength-

ened by an experiment made by Hittorf:]: in which a small

carefully insulated gold-leaf electroscope was placed in a glass

vessel filled with filtered gas ; the electroscope was found to have

retained a charge even after the lapse of four days. We know

now from recent experiments that the smallness of the leak

observed in this case was due to the smallness of the vessel

in which the charged body was placed rather than to the absence

of dust.

Further experiments on this subject were made by Nahrwold§

and by Narr|| who showed that the rate of leak from a charged

hollow sphere was not increased when the temperature of the

sphere was raised by filling it with hot water. BoysH made an

experiment which showed very clearly that, whatever the cause of

the leak might be, it was not wholly due to want of insulation in

the supports of the charged body ; in this experiment he attached

the gold leaves of an electroscope first to a short and thick quartz

rod and then to a long and thin one, and found that the rate of

leak of electricity from the gold leaves was the same in the two

cases; if the leak had been along the supports it would have

* Matteucci, Annales de Chiviie et de Phijsique, xxviii. p. 390, 1850.

t Warburg, Pogg. Ann. cxlv. p. 578, 1872.

+ Hittorf, Wied. Ann. vii. p. 595, 1879.

§ Nabrwold, Wied. Ann. v. p. 460, 1878 ; xxxi. p. 448, 1887.

II
Narr, Wied. Ann. v. p. 145, 1878 ; viii. p. 266, 1879 ; xi. p. 155, 1880; xvi.

p. 658, 1882 ; xxii. p. 550, 1884 ;
xliv. p. 133, 1892.

H Boys, Phil. Mag. xxviii. p. 14, 1889.
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been much greater in the first case than in the second. Boys

also confirmed Warburg's observation that the rate of leak was

the same in dry as in moist air.

3. The subject of the electric conduction through air is

evidently of considerable importance in relation to Meteorology

and Atmospheric Electricity. Experiments especially bearing on

this point were made by Linss* on the loss of electricity from

charged bodies placed in the open air; he found there was an

appreciable loss of charge which, as control experiments showed,

was not due to leakage along the supports of the charged body.

An extensive series of open air measurements were made by

Elster and Geitelf in many different localities and in different

states of the weather. They found that the rate of leak varied

much from time to time and from place to place, that it was very

much smaller in mist or fog than when the weather was bright

and clear, that it was greater at high altitudes than at low ones,

and that on the tops of mountains the rate of escape of negative

electricity was much greater than that of positive. This is doubt-

less due to the negative charge on the earth's surface, a mountain

top being analogous to a sharp point on a conductor, and thus a

place where the earth's electric force tending to move away any

negatively electrified body is much greater than it is on the flat.

In plains they found the rate of leak to be the same for plus and

minus charges. These points are brought out by the results of the

observations given in Tables I. and II. Table I. gives the results

of experiments made at Wolfenblittel at different times. Table II.

contains observations at different places.

Table I.

Weather
Eate of leak

for + charge
Rate of leak

for - charge

Fog, wind S.E
Clear, air very transparent
Fine rain, mist
Sky half overcast, air very transparent...

2-77

8-58

3-18

13-67

2-64

9-82

3-02

13-83

* Linss, Meteorol. Zeitschr. iv. p. 352, 1887 ; Elektrotechn. Zeitschr. i. 11,

p. 506, 1890.

t Elster and Geitel, Ann. d. Physik. ii. p. 425, 1900.

1—2

\
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Table II.

Place and altitude Weather
Kate of leak

+ charge
Rate of leak
- charge

Brocken, 1140 m.
Weissbad, 800 m.
Santisgipfel, ... 2500 m.
Goruergrat, 3140 m.
Zermatt Valley, 1620 m.
Wolfenbiittel, ... 80 m.

Sunshine, hazy
Smishine, air clear

Sunshine, air very clear

Sunshine, air very clear

Sunshine
Xo clouds, air clear

6-67

9-66

8-95

3-28

21-02

8-45

10-28

9-52

35-04

31-26

20-78

9-20

Ebert* made a series of balloon ascents and observed the rate

of leak at different altitudes up to about 4000 metres. He found

the rate of leak to increase with the altitude. The excess of the

leak from a negatively over that from a positively electrified body

reached a maximum at a height between 2000 and 3000 metres. At

the highest altitudes there was but little difference between the

two leaks.

4. Further experiments on the rates of leak from a charged

body placed in a closed vessel filled with air were made almost

simultaneously by Geitelf and by C. T. R.Wilson
J.

The apparatus

used by Wilson for this purpose is represented in Fig. 1. Since

Sorth ^rH,

Fig. 1.

* Ebert, Annalen der Physik, v. p. 718, 1901.

t Geitel, Physikalische Zeitschr. ii. p. 116, 1900

X C. T. R. Wilson, Proc. Camb. Phil. Soc. xi. p. 32, 1900 ; Proc. Roij. Soc. Ixviii.

p. 151, 1901.
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the quantity of electricity which escapes from the charged body is

very small it is necessary that the capacity of the instrument used

to measure it should be small ; this condition makes it advisable

to use a small gold-leaf electroscope rather than a quadrant

electrometer. To prevent the leakage from the supports of the

gold leaves vitiating the experiments, the brass strip which carries

the gold leaf is attached to and insulated from a metal rod A by a

piece of sulphur B, A being insulated by a plug of sulphur from

the vessel containing the gas under examination, and connected

with a condenser C formed of parallel plates of metal imbedded in

a block of sulphur. The brass strip and gold leaf are initially

charged to the same potential as the rod by making momentary

contact between the rod and the strip by means of a moveable

wire ; the rod being connected with a large capacity remains at

almost constant potential, and thus if there is any leakage of

electricity along the sulphur supporting the brass strip and gold

leaf, it will tend to keep them charged and not to discharge them.

The position of the gold leaf is read by means of a microscope

provided with an eye-piece micrometer scale. The brass strip and

gold leaf are used as the charged body and the rate at which the

image of the gold leaf moves across the micrometer scale is a

measure of the rate of leak through the gas. The following results

were obtained by both Geitel and Wilson—the rate of escape of

electricity in a closed vessel is much smaller than in the open and

the larger the vessel the greater is the rate of leak. The rate of

leak does not increase in proportion to the difference of potential

between the gold leaves and the walls of the vessel ; the rate soon

reaches a limit beyond which it does not increase however much

the potential difference is increased
;
provided of course that this is

not great enough to cause sparks to pass.

Assuming that the maximum leak is proportional to the

volume of the vessel, Wilson's experiments, which were made with

vessels less than 1 litre in volume, showed that in dust-free air at

atmospheric pressure the maximum quantity of electricity which

can escape in one second from a charged body in a closed space

whose volume is V cubic centimetres is about 10"^ V electrostatic

units. Rutherford and Allen* working in Montreal obtained

results in close agreement with this.

* Eutherford and Allen, Phijsfikdlit^clie Zcitschr. iii. p. 225, r,t02.
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As the result of a series of experiments made at pressures

ranging ffom 43 to 743 millimetres of mercury, Wilson came to

the conclusion that the maximum rate of leak is very approximately

proportional to the pressure, thus at low pressures the rate of leak

is exceedingly small : this result is illustrated in a striking way by

an observation of Crookes * that a pair of gold leaves could retain

an electric charge for months in a very high vacuum. More recent

experiments have shown that it is only in small vessels that the

maximum rate of leak is proportional to the volume and to the

pressure. With large vessels the rate of leak per unit volume is

considerably less than in small vessels. The rate of leak also

depends upon the nature of the walls of the vessel. The

rate of leak is about the same in the dark as it is in the light, it

is thus not due to light, and that it can be wholly due to some

invisible form of radiation coming from outside is rendered im-

probable by the observations of Rutherford and Cooke f, Cooke ^:,

M'^Clennan and Burton § that though the leak inside a closed

vessel can be reduced by about 30 per cent, by surrounding the

vessel with thick lead yet the diminution reaches a limit when the

lead is about 2 inches thick, after this no diminution in the leak

is produced b}^ increasing the thickness of the lead. The rate of

leak in a closed vessel is the same when the vessel is inside a rail-

way tunnel as when it is outside ; in the former case any radiation

reaching the gas from outside must have travelled through many

feet of solid rocks. Wilson
j|
has recently investigated the greatest

rates of leak through different gases and has obtained the follow-

ing results

:

Relative rate of leak

Gas Relative rate of leak Specific gravity

air 1-00 1-00

Ha •184 2-7

CO2 1-69 1-10

SO2 2-64 1-21

CHCI3 4-7 1-09

Ni(C0)4 5-1 •867 IT

5. Geitel {loc. cit.) made the very interesting observation that

the rate of leak in a closed vessel increases, after the refilling of

* Crookes, Proc. Roy. Soc. xxviii. p. 347, 1879.

t Rutherford and Cooke, Phijs. Rev. 16, p. 183, 1903.

X Cooke, Phil. Mag. 6. 6, p. 403, 1903.

§ M^'Cleuuan and Burton, Phys. Rev. 16, p. 184, 1903.

II
Wilson, Proc. Roy. Soc. Ixix. p. 277, 1901.

U Jaffe, Phil. Mag. 6. 8, p. 556, 1904.
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the vessel with fresh air, for some days, when it reaches a

constant vahie at which it remains for an indefinitely long time.

The most obvious explanation of this result is that it is due to the

settling down of the dust, as Elster and Geitel {loc. cit.) have

shown that the presence of dust, fog, or mist diminishes the rate of

leak. This explanation is however rendered untenable by some

later experiments* made by the same physicists, in which they

found that the period required for the gas to attain its maximum
conductivity was not appreciably diminished by filtering the dust

out of the air by sending it through water, or by extracting the

moisture from the gas : thus if the increase in the rate of leak is

due to the settling down of some foreign matter from the gas, this

matter must be something which can not be got rid of by filtering

the gas through water traps or plugs of glass-wool.

6. Another aspect of this phenomenon is the very interesting

fact discovered by Elster and Geitel* that the rate of leak in

caves, and cellars where the air is stagnant and only renewed

slowly, is very much greater than in the open air : thus in some

experiments they made in a cave—the Baumannshohle in the Harz

Mountains—they found that in the cave the electricity escaped at

seven times the rate it did in the air outside, even when this was

clear and free from mist. They found too that in a cellar whose

windows had been shut for eight days the rate of leak was very

considerably greater than it was in the air outside. These experi-

ments suggest that something producing abnormally great con-

ductivity slowly diffuses from the walls surrounding the gas, and

that this diffusion goes on so slowly that when fresh gas is intro-

duced it takes a considerable time for the substance from the walls

to again diffuse through the volume. The reader will find the

explanation of these effects given in a later chapter.

The experiments we have described show that the rate of

leak of electricity through gas in a normal state is influenced by a

great variety of circumstances, such as the pressure of the gas, the

volume of gas in the electric field,, and the amount of dust or

fog held in suspension by it ; all these effects receive a ready

explanation on the view to which we are led by the study of the

effects shown on a larger scale by gases whose conductivity has

been increased by artificial means, and we shall return to the

* Elster and Geitel, Physikalische Zeitschr. ii. p. 560, 1901.
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subject of the leak through normal air after studying the properties

of such gases. We may however at once point out that the increase

of the rate of leak with the size of the vessel containing the

charged body shows that the conduction is not due, as Coulomb

thought, to particles of gas originally uncharged striking against

the charged body and receiving a charge which they deliver up to

the sides of the vessel ; if this were the method by which the

electricity escaped the rate of leak would not increase with the

size of the vessel.



CHAPTER II.

PROPERTIES OF A GAS WHEN IN THE CONDUCTING STATE.

7. The electrical conductivity of gases in the normal state is

so small that, as we have seen, the proof of its existence requires

very careful and elaborate experiments. Gases may however in

various ways be put into a state in which they conduct electricity

with so much facility that the detection and investigation of this

property becomes a comparatively easy matter ; as the study of

the properties of a gas when in this state is of the highest

importance from the light which it throws on the general phe-

nomena of electric discharge through gases we shall find it useful

to discuss the subject at some considerable length.

8. There are many ways in which gases may be made to

possess considerable conductivity or, as we shall express it, be put

into the conducting state. They are for instance put into this

state when their temperature is raised above a certain point

;

again, gases drawn from the neighbourhood of flames, electric arcs

or glowing metals or carbon, or which have diffused from a space

through which an electric discharge is passing or has recently

passed, are in this state. A gas is put into the conducting state

when Rontgen, Lenard or cathode rays pass through it, the

same effect is produced by the rays from uranium, thorium, or the

radioactive substances, polonium, radium, actinium, obtained from

pitch-blende by Curie, Curie and Bemont and Debierne respec-

tively, and also as Lenard has recently shown by a very easily

absorbed kind of ultra-violet light. E. Wiedemann has shown

that electric sparks give out rays, called by him Entladungstrahlen,

which produce the same effect. Air which has passed over phos-

phorus or which has bubbled through water is also in this state

and remains so for some time after it has left the phosphorus or
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water. We shall have later on to discuss the action of each of

these agents in detail, but we shall begin by studying some of the

general properties possessed by a gas when in this state, the

experimental methods by which these properties may be investi-

gated, and a theory of this state by which they may be

explained.

9. A gas when in the conducting state possesses characteristic

properties. In the first place it retains its conductivity for some

little time after the agent which made it a conductor has ceased

to act ; its conductivity however always diminishes, in some cases

very rapidly, after the agent is removed, and finally it disappears.

The persistence of the conductivity may be shown very simply by

taking a charged electroscope covered with a cage made of wire-

gauze so as to screen off the region exposed to the rays fi'om the

electrostatic field due to the electroscope. If the air is still, the

electroscope will retain its charge even when the rays are in action,

but if we blow some of the air traversed by the rays towards the

electroscope, the latter will begin to lose its charge, showing that

the air has retained its conductivity during the time taken by it

to travel to the electroscope firom the place where it was exposed

to the rays. A somewhat more elaborate form of this experiment,

which enables us to prove several other interesting properties of

the conducting gas, is to place the electroscope in a glass vessel A
in which there are two tubes, one leading to a water-pump while

the end of the other G is in the region traversed by the

Rontgen rays. The tube used to produce the rays is placed in a

f>limjt, s. m

Fig. 2.

box which with the exception of a window at B to let the rays

through is covered with lead: this shields the electroscope fi:-om
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the direct action of the rays : if the water-pump be worked slowly

so as to make a slow current of air pass from the region traversed

by the rays into the vessel A the electroscope will gradually lose

its charge whether this be positive or negative : if the pump be

stopped and the current of air ceases, the discharge of the electro-

scope will cease.

The conducting gas loses its conductivity if it is sucked through

a plug of glass-wool or made to bubble through water*. This can

readily be proved by inserting in the tube C a plug of glass-wool

or a water-trap and working the water-pump a little harder so as

to make the rate of flow of air through the tube the same as in

the previous experiment ; it will now be found that the electroscope

will retain its charge, the conductivity has thus been taken out of

the gas by filtering it through glass-wool or water. The con-

ductivity is very much more easily removed from gases made
conducting by the various rays, Rcintgen, Lenard, cathode, &c.,

than from the conducting gases derived from flames and arcs ; the

latter as we shall see require a great deal of filtering to remove

their conductivity. If we replace the tube C by a metal tube of

fine bore we shall find that the gas loses some of its conductivity

when it passes through it, and the finer the bore the more rapidly

does the conductivity disappear. The conductivity may also be

removed from the gas by making it traverse a strong electric field

so that a current of electricity passes through itf. To show this,

replace the glass tube C by a metal tube of fairly wide bore and fix

along the axis of this tube an insulated metal wire ; if there is no

potential difference between the wire and the tube, then the

electroscope in A will leak when a current of air is sucked through

the apparatus ; if however a considerable difference of potential is

established between the wire and the tube, so that a current of

electricity passes through the gas during its passage to A, the

leak of the electroscope will cease, showing that the conductivity

of the gas has been removed by the electric field.

10. The removal of the conductivity by filtering the gas

through glass-wool or water and by transmission through narrow

metal tubes shows that the conductivity is due to something mixed

* J. J. Thomson and E. Rutherford, Phil. Mia/, xlii. p. 392, 1896.

t Ibid.
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with the gas, this something being removed from the gas in the

one case by filtration, in the other by diffusion to the walls of the

tube. Further, the removal of the conductivity by the electric

field shows that this something is charged with electricity and

moves under the action of the field ; since the gas when in the

conducting state shows as a whole no charge of electricity, the

charges removed must be both positive and negative. We are

thus led to the conclusion that the conductivity of the gas is due

to electrified particles mixed up with the gas, some of these

particles having charges of positive electricity, others of negative.

We shall call these electrified particles ions, and the process by
which a gas is made into a conductor the ionisation of the gas.

We shall show later on how the masses and charges of the ions

may be determined, when it will appear that the ions in a gas are

not identical with those met with in the electrolysis of solutions.

11. The passage of a current of electricity through a conducting

gas does not follow Ohm's law unless the electromotive force acting

on the gas is small. We may investigate the relation between the

current and potential difference by taking two parallel metal

plates A and B (Fig. 3) immersed in a gas, the gas between the

<^
£r,rt/,

Fig. 3.

plates being exposed to the action of some ionising agent such as

Rontgen rays or the radiation from a radioactive substance. One
of the plates A is connected with one of the pairs of quadrants of

an electrometer, the other pair of quadrants being put to earth.

The other plate B is connected with one of the terminals of a
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battery of several storage ceils, the other terminal of the battery

being connected with the earth ; initially the two pairs of quad-

rants of the electrometer are connected together, then the con-

nection between the quadrants is broken, as a current of electricity

is passing across the air space between A and B, the plate B gets

charged up and the needle of the electrometer is deflected ; the

rate of deflection of the electrometer measures the current passing

through the gas. By making a series of observations of this kind

we can get the means of drawing a curve such that the ordinates

represent the current through the gas and the abscissae the potential

difference between the plates : such a curve is represented in Fig.

4*. We see that when the difference of potential is small the

Fig. 4.

curve is approximately a straight line, in this stage the conduction

obeys Ohm's law ; the current however soon begins to increase

more slowly than the potential difference and we reach a stage

where there is no appreciable increase of current when the potential

difference is increased : in this stage the current is said to be satu-

rated. When the potential difference is increased to such an extent

that the electric field is strong enough to ionise the gas, another

stage is reached in which the current increases very rapidly with

the potential difference ; curves showing this effect have been

obtained by von Schweidlerf and by TownsendJ, one of these

is shown in Fig. 5. The potential gradient required to reach

* J. J. Thomson, Nature, April 23, 1896.

t von Schweidler, Wien. Bericht, cviii. p. 273, 1899.

t J. S. Townsend, Phil. Mag. vi. 1, p. 198, 1901.
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this stage depends upon the pressure of the gas, it is directly

proportional to the pressure ; for air at atmospheric pressure it is

60

50

40

30

2o

lo

/
J
/

/
y

—

1

""

C} 1 30 t<>o 300 *oo TOO 6C0 700 BOO stoe moo mo neo izoo /^oe iteo

Fig. 5.

about 30,000 volts per centimetre, so that in air at a pressure of

one millimetre a potential gradient of about 40 volts per centimetre

would be sufficient to reach this sta^e.

12. The saturation current between two parallel plates of

given area depends upon the amount of ionisation between the

plates ; if the ionisation takes place throughout the whole volume

of gas between the plates, then the greater the distance between

the plates the greater is the saturation current, so that if we use

potential differences large enough to produce saturation, then with

a constant difference of potential the greater the distance between

the plates the larger is the current. Thus the behaviour of the

conducting gas is very different from that of a metallic or liquid

electrolytic conductor, for if such conductors Avere substituted for

the gas the greater the distance between the plates the smaller

would be the current. Under very small potential differences how-

ever the three classes of conductors would behave in the same way.

13. The peculiarities shown by the conduction through gases

are very easily explained on the assumption that the conduction is

due to ions mixed with the gas. Let us for example take the case

of saturation. Suppose that in the gas between the plates the

ionising agent produces in one second q positive and q negative ions

and let e be the magnitude of the electric charge on an ion, then

if an electric current % passes between the plates, ije positive ions

are driven against the negative electrode, and the same number

of negative ions are driven against the positive electrode in one
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second; thus in each second i/e positive and negative ions are

taken out of the gas by the current. When the gas is in a steady-

state the number of ions taken out of it in a given time cannot

be greater than the number of ions produced in it in the same

time, hence i/e cannot be greater than q, and thus i cannot be

greater than (je : qe is thus the value of the saturation current.

If the ions are produced uniformly throughout the gas, and if q^,

is the number of ions produced in one second in unit volume, and

V the volume of gas between the plates (Fig. 3), then the number

of ions produced in the gas per second is q^V and the saturation

current q(,eV. Since V is equal to the area of one of the plates

multiplied by the distance between the plates the saturation current

is proportional to this distance. This relation between the satura-

tion current and the distance between the plates has been verified

by measurements of the saturation currents through gases exposed

to Rontgen rays *.

14. Even when there is no current of electricity passing

through the gas and removing some or all of the ions, the number

of ions present in the gas does not increase indefinitely with the

time which has elapsed since the gas was first exposed to the

ionising agent; the number of ions in the gas and therefore its

conductivity acquire after a time steady values beyond which they

do not increase however long the ionising agent may act. This is

due to the recombinations that take place between the positive

and negative ions ; these ions moving about in the gas sometimes

come into collision with each other and in a certain fraction of

such cases of collision the positive and negative ions will remain

together after the collision, and form an electrically neutral system

the constituents of which have ceased to be free ions. The collisions

will thus cause the ions to disappear, and the steady state of a gas

which is not carrying an electric current will be reached when the

number of ions which disappear in one second as the result of the

collisions is equal to the number produced in the same time by

the ionising agent. Starting from this principle it is very easy to

investigate the relation between the number of free ions when the

gas is in a steady state, the strength of the ionising agent, the rate

at which the ions increase on the first exposure to the ionising

*J. J. Thomson and E. llutherford, Phil. Macj. v. 42, p. 392, 180G.
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agent and the rate at which they die away when the ionising

agent is cut off.

For let q be the number of ions (positive or negative) produced

in one cubic centimetre of the gas per second by the ionising

agent; iii, n^ the number of free positive and negative ions

respectively per cubic centimetre of the gas. The number of

collisions per second between positive and negative ions is propor-

tional to n-^n... If a certain fraction of the collisions result in the

formation of a neutral system the number of ions which disappear

per second in a cubic centimetre will be equal to an-^,n^, where a is

a quantity which is independent of nj and iu ; hence if t is the time

which has elapsed since the ionising agent was first applied to the

gas we have

dill \— = q-an,n,\

1 1- ^^)-

-^ = q-an,n.

Thus n^ — 7io is constant, so that if the gas is uncharged to

begin with ?ii is always equal to 7?o. Putting ni = n., = n the

preceding equation becomes

dn „ ,

rf^
= ^-«^" ^2)'

the solution of which is, if k"- = qja, and n = when ^ = 0,

+ 1
^^ =^WT-r (3);

Wo the value of n when the gas is in a steady state is obtained

by putting t equal to infinity in equation (3) and is given by the

equation

We see from equation (3) that the gas will not approximate to

a steady state until 2kat is large, i.e until t is large compared with

l/2^^a, that is with Ij^n^a or l/2Vga. We may thus take Ijls/qa

as the measure of the time taken by the gas to reach the steady

state under exposure to the ionising agent; as this time varies

inversely as V(/ we see that when the ionisation is feeble it may

take a very considerable time for the gas to reach the steady

state.
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Thus at some distance, say a metre, from an ordinary Rontgen

bulb it may require an exposure of a minute or two to bring the

gas into a steady state.

We may use equation (2) to determine the rate at which the

number of ions diminishes when the ionising agent is removed;

putting g = in that equation we have

^ = -""" (^>'

hence n= ~ '^-—

^

(5),
1 + lloCLt

where iio is the value of 7i when ^ = 0. Thus the number of ions

falls to one-half its initial value in the time l/«o«- We may
regard equation (4) as expressing the fact that a free ion lasts for

a time which on the average is equal to Ijan.

15. Equation (4) has been verified by Rutherford for gases

exposed to Rontgen rays* and to the radiation from uranium f,

by M^Clung:!: for gases exposed to Rontgen rays, and by

M'^Clelland § for the case of gases drawn from the neighbourhood

of flames and arcs. Two methods have been employed for this

purpose. In one method air exposed to rays at one end of a long

tube is slowly sucked through the tube, and the saturation currents

measured at different parts along the tube. These currents are

proportional to the value of n at the place of observation, and

knowing the velocity of the air and the distance of the place of

observation from the end of the tube, we know the time which

has elapsed since the gas was ionised ; we can thus find the values

of n corresponding to a series of values of t ; values determined in

this way were found by Rutherford to agree well with those given

by equation (5). This method can only be used when a large

quantity of gas is available. Another method also used by

Rutherford can be employed even for gases of which only small

quantities can be procured. In this method gas confined in a

vessel is exposed to the action of an ionising agent such as the

Rontgen rays. Inside the vessel are two parallel metal plates

* llutherford, Fliil. Mag. v. 44, p. 422, 1897.

t Rutherford, Phil. Mag. v. 47, j). 109, 1899.

+ M^Clung, Phil. Mag. vi. 3, p. 283, 1902.

§ McClelland, Phil. Mag. v. 46, p. 29, 1898.

T. G. 2
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A and B, between which the ionisation is to be measured (in some

of Rutherford's experiments one of these plates was replaced by

the case of the vessel, which was made a conductor by lining it

with wire-gauze, the other plate was replaced by an insulated

wire running down the middle of the vessel). One of these

plates A can be connected with an electrometer, the other B with

one terminal of a large storage battery, the other terminal of

which is kept to earth. A pendulum interrupter is arranged so

that as a heavy pendulum swings it strikes against levers, and by

this means makes or breaks various connections. While the

vessel is under the influence of the rays A and B are connected

together and to earth, then A is disconnected from both earth and

electrometer and left insulated, and B is disconnected from the

earth ; the pendulum is then let go : as it falls it first breaks the

current going through the primary of the induction coil used to

excite the rays, it thus stops the ionisation, then after an interval

t (which can easily be varied) it strikes against another lever

which has the effect of connecting B with the high potential pole

of the battery, thus producing a strong electric field between the

plates A and B : this field, if B is charged positively, drives in a

very small fraction of a second all the positive ions which exist

between A and B against A, so that A receives a positive charge

proportional to n ; the pendulum in its swing then goes on to dis-

connect B fi'om the battery and connects it to earth. The plate

A is now connected with the electrometer the needle of which is

deflected by an amovmt proportional to the charge on the plate A,

i.e. to n. By adjusting the apparatus so as to alter the time

which elapses between cutting off the rays and connecting B with

the battery we find a series of corresponding values of n and t
;

these were found by Rutherford to fit in well with the relation

indicated by equation (5). The following table shows the rate at

which the ionisation dies away in a special case, the rate of course

Time in seconds after Deflection of

stoppage of rays Electrometer

•004 184
•08 183
•45 106

2 37

4 19
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depends upon the intensity of the ionisation, the figures may
however serve to give an idea of the order of magnitude of the

rate of decay in air under strong Rontgen radiation.

Thus after 4 seconds there was still a very appreciable amount
of ionisation in the gas. The duration is still more marked in the

following example when the radiation was much weaker. The
electrometer was not equally sensitive in the two series of

experiments.

Time Deflection

•004 174
•45 139

2 107
4 54
8 30

16 16

Thus alter 16 seconds in this case the gas retained more than

10 per cent, of its ionisation.

Rutherford measured the rate of decay in various gases

exposed to Rontgen rays of as nearly as possible the same

intensity. The results are shown in the following table ; the first

column contains the name of the gas, the second T the time

taken for the ionisation to sink to one-half of its original value

;

we have seen that T =\ln(fi = \j'^qa', the third column contains

relative values of q, and the fourth column the relative values

of a. calculated from the values of T and q.

Gas T 1 a

Hydrogen
Air
Hydrochloric acid gas

Carbonic acid gas
Sulphur dioxide

Chlorine

•65

•3

•35

•51

•45

•18

•5

1

11
1-2

4

18

4-8

11

•75

3-3

1-25

2

16. Rutherford showed that the value of T w^as very much

diminished when any dust was present in the gas, the dust did

not however affect the saturation current. Thus for exami)le when

chlorine was first admitted to the testing vessel the value of T was

2 2
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•19 second, after standing for an hour T rose to about "3 second

although there was no change in the saturation current. Again

for air which had been standing overnight T was about 1 second,

when a little dusty air was blown into the vessel T fell to "15

second, rising to about "5 second in about 10 minutes ; it took

several hours for T to rise to its original value. Again, T was

found to be increased by filtering the gas through cotton-wool.

The effect produced by dust is easily explained, as the dust

particles are in all probability very large compared with the ions

;

thus if a positive ion strikes against a dust particle and sticks to it,

it forms a large system which is much more likely to be struck by

a negative ion and neutralised than if the positive ion had re-

mained free ; in this way the presence of dust will facilitate the

recombination of the ions. The presence of dust in Rutherford's

experiments probably explains the discrepancy between his results

and those of Townsend, who used dust-free gases and determined a

by the first of the methods described, care being taken that the

tubes through which the ionised gases were sucked were so large

that the loss of ions from diffusion to the sides of the tube could

be neglected in comparison with those lost by recombination.

Towmsend found that for air, oxygen, carbonic acid, and hydrogen

a had the values, 3420e, 3380e, 3500e, and 3020e, where e

is the charge on the ion in electrostatic units. We shall see that

e is about 3'5 x 10~^^ so that a for air, oxygen, and carbonic acid is

about 1'2 X 10"^ while for hydrogen it is about 15 per cent. less.

In Rutherford's experiments the value of a. for air was about

three times that for carbonic acid, but it is probable that the gases

in this case were not really dust-free.

17. Variation of a with the pressure of the gas. Pre-

liminary experiments made some time ago by Dr Nabl in the

Cavendish Laboratory showed that down to pressures of about \ of

an atmosphere the value of a in air was independent of the

pressure. Careful determinations of the values of a over a large

range of pressures have been made by M'^Clung* and Langevin.

The method used by M'^Clung was as follows : the ionised gas

was contained in a cylinder divided up by diaphragms made of

* M<^Clung, Phil. Mag. vi. 3, p. 283, 1902.
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very thin aluminium foil, the alternate diaphragms were connected

together by metallic connections; a large potential difference could

be established between the two sets of diaphragms so that the

electric field in the space between two adjacent diaphragms was

large enough to saturate the current. The gas was ionised by

Rontgen rays which passed along the axis of the cylinder and thus

traversed the diaphragms. When the gas was exposed to the rays

all the diaphragms were kept at one potential, the rays were then

cut off and the strong electric field applied at various intervals

after the stoppage. This field drove all the positive ions existing

at the time of its application to one set of diaphragms, all the

negative to the other; the charge communicated to these dia-

phragms was measured. In this way a series of values of n for

different values of t, the interval after the stoppage of the rays,

was determined ; these values were found to lie on the curve

indicated by the theory, i.e. the curve whose equation is

1 + n^at

This equation was verified for pressures varying from '25 to 3

atmospheres. The absolute value of a was not however deduced

fi"om this equation, but was determined as follows. The saturation

current was measured with the rays on ; from this we can determine

Q, the number of ions produced by the rays per second ; in the

next place N, the number of ions in the gas, was determined

by allowing the gas to get in a steady state under the action of

the rays when no electric field acted on the gas ; the rays were

then cut off and a strong electric field immediately applied

;

this drove all the free ions of one sign to one of the electrodes

;

by measuring the charge given to the electrodes n could be

determined. Since q = air where q is the number of ions produced

by the rays per sec. per c.c. and n the number of free ions per c.c,

we have, if I is the distance between the plates and ^4 the area of a

plate, Q = lAq, N=lAn, hence ol — IA-^~ M'Clung by using

this method found that a was independent of the pressure for

pressures from '25 to 8 atmospheres. Langevin, who used a

different method, which will be described later (see p. 64), found

little change in a between 1 and 3 atmospheres, and his values

agree very closely with M'Clung's; at pressures l(>ss than an
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atmosphere he found considerably smaller values ; the relative

values of a are given in the following table

:

ssure in atmospheres a

1 •05

i •12

1 •27

2 30
3 •26

5 •18

In M^'Clung's experiments the rays passed through the aluminium
;

we shall see that when these rays pass through or strike against

metals, secondary radiation starts from the metal, producing very in-

tense radiation close to the surface. It is easy to see that the effect

of this would be to make the method used by M'^Clung give too

large values for a. For suppose we have a thin layer in which the

ionisation is very intense, let ^i be the thickness of this layer, q^ the

rate of ionisation, and Wj the number of free ions, h the thickness

of the remaining layer, q., the rate of ionisation, and n^ the number

of free ions in this layer, then

Q=-A {l,q^ + l/i^ qi = cm,'

iV = A {l^Ri + l-i^h) ([i = «"2',

,, , sAQ ,, , . (^iHi" + Ln^-)
l,euce <'+ <^)3^ °° (' + '')

(;. ,, +W
The right-hand side of this equation is always greater than a unless

ni = n,2, hence if there is any inequality in the ionisation, the values

AO
of a got by using the formula (Zj + l.,) -^ = a will be too large. The

error will increase as the pressure diminishes, for the ionisation due

to the primary rays will diminish with the pressure ; the total

ionisation due to the secondary rays need not however do so, as

these are so easily absorbed that they may not be able to reach

from one plate to another even at the lower pressure. Thus the

secondary ionisation will be more important at low than at high

pressures, and the error introduced by using the uncorrected for-

mula correspondingly greater. Aluminium, the metal used by

M'^Clung, gives less secondary radiation than any metal hitherto

tried, but it is possible that this radiation may have produced an
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effect at low pressures. This effect might not be appreciable on the

curves representing the connection between n and the time elapsed

since the rays were stopped, for in the thin layer of intense

ionisation close to the metal the rate of recombination is so rapid

that the effect of it would die away almost as soon as the rays

were stopped. Ions would also be lost by diffusion to the

diaphragms and unless this was allowed for the values found for

a would be too large. The correction for diffusion would be

greater at low pressures than at high and would vary inversely as

the square of the distance between the diaphragms.

18. Effect oftemperature on the value of a. This has been

investigated by IVPClung*, who used the method he had previously

applied to determine the variation of a with the pressure. He
7l

verified the relation n = —
- for a number of temperatures

1 + lh,rjLt
^

ranging up to 270° C. He found a very considerable increase in oc

with the temperature, his results being shown in the following table :

Temperature a

15° C. 35
90 45

135 65
180 100
270 280

These experiments make the value of a at 270° C. eight times the

value at 15° C. At the highest temperature the density of the

gas is only ^ of its density at 15° C, and since at small densities

there is as we have seen a discrepancy between M'^Cl'ung's and

Langevin's results, the values obtained by the latter observer being

considerably less than M'^Clung's, it is desirable that further

experiments by some different method should be made on the

effect of temperature on a, especially as we shall see that it is very

difficult to reconcile other properties of the ions with such a

large temperature coefficient of a.

19. The values of a found by the preceding method afford a

good deal of information as to the way in which the ions recombine.

We have seen that tlic number of recombinations ])er sec. pur

cubic centimetre is in air at atmospheric temjierature about 10~">(-.

The kinetic theory of gases shows however that at this tempera-

ture the total number of collisions between the molecules of a gas

* M-^Clung, Phil. M,i<i. VI. (1, p. (3:)5, l'.)0:^.
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per sec. per c.c. is for air 1"2 x 10~"//-, for hydrogen 2'4 x 10""^° n^

and for CO2 1"4 x 10~^"?i-. Thus the number of collisions resulting

in recombination between ions is about 10,000 times the whole

number of collisions between the same number of molecules of a

gas in its normal state. We shall see that the difference between

the size of a molecule and of an ion is not nearly large enough to

account for the enormous difference in the number of collisions,,

the difference is du% to the electrical charges on the ions ; the

attraction between oppositely charged ions drags these ions into

collision when if it had not been for the charges they would never

have come near each other, it is to this effect that the large

number of collisions between ions is to be attributed.

20. Value of a given by the kinetic theory of gases. If

we suppose that the charged ions possess the same average kinetic

energy as is possessed by the molecules of all gases at the tem-

perature of the ions, the ions will be moving with very considerable

velocity. Consider now two ions, one positively, the other negatively

electrified, they will attract each other with a force varying inversely

as the square of the distance between them; we know from the theory

of central forces that if when these bodies are at a distance r

apart their kinetic energy is greater than e^jr (where e is the charge

on either particle), the particles will not describe closed orbits round

each other but will separate until they get an infinite distance

apart, they will therefore not recombine. If, however, the kinetic

energy T is less than e-jr the particles will revolve round each

other and will recombine. Thus for recombination to take place

the ions must approach to a distance r such that T < — or r < ™

and when the particles approach within this distance they will

recombine. Since T, the kinetic energy, only depends upon the

temperatures the limiting distance will be the same for all ions.

As T is the kinetic energy of two ions, we have by the kinetic

theory of gases if iV^ is the number of molecules in a cubic centi-

metre of a gas at a pressure p,

p = lNT; thus T= 3p/N and eyT= Ne'-/Sp.

Now at atmospheric pressure and 0^ C
^) = 10^; iV^e = l-22 X 10i«; 6 = 35 xlO-^".

Thus, Ne-/3p =r = V4>x 10-« cm.
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Hence for recombination to take place between two ions they
must approach to a distance of 1-4 x 10~^ cm. of each other. This

distance is exceedingly small compared with the average distance

between the ions in any known cases of ionisation. To find how
long an ion will be before it comes within this distance of an
oppositely charged ion let V be the average velocity of translation

of the ion, relative to an oppositely charged ion ; in the time t the

ion will describe a path Vt, and for every point inside the cylinder

whose volume is TrjfVt the perpendicular from the point on the

line of motion of the moving ion will be less than p. If all

directions of relative motion are equally probable the mean value

of this perpendicular is - r, where /• is the distance of the moving

ion from the point. Thus if ^j = - x 1-4 x lO"" and if there are
4

n positive and n negative ions per unit volume the ion in the time

t will come within combining distance of nirp-Vt oppositely charged

ions. Thus the average free life of an ion will be l/nirp-V, and the

number of recombinations in unit volume per unit time will be

n/l/n-Trp-V or -jrp^Vrr. Thus a ^ irp^V, or substituting the value of

p, 3"9 X 10~^^F. If the ions in hydrogen had the same mass as a

hydrogen molecule Fat 0°C. would be V2 x TS x 10^ and a there-

fore -97 X 10"^; this is the right order of magnitude for a. as we
have seen that at atmospheric pressure a for hydrogen, air, and

carbonic acid is about 10"". We should expect that the value of a

given by the equation a = 3'9 x 10"'-F would be too small, for in

deducing that equation we have neglected the effect of the

surrounding gas on the motion of the ions; this gas would act

like a resisting medium and would cause some ions to fall

together which would have escaped from each other's action if

their motion had not been retarded by the gas through which

they were moving. We should expect the effect of the gas

would be greater at high pressures than at low ones, so that a

would diminish with the pressure, a result shown very clearly in

Langevin's experiments. Since the value of a got on the sup-

position that the mass of the ion is equal to that of the molecule

is of the right order of magnitude, we infer that the mass of the

ion is not a large multiple of the mass of the molecule.

Let us now find the rate at which a charged molecule would

combine with an uncharged cme to form a compl(>x ion containing
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two molecules. In order to get numerical results we shall assume

that both the charged and uncharged molecules are conducting

spheres of radius a. If c, the distance between the centres of

the spheres, is a considerable multiple of a, then the work required

to separate the charged and uncharged spheres to an infinite

distance is approximately ^ —~ ; and if the particles are to remain

together this must be greater than the kinetic energy. We have

seen, however, that the kinetic energy of the two molecules, 7n.V'^,

at 0°C. is equal to - where r=r8 x 10""; hence for union to

take place c must be less than {^ a-'rp. If j) is the least distance

between the particles if they were to move along straight lines un-

disturbed by their mutual attractions p = c sin 6, where 6 is the

angle between c and the direction of relative motion of the two

particles. If all directions of relative motion are equally probable

the mean value of p = ^ (mean value of c). So that for combina-
4

tion to take place p must be < ^ (h a^r)K Let us denote

J (^ a^?-)* by pQ. Then if the charged and uncharged molecules
4

pursued their undeflected paths, the number of pairs consisting

of an uncharged and a charged particle for which p is less than

Po occurring in time St is -np^-VNU, where N is the number of

uncharged molecules per unit volume and V the relative velocity

of the charged and uncharged molecules. If we put a = 10""** cm.,

Po = -£ X 2*7 X 10"« approximately. The corresponding quantity

for a pair of oppositely charged ions is -r x 1'4 x 10""; thus the

factor TT/V in the number of combinations between the charged

and uncharged ion is about l/2'5 x 10^ of its value in the case of

two oppositely charged ions. The smallness of this fjictor when

one particle is uncharged is however far more than compensated by

the enormously greater number of molecules than of ions. Thus

it would be exceedingly strong ionisation if the ions were 1/10'-

of the molecules, hence the factor N for the case of the ion and

the uncharged molecule will at least be 10'^ times the factor for

the oppositely charged ions, so that the number of combinations

between a charged and uncharged molecule will in a given time
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be at least 5 x 10* the number of combinations between oppositely

charged ions ; hence at the very beginning of its career the

charged molecule will unite to form a more complex ion, so that

a charge will be carried during practically the whole of its existence

as a free charge by a complex ion.

21. Limit to the size of a gaseous ion. After the charged

molecule has increased in size by attracting another molecule, the

work required to drag an additional uncharged molecule away from

it, starting fi'om a given distance, will be less than the work required

to drag an uncharged molecule away from a single molecule.

The more complex the ion becomes, the less the work required

to drag an uncharged molecule away from it, and at a certain stage

of complexity the work required to drag an uncharged molecule

from an ion with which it is in contact is less than the kinetic

energy the system possesses in virtue of its temperature ; when
this stage is reached the ion will cease to attract fresh molecules.

The work required to separate an uncharged sphere of radius

a from a charged sphere of radius b, the spheres being infinitely

nearly in contact, is (see Maxwell's Electricity and Magnetism,

vol. L p. 275)

where 7=^-57712,

t(^0 = ^iogr(i-f^).

Tables by which we can calculate t/t {x) are given in De Morgan's

Differential and Integral Calculus, p. 587.

From these tables I find the following expressions for the

work w :

a = h. w=14 —

.

a

2a = b.

Sa = b.

1 e-
10 = .

40 a
1 e'

lob a

Now the process of aggregation will stop at the stage where

iu becomes less than the kinetic energy of the system whicli

we have seen at 0"" C. = - where ?- = 1-4 x 10~".
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Thus if a = 10~^ the work required to separate a molecule

from an ion whose radius is 2a is greater than e^/r, but the work

required to separate a molecule from an ion whose radius is 3a

is less than e-jr, hence in this case the radius of the ion cannot

exceed three times the radius of the molecule.

If tt= 10~^, the work required to separate a molecule from an

ion of radius 2a wull be less than e^jr, hence in this case the radius

of the ion cannot exceed twice the radius of the molecule, and

we see that the larger the molecule the smaller will be the ratio

of the size of the ion to the size of the molecule ; with very large

molecules it is probable that the ion and the molecule are identical.

The ions in different gases will thus not differ so much in size

as the molecules of the gases. Since the kinetic energy is greater

at a high temperature than a low one the process of aggregation

of molecules will stop at an earlier stage the higher the tem-

perature, so that the ions will be simpler at high temperatures

than at low ones.

22. The velocity of the negative ion in an electric field is greater

than that of the positive ; the investigation given above shows

that even though the negative ion starts as a corpuscle and has

in this stage of its existence a very high velocity, the duration

of this stage is so short compared with the life of an ion that

the high velocity of the corpuscle could hardly affect the average

velocity of the ion. Again, if this were the cause of the high

velocity of the negative ion as compared with that of the positive

the ratio of the velocities ought to depend upon the intensity

of the ionisation, for while the intensity of the ionisation does not

affect the duration of the corpuscular stage, it has a great effect

upon the life of an ion, the weaker the ionisation the longer the

life of the ion ; thus if the effect we are considering were the cause

of the excess of the velocity of the negative ion, the ratio of the

velocity of the negative ion to that of the positive ought to be

smaller when the ionisation is weak than when it is strong.

I am not aware that any such result has been observed. If

however the negative ions behaved like metals exposed to ultra-

violet light and rapidly lost their negative charge, which leaving

the ion as a corpuscle soon finds another home on a fresh molecule,

then the period during which the negative charge existed as a

corpuscle would be much longer than if the corpuscle remained
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permanently attached to the molecule with which it had first

combined, and the period of its corpuscular existence would be

proportional to the period during which it existed as an ion so

that the ratio of the velocity of the negative ion to that of the

positive would be independent of the intensity of the ionisation.

The fact that at very high temperatures the ratio of the velocity

of the negative ion to that of the positive is very much greater

than at 0° C. is in favour of some such view, for we shall see that

when the temperature is high, bodies, at any rate solid bodies,

give out corpuscles with great facility ; if this property is possessed

by the molecules of a gas as well as of a solid then we can easily

explain the great increase with temperature of the ratio of the

velocity of the negative to that of the positive ion. This view

would also explain the increase of this ratio when the pressure

is diminished, for if we diminish the pressure we increase the time

in the corpuscular state, since the number of molecules for the

corpuscle to strike against is diminished ; on the other hand there

does not seem much ground for supposing that when once a

corpuscle gets attached to a molecule, the period for which the

combination lasts should depend much, if at all, on the pressure

of the gas, it would do so if the corpuscle was detached from the

ion by the bombardment wdth other molecules, but there does not

appear to be any reason for supposing that this is the case, as

the phenomena attending the omission of corpuscles from hot

bodies seem to indicate that the rate of emission depends only upon

the temperature. We could test the truth of this view by an

experiment of the following kind : suppose we have a vessel

containing at the bottom a little carbonic acid gas, while the

upper part is filled with hydrogen, suppose now that we only

ionise the lower layer and by means of an electric field drive the

negative ion from the CO2 into the hydrogen, if the corpuscle

is continually changing its habitation, then in the hydrogen the

negative ion will behave like a hydrogen ion, while if the corpuscle

always remains attached to the same molecule the negative ion

will behave like a carbonic acid ion. If we measured the velocity

of the ion through the hydrogen we could decide which of these

statements represented the facts.



30 PROPERTIES OF A GAS [ll

Diffusion of Ions.

23. In addition to the loss of ions arising from the recombina-

tion of the positive and negative ions there will be a further

loss due to the diffusion of ions to the sides of the vessel.

Thus suppose the ionised gas is contained in a metal vessel, then

when the ions come in contact with the sides of the vessel their

charges are neutralised by the opposite charge induced on the

metal and they thus cease to act like ions : the layer of gas next

the sides of the vessel is thus denuded of ions, which exist in finite

numbers in the gas in the interior ; a gradient in the concentration

is thus established and the ions diffuse from the interior to the

boundary. The problem is closel}^ analogous to that of the absorp-

tion of water vapour in a vessel whose sides are wet with sulphuric

acid. We shall begin by considering the theory of a very simple

case, that of ionised gas contained between two parallel metal

plates at right angles to the axis of cc. Let n be the number of

positive ions per cubic centimetre, q the number of ions pro-

duced by the ionising agent per second in a cubic centimetre

of the gas, D the coefficient of diffusion of the positive ions

through the gas, m the number of negative ions per cubic centi-

metre, then we see that in consequence of diffusion the rate

of increase in the number of positive ions per cubic centimetre

is equal to D -^ : assuming that the surfaces of equal density of

the ions are planes at right angles to the axis of x. Thus taking

recombination and external ionisation into account as well as

diffusion we have
dn T^ d'-n
-j7 = Q+D^—,- anm,
dt dx-

and when things are in a steady state,

q + -U
-J--;,

— oinni = 0.

Let us consider the special case when the plates are so near

together that the loss of ions fit'om diffusion far exceeds that from

recombination, then we have

«+^S=° w-
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If we take the plane midway between the metal plates as

the plane cc = 0, and if I is the distance between the plates, then

the conditions to be satisfied by n are ?i = when x= ±1 ; the

solution of equation (1) with these conditions is

n = l^{l^'-oo') (2).

The total number of free positive ions between the plates is

equal to
•+/

n dx,

and this by equation (2) is equal to

We see from this result how we can measure D. For, if we

cut off the rays and apply a strong electric field between the

plates, we shall drive all the positive ions against the plate at the

lower potential, so that this plate will receive a charge of

2 (/

electricity equal to - yr Pe, where e is the charge on an ion : if

this plate is connected with an electrometer we can measure its

charge, which will be proportional to the deflection S, of the

electrometer. If the rays are kept on and the field is intense

enough to produce the saturation current, the charge received by

the plate in one second is equal to 2qle, hence if Sg is the deflec-

tion of the electrometer in one second in this case, we see that

an equation which enables us to determine D.

We have in this investigation neglected the efi'ect of recom-

bination ; it is necessary to find the condition that the plates should

be sufliciently close together to make this justifiable. An eas}^

way of doing this is as follows : the total number of ions on the

hypothesis that the only source of loss of ions is recombination is

equal to 21 yqja (see p. 16); the number on the assumption that

27.
the loss is entirely due to diffusion is as we have iust seen r: J'',

•^ •' 6 1)

hence if--~rZ" is small compared with 21 . / - the loss of ions from
S jU V a
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diffusion will be large compared with the loss by recombination,

and we shall be justified in neglecting the latter.

24. The coefficients of diffusion of the ions in air, oxygen,

hydrogen, and carbonic acid gas have been determined by Town-

send* by a different method; ionised air being sucked through

very narrow tubes and the loss of ions suffered in passing

through a known length of tubing determined. The theory of the

method is as follows : ionised gas is sent through a metal tube the

axis of which is taken as the axis of z, the gas moving parallel to

z and being free from the action of any ionising agent in its course

through the tube. Consider the state of things in a small volume

ABGDEFGH: this volume loses ions by diffusion, and gains

them by the gas entering the volume through the face ABCD

Fig. 6.

being richer in ions than that leaving it through the face

EFGH, when the gas is in a steady state the rates of loss and

gain of ions must be equal. If n is the number of ions per cubic

centimetre, D the coefficient of diffusion of the ions through the

gas, the rate of loss of ions from diffusion is equal to

fdrn d-n (Pn
~ Kdaf'^df'^d^-

If V is the velocity of the gas, the rate of gain of ions from the

second cause is equal to

or, since v does not depend upon z, to

dn— V
dz

Townsend, Phil. Trans. A, 193, p, 129, 1900.
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Hence equating the loss and the gain we get

Y)(d-n d~n d-n\ _ dn

\dx- dy- dz-J dz ^ ^'

In the experiments the term D -^^ was very small compared

with v~j-; - -j^ being of the order 1/20, v of the order 100 and
(XZ 71- CLZ

D about '03 so that vn was about 70,000 times D -,-
. Neglecting

D-j-^, and taking the case of a cylindrical tube of radius a sym-

metrical about the axis

d-n dhi d^n 1 dn

dx" dy'^ dr- r dr

'

where r is the distance of a point from the axis of the tube. Now
2V

V = —^ (a" — r"), where Vira^ is the volume of gas passing per

second through each cross-section of the tube ; substituting these

values in equation (1) and neglecting d-n/dz- we get

d'^71 Idn 2F, „ ^^dn .

*^ + r*--ip(«'-'">d. = (2).

The conditions to be satisfied by n are that /i = when r = a

for all values of z, and that if the ionised gas enters the tube at

z = 0, n = Vf) a constant, when z = 0, for all values of r.

ei)n"-z

To solve this equation put n = cf)€
^'' where

(f)
depends only

upon r and 6 is a constant to be subsequently determined ; substi-

tuting this value of ?? in equation (2) we get

S^ + ,-^ + ^(«=-'">* = o
dr- r d)

Put (/) - 1 + B,i- + B.^-' + B,r'' + ...,

and we get from (3)

4^1 + da' = 0,

l()B, + ea-B,-d = 0,

S6B, + da'B, - eB, = 0,

.(3).

thus the first three terms in are

3



34 PROPERTIES OF A GAS [n

We have to choose such values of 6 that ^ = when r = a; let

these values be 6-^, 6.^... and let ^i, c^a be the values of <^ when

these values of 6 are substituted in equation (4); then we may
write

e,Da^2 e^Da-z O^Da^z

n = c,<f>,6~
2F

^c,(li,e
2F

+c,(f),e
^^' + (5).

To find the values of Cj, C2, Cs ... we have the condition n = no

a constant when z — 0. Hence

h = Ci0i + C.2(j). + Cs(f>s + .(6).

Now from the differential equation (3) we can easily prove the

following relations :

(f)n(f>m («•' — ^'0 ^' <^^ = when n and m are different .-(T),

(f>n(a^ - f-) r dr = a
ddn dr

<f>n (a' - r-) r dr = - -7^-

'^r.

d4)n

dr

•(8),

.(9).

Multiplying both sides of equation (6) by 4>n{a' — r'')r and

integrating from r = to ?• = a we obtain by the aid of equations

(7), (8) and (9)

hence

n = - /?„

</>!

Cn = -

OiDa'^z

dd.

!r +

dd,,

4>2
e.Da^z

#2"

dt^o

^T^ + ... (10).

The number of ions which pass across the section of the tube

when ^ = is WoTra- V, the quantity which pass across a section of

the tube at a distance z from the origin is equal to

n—- (a- — r-)rdr,
. a

this by equations (7), (9) and (10) is equal to

'd±f
6,Da^z I -j;.

4nr Two
J J^

6,^

#1'

dr_

d4i

_de,_

d^i

0.,Da^-z

'V +...
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The two smallest roots of the equation (^ = were found by
Townsend to be ^ia-*=7'318 and ^oCt^ = 44-5(), corresponding to

these roots we have

dr

a'[_de.

•1321 ;
_^ '1^

= 0926;

1 ~d4;

_ dr _

1 'd(f).r^

a' _de,_

= -0302

;

= •0279.

Hence substituting these values we find that the ratio of the

number of ions which pass a cross-section of the tube at a distance

z from the origin to the number which pass through the tube at

the origin is equal to

4 {-19526 ^^'f" + -02436" ^"'f' + ..

If Ci is the saturation current through the gas after leaving a

tube of length l-^, c, that after leaving a tube of length I2, then

since the saturation currents are propoj-tional to the numbers of

ions given to the gas per second, we have

1952t
7:U.'iZ)?i _ 4£S(xD/,

7-3ViDl2
.(11).

-1952e ^«'f + -02436 -^"'v

Now Ci/Ca can be determined by experiment, and hence from

equation (11) the value of D can be determined. The method

used by Townsend to solve this equation was a graphical one

;

7-31 3i)/
putting y = Ci/co, x =—^"-rt^

'
, the curve representing the relation

(11) between y and .r was drawn by calculating a number of cor-

responding values : when this curve had been obtained the value

of 7-313DZi/2a^F corresponding to any value of Ci/c^ obtained by

experiment could be found, and hence D determined as I, a and F
are known.

The apparatus used to measure the value of cjc, is represented

in Fig. 7. A is a brass tube 50 cm. long, 3-2 cm. in diameter,

provided with an aluminium wandow^ W through which the

Rontgen rays which ionise the gas pass. C is another brass tube

17 cm. long fitting accurately into A and able to slide along it.

E is an electrode which is connected to a metal rod F passing

through an ebonite plug. A series of fine wires were soldered

parallel to one another and 2 nun. apart across thr vud of (he

3—2
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tube C. The gas entered the apparatus through the glass tube G
and then before reaching the electrode passed through the tubes T.

ftSJULM—

Fig. 7.

These were twelve tubes 10 cm. long and '3 cm. in diameter,

arranged at equal intervals and all at the same distance from

the axis of the tube A ; they were soldered into holes bored

into two brass discs a and /3 which fitted so closely into A that

gas could not pass between the disc and the tube. Another set

of twelve tubes only 1 cm. long and "3 cm. in diameter were fused

into another disc 7. The tube A was insulated by the two ebonite

rings R, R'. The potential of the tube was raised to 80 volts by

connecting it with one of the terminals of a battery of small storage

cells, the other terminal of which was connected with the earth.

The electrode E was connected with one pair of quadrants of an

electrometer, the other pair of quadrants being kept to earth.

A uniform and measurable stream of gas was supplied by a

gasometer, this gas was ionised by the Rcintgen rays as it

passed through the tube ; some of the ions were lost by diffusion to

the sides, all the positive ones which escaped were driven against

the electrode E; thus the charge on the electrometer measured

the number of positive ions which got through the tubes. By
charging the tube A up negatively, the negative ions could be

driven against the electrode, and the number of those which get
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through the tubes determined. After a series of measurements

had been made with the long tubes, these were replaced by the

short ones, and a similar series of measurements gone through.

These measurements, as was explained in the preceding theory,

give us the data for calculating the coefficient of diffusion of the

ions. For gases other than air, a somewhat different form of

apparatus was used, for a description of which we must refer to the

original paper.

The loss of ions even in the narrow tubes is not entirely due

to diffusion to the sides of the tube, a part, though only a small

part, of the loss will be due to the recombination of the ions. To
estimate how much was due to this effect, the small tubes T were

removed and the deflection of the electrometer observed when the

tube 6* was placed at different distances from the place where the

gas is ionised ; in a wide tube such as A the loss from diffusion to

the sides is negligible, and the smaller deflection of the electro-

meter when the electrode E is moved away from the place of

ionisation is due to the loss of ions by recombination. By making

measurements at different distances and knowing the velocity of

the gas we can measure in this way the amount of recombination

taking place in a given time and hence determine the value of a,

the constant of recombination. It was in this way that the values

of a. given on page 20 were determined. Knowing a it is easy to

calculate the loss of ions from recombination in their passage

through the narrow tubes, and then to apply a correction to the

observations so as to get the loss due to diffusion alone.

The following tables give the velocities of the coefficients of

diffusion on the C.G.s. system of units as deduced by Townsend

from his observations.

Table I. Coefficients of Diffusion in Dry Gases.

Gas D for + ions D for - ions
Mean value

of D
Ratio of D for

- to J9 for

+ ions

Air
Oxv^eti

028
•025

•023

•12:3

•043

•0396

•026

•190

0347
•0323

•0245

•156

r54
1-58

113
154

Carbonic acid ...

Hydrogen
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Table II. Coefficients of Diffusion in Moist Gases.

Gas D for + ions D for - ions
Mean value

ofl)
Ratio of D for

- to + ions

Air
Oxygen
Carbonic acid . .

.

Hydrogen

•032

•0288

•0245

•128

•035

•0358

•0255

•142

•0335

•0323

•025

•135

1-09

1-24

ro4
111

We see from these tables that the coeflficient of diffusion for

the negative ions is greater than that for the positive, the difference

being much more marked in dry than in damp gases. The superior

mobility of the negative ions was first observed by Zeleny*, who
measured by a method which we shall shortly describe the velocity

of the ions when placed in an electric field, and fomid that the

negative ions moved faster than the positive ones. The more

rapid diffusion of the negative ions explains why in certain cases

ionised gas, originally electrically neutral, acquires a charge of

positive electricity. Thus, for example, if such a gas is blown

through metal tubes, the gas emerging from the tubes will be

positively electrified, as in the passage through the tubes it has

lost more negative than positive ions. Zeleny {loc. cit.) has shown

that this effect does not occur with carbonic acid gas in which the

velocities of the two ions are very nearly equal. Some experi-

ments made by Rutherford f seem to show that in addition to the

effect produced by diffusion, there is a specific effect due to the

metal, as he found that the excess of positive over negative ions

was greater when the ionised gas passed through zinc tubes than

when it passed through copper. The difference in the rate of

diffusion of the positive and negative ions causes a certain amount

of electrical separation to take place when a gas is ionised ; as the

negative ions diffuse more rapidly than the positive ones, the

region where ionisation takes place will have an excess of positive

ions and be positively electrified, while in consequence of the

diffusion of the negative ions the surrounding regions will have an

excess of these ions and will therefore be negatively electrified.

* Zeleny, Phil. Mag. v. 46, p. 120, 1898.

t Rutherford, Phil. Mag. v. 43, p. 241, 1897.
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The results given in Tables I. and II. show that the excess of

the velocity of diffusion of the negative ions over that of the

positive is much greater when the gas is dry than when it is

moist ; the effect of moisture on the velocity of diffusion is very

remarkable, the results quoted in the table show that with the

exception of ions in carbonic acid (where there is but little differ-

ence between the velocities of diffusion of positive or negative ions

in either wet or dry gas) the effect of moisture is to produce a

very considerable diminution in the rate of diffusion of the negative

ions, while on the other hand it tends to increase the rate of dif-

fusion of the positive ions, though the change produced in the

positive ions is not in general as great as that produced in the

negative. We shall see later on that water vapour condenses

more readily on negative ions than on positive ones, so that it is

probable that the negative ions in a damp atmosphere get loaded

with moisture and so are retarded in their movements through the

surrounding gas.

The preceding experiments relate to ions produced by the

Rontgen rays. Townsend* subsequently applied the same method

to the determination of the coefficients of diffusion of ions pro-

duced by radio-active substances, by ultra-violet light and by

discharges from electrified needle points ; the results of these

experiments are shown in the following table.

Coefficients of Diffusion of Ions produced in Air by

different methods.

Method

Dry Air Moist Air

+ ions - ions + ions - ions

Eontgen rays
Radio-active substances . .

.

Ultra-violet light

Point Discharge

•028

•032

•0247

•0216

•043

•043

•043

•037

•032

•032

•036

•028

•027

•035

•041

•037

•039

•037

From these numbers we conclude that the ions produced by

Rontgen rays, by radio-active substances and by ultra-violet light

* Townsend, Phil. Trans. A, 195, p. 259, 1900.
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are identical, a conclusion which we shall find confirmed by several

other courses of reasoning.

Townsend* also investigated the coefficients of diffusion of ions

produced by radio-active substances at a series of pressures ranging

from 772 millimetres of mercury to 200 mm. and found that within

this range the coefficient of diffiision was inversely proportional to

the pressure ; the Kinetic Theory of Gases shows that this would

be true in a system where the diffusing systems do not change

character with the pressure ; as this result holds for ions we con-

clude that down to a pressure of at least 200 mm. the ions do not

change. We shall see that at very low pressures the negative ions

are very much smaller than at these high pressures.

25. It is of interest to compare the rates of diffusion of ions

through a gas with those of the molecules of one gas through

another. In the following table, taken from Winkelmann's Hand-

buch der Physik, vol. I. pp. 645, 647, the coefficients of diffusion

into each other for hydrogen, air, carbonic acid, and carbonic oxide,

and for some vapours are given ; it appears from the table that

the gases diff'use very much more quickly than the ions, but that

there are vapours whose coefficients of diffusion are of the same

order as those of the ions.

Gas
D

cm.2/sec.
Gas D

cm.^/sec.
Gas

D
cm.^/sec.

CO—CO2
air—CO2
O2—CO2
H2—CO2
air—O2

•13142

•13433

•13569

•53409
:

•17778
1

1

CO—O2
H2—O2
Hg—air

ether—H2
ether—air

•18717

•66550

•63405
•296

•0775

ether—CO2
isobutylic^ tt

amide \
"2

„ ^air
„ -CO2

•0552

•1724

•0426

•0305

If the ion consisted of a single molecule carrying a charge of

electricity we could find by the principles of the Kinetic Theory of

Gases the rate at which the ions would diffuse through a gas. The
coefficient of diffusion of D^o of a gas A through another gas B is

given by the equation

* Townsend, Phil. Trans. A, 195, p. 259, 1900.

t See 0. E. Meyer, Kinetische Tlieorie der Gase, 2nd Edition, -p. 2G1.
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where N^, N^ are the number of molecules per unit volume of A
and B, N= N^ + iV, ; fij, fl., the average velocities of the molecules

of A and B respectively, //, , L., the mean free paths of these mole-

cules through the mixed gases. In the case when one of the gases,

say A, consists of ions, iVj will be infinitesimal compared with N2;

putting iY] = we have

now if the ion is a single molecule, fl^ will be equal to the mean
velocity of the molecule of a gas, and if the charge does not affect

the length of the mean free path Xj will be the mean free path of

the molecules.

For hydrogen at atmospheric pressure and 0° C. X = 1'8 x 10 ~^,

O = r7xl0^ hence Djo would be 1*2: the actual value for the

positive ion is as we have seen 123.

For oxygen X = 1-02 x 10-^ H = "425 x 10^ hence I),, = 17 : the

value for the positive ion is •025.

For CO, X = -65 X 10-^ 11 = -361 x 10^ hence A-, = -0J)2: the

value for the positive ion is "023.

Thus in all these cases the value of Dj., is considerably greater

than the velocity of diffusion of the ions, hence we conclude that

one or both of the assumptions that the mass of the ion is the

same as the mass of a molecule, and that the charge does not

affect the free path must be erroneous. We shall return to this

point when we consider the velocity with which an ion moves in

an electric field.

The most probable ex})lanation of the slow diffusion of the

ions seems to be that the charged ion forms a nucleus round

which the molecules of the gas condense, just as dust collects round

a charged body, thus producing a complex system which diffuses

slowly : this explanation is supported by the fact discovei-ed by

M'^Clelland * that the coefficients of diffusion of the ions in the

flame gases depend very much on the temperature of the flame

and the distance of the ions from it; a comparatively small

lowering of temperatiire producing a groat diminution in the rate

* M'-Clelland, Camh. Phil. Soc. Proc. x. p. 241, 189'.).
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of diffusion of the ions, as if precipitation had occurred upon

them. The view is also supported by the ability of the ions to

act as nuclei for the precipitation of water vapour. It must be

remembered also that an ion differs from an ordinary molecule in

being charged with electricity and thus being surrounded by a

strong electric field.

Rutherford* has recently shown that the vapour of alcohol or

ether, like that of water, produces a great diminution in the

mobility of the negative ion.

Velocity of the Ions in cm Electric Field.

26. The coefficient of diffusion of the ions through a gas is

directly proportional to the speed with which the ions travel

through the gas under the action of an electric field of given

strength. The connection between this speed and the coefficient

of diffusion can be established as follows. From the definition of

the coefficient of diffusion D it follows that if n is the number of

ions per cubic centimetre, the number of ions which in unit

time cross unit area of a plane at right angles to x is equal to

D -J- . We may thus regard the ions as moving parallel to the
CLOO

axis of ii' with the average velocity -D^. The ions being in

the gaseous state will produce a partial pressure p which when

the temperature is constant is proportional to the number of ions,

we see therefore that the average velocity of the ions parallel

to X is equal to - D -~
. Now dp/dx is the force acting parallel

to the axis of x on unit volume of the gas, we may thus interpret

the preceding expression as meaning that when the force acting

parallel to the axis of x on the ions in unit volume is unity, the

ions move parallel to the axis of x with a mean velocity of transla-

tion equal to D/'p. Suppose now that the ions are placed in an

electric field when the electric intensity parallel to the axis of x

is equal to X, then the force on the ions in unit volume is equal

* Rutherford, Phil. Mug. vi. 2, p. 210, 1901.



25-27] WHEN IN THE CONDUCTING STATE. 43

to Xen, hence if u is the average velocity of translation of the

ions parallel to the axis of x

u = A en — .

P
Now n/p is the same for all gases at the same temperature,

hence if N is the number of molecules of air in a c.c. at this

temperature and at the atmospheric pressure 11, since vlp = NjU,

we have

u = XeD ==jr

,

or Vq the velocity of the ions in a field of unit intensity is given

by the equation

Ne
nMo = D

Thus U(^ is directly proportional to D, so that a knowledge of

one of these quantities enables us at once to calculate the other.

27. Measurements of the velocity of the ions under an

electric field were made some time before those of the coefticients

of diffusion. The earliest vsystematic measurements of the velocity

of the ions in an electric field were made in the Cavendish

Laboratorj' in 1897 by Rutherford*. Two different methods were

used in these experiments. The first method is as follows

:

suppose that the current is passing through ionised gas between

two parallel plates A and B ; then if there are n positive ions and

n negative ions in each cubic centimetre of the gas and u^ , u., are

respectively the velocities of the positive and negative ions, the

current i passing through each unit area of cross-section between

the plates is given by the equation

i = n (i(i + u.,) e,

where e is the charge on an ion. Now i can easily be measured if

one of the plates A is connected to one pair of quadrants of an

electrometer, the other pair of which is connected to earth, and

if the other plate B is connected to one terminal of a batter}^ of

known electromotive force, the other terminal of which is to

earth. For if the quadrants are at first connected together and

then disconnected, i will be the charge communicated in one

second to the plate connected with the electrometer.

* liutherford, Phil. Ma,j. v. 44, p. 422, 1897.



44 PROPERTIES OF A GAS [ll

The value of ne can be determined in the following way :

after the gas has been exposed to the ionising agent, say

Rontgen rays, sufficiently long for it to get into a steady

state, the rays are suddenly cut off, and simultaneously with

the extinction of the rays a large electromotive force is suddenly

switched on between the plates ; then if B is the positive plate all

the positive ions between the plates are driven against the plate

A before they have time to recombine with the negative ions, and

thus A receives a positive charge equal to that on the whole of

the positive ions between the plates, i.e. each unit area of A
receives a charge of positive electricity equal to 7ile, where I is the

distance between the plates. This charge can be measured by the

electrometer ; let it equal q ; then since i = n {u^ + u.2) e, we have

'=^"'
(1).

a relation which enables us to determine Ui-\-Ui. Now let E be

the potential difference between the plates when the current is i.

Then u^ + u^ is the sum of the velocities of the ions when the

electric intensity is Ejl ; hence, since as we shall see the velocity

of an ion is proportional to the electric intensity, the sum of the

velocities of the positive and negative ions when the electric

intensity is unity is {ui + u.^ IjE, or IH/Eq. For this method to

give accurate results, the ionisation and the electric field must be

uniform between the plates ; this condition requires, as the investi-

gation in Chapter III. shows, that the current should be so small

that the conduction is in the stage represented by the first

part of the curve. Fig. 4, when the curve is straight and the

current is proportional to the electric intensity. Again, when the

ionisation is produced by Rontgen rays or the rays from a radio-

active substance, the rays should be arranged so that they pass

tangentially between the plates and do not strike against them
;

the reason for this precaution is that when the rays strike against

a metallic surface, there is an abnormally great ionisation of the

gas close to the surface of the plates and the ionisation between

the plates is not uniform.

The values for the sum of the velocities of the positive and

negative ions under a potential gradient of one volt per centimetre

obtained by Rutherford by this method are given in the following

table.
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Gas •

Sum of velocities

of + and - ions
Gas Sum of velocities

of + and - ions

Hydrogen
Oxygen
Nitrogen

10 cm./sec.
2-8 cm./sec.
3"2 cm./sec.
3'2 cm./sec.

Carbonic acid

Sulphur dioxide...

Chlorine

2" 15 cm./sec.
99 cm./sec.

2 cm. /sec.

2-55 cm./sec.Air Hydrochloric acid

In these experiments the gases were not specially dried.

28. The method in this form can only be used when there is

a considerable volume of gas between the plates and when the

ionisation is large, in other cases the deflection of the electrometer

obtained when the large electromotive force is applied between the

plates is so small that accurate determinations of q are not possible
;

thus if the distance between the plates is 3'2 cm. we see from

equation (1) that the deflection of the electrometer, when the

large electromotive force is applied, is only that produced in one

second by the steady leak caused by a potential difference of 3"2

volts between the plates ; this with a fairly sensitive electrometer

and not very weak ionisation, would often not exceed 2 or 3 scale

divisions, while the percentage error with such small deflections

would be very large. I have used a modification of this method

Earth

Earth

EJectromete

Earth

which is not subject to these disadvantages. The arrangement

is represented diagrammatically in Fig. 8. C is the plate con-
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nected with the electrometer ; it is provided with a guard ring so

as to avoid difficulties connected with irregularities in the electric

field : this plate is placed between two parallel plates A and B
and the whole region between A and B is exposed to the ionising

agent. The plates are adjusted so that the rate of leak to the

plate C, when A is charged to a potential V and B connected

with earth, is the same as that to C, when B is charged to the

potential V and A is connected with earth.

A is connected to a point ^ in a high resistance GH which is

traversed by the current from the voltaic cell F, H is connected

with earth, and by moving the point of attachment E the plate A
can be raised to any potential from zero up to the electromotive

force of the battery ; if G^ is the positive pole of the battery

positive electricity will flow into the plate C (this plate is initially

connected with earth). B is connected with the earth through a

large resistance R, the point S is touched at regular intervals by

a rotating brush which comiects it for a very short time with the

negative terminal of a large battery of small storage cells the

other terminal of which is to earth. The contact lasts long

enough for the electric field to drive all the negative ions between

B and C on to the plate G, but not long enough for any appre-

ciable quantity of fresh ions to be produced while the field is on.

The plate C is thus receiving positive ions from one side and

negative from the other, and by moving the point E about we can

make the positive charge balance the negative so that there is no

deflection of the electrometer. When this is the case we can

easily prove by the same reasoning as before that n^ + v-^, the sum

of the velocities of the positive and negative ions when the

potential difference between the plates A and G is equal to that

between E and H, is equal to ml, where I is the distance between

the plates B and G, and m is the number of contacts per second

made by the rotating brush with S. As in this case the experi-

ment may be made to last while a large number of contacts occur,

the method is much more sensitive than when only one contact is

made.

To prevent the potential of G changing appreciably in the

interval between the contacts, G is connected with one of the

plates of a parallel plate condenser of large capacity. When the

final test is made as to whether G has or has not received a charge
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the plates of the condenser are pulled apart so as to diminish its

capacity and thus increase the deflection of the electrometer due

to any charge that might be on the plate G. Care must be taken

to allow sufficient time to elapse between successive contacts at S

to permit of the gas getting into a steady state before the next

contact is made. When the ionisation is very weak it may

require an interval of several seconds for this condition to be

fulfilled.

29. Another method used by Rutherford* is represented in

Fig. 9. Two large metal plates A and B were })laced parallel to

L

Lever

M

' /

J^ c

^ 7~o Battery

/\
of cells

^ t P

-€>-

J

Fig. 9.

one another and 10 cm. apart on the insulating blocks G and D.

The Rontgen rays were arranged so as to pass through only one

half of the gas included between the plates, thus no direct radia-

tion reached the air to the left of the line EF which is half-way

between the plates. The plate A was connected with one terminal of

a battery ofa large number of small storage cells giving a potential

difference of 220 volts, the other terminal of the battery being con-

nected with the earth. The plate B was connected through a contact

lever LM, mounted on an insulating block, to one pair of quadrants

of an electrometer, the other pair being connected with the earth.

lluthevford, VhU. Man. v. 14, p. 422, 18U7.
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A pendulum interrupter was ari'anged so as first to make the current

in the primary of the induction coil used to produce the rays,

then after a known interval to break the electrometer circuit by

knocking away the lever LM, and then to break the battery circuit

shortly afterwards. iV^ is a condenser connected to the electrometer

to increase its capacity. With this arrangement the ions have to

travel over a distance of 8 cm. before they reach the plate B, and

the object of the experiment was to find the time occupied by the

rays in passing over this distance. It was found that there was

only a very small deflection of the electrometer when the interval

between putting on the rays and breaking the electrometer circuit

was less than '36 sec, but when the interval exceeded this value

the deflection of the electrometer increased rapidly. Thus '36 sec.

was taken as the time required for the ions to pass over a distance

of 8 cm. under a potential gradient of 220/16 volts per centimetre.

This corresponds to a velocity 1"6 cm./sec. for the gradient of a

volt per centimetre, and no difference was detected between the

velocities of the positive and negative ions. This makes the sum

of the velocities of the positive and negative ions in air under a

potential gradient of a volt a centimetre equal to 3'9 cm./sec,

which is exactly the velocity found by Rutherford using the first

method.

30. The difference between the velocities of the positive and

negative ions was discovered by Zeleny*, who has made very

valuable determinations of the velocities of the ions in an electric

field. The method by which he discovered the difference of the

velocities was by finding the electric force required to force an ion

against a stream of gas moving with a known velocity parallel

to the lines of electric force. Thus suppose A and B, Fig. 10,

represent two parallel plates made of wire gauze and that between

these plates we have a stratum of ionised gas, let the gas be

moving through the plates from AtoB with the velocity V, and let

the potential gradient between the plates be n volts per centimetre,

B being the positive plate. Then if the velocity of the positive ion

under a potential gradient of 1 volt per centimetre be u, the velo-

city of the positive ion in the direction from B to A iq nu—V and

this is proportional to the number of ions giving up their charges

* Zeleny, Pliil. Mag. v. 46, p. 120, 1898.
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to A in unit time. Suppose now that we make B the negative

plate, then if the potential gradient between the plates is n' volts

V »-

^—>

^

Fig. 10.

per centimetre and the velocity of the negative ion under a

potential gradient of 1 volt per centimetre is v, the velocity of the

negative ion from 5 to ^ is n'v — V, and this is proportional

to the number of negative ions giving up their charges to A
in unit time. If we adjust the potential gradients so that the

rate at which A receives a positive charge when B is positive is

equal to the rate at which it receives a negative charge when B is

negative, we have
nu— V= n'v— V,

or

Thus from the measurement of the potential gradients we can

determine the ratio u : v.

The apparatus used by Zeleny for carrying out this method is

shown in Fig. 11. P and Q are brass plates 9 centimetres square.

They are bored through their centres, and to the openings thus

made the tubes R and S are attached, the space between the

l)lates being covered in so as to form a closed box ; K is a ])ioce of

wire-gauze completely filling the opening in the plate Q ; T is an

T. G. 4
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insulated piece of wire-gauze nearly but not quite filling the open-

ing in the plate P and connected with one pair of quadrants of an

Fiff. 11.

electrometer E. A plug of glass-wool G filters out the dust from

a stream of gas which enters the vessel by the tube D and leaves

it by F; this plug has also the effect of making the velocity of

flow of the gas uniform across the section of the tube. The
Rontgen rays to ionise the gas are produced by a bulb at 0, the

bulb and coil being in a lead-covered box fitted with an aluminium

window through which the rays passed. Q is connected with one

pole of a battery of cells, and P and the other pole of the battery

connected with earth. When the rays are entering PQ and the

ions are travelling in opposite directions in the box the charges

they give to P, Q and K are conducted to earth, while those they

give to T gradually change its potential at an approximately

uniform rate, as long as this potential is small compared with that

of Q. When the distribution of free charges in the gas has

assumed a steady state all the changes in the potential of T are

due to the charges given up by the ions striking against it.

The nature of the readings obtained with this apparatus are

indicated by the curves shown in Fig. 12, where the ordinates

represent the deflection of the electrometer in a given time and

the abscissae the potential difference in volts between the plates

P and Q. Curve I. is for the case when the negative ions, Curve

II. when the positive ions, are driven against the plate. It will

be seen that after a point about B the curves are for some distance
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straight lines, but that there is a curved portion to the left of B, in-

dicating that some ions are delivered up to the gauze under smaller
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voltages than we should expect. This may possibly be explained

by irregularities in the air blast, the deflections corresponding to

the part of the curve about A arriving in the lulls of the blast. One
way of treating the observations would be to produce the straight

portion of the curves until they cut the horizontal axis ; in the

figure this would happen for Curve I. at about 50 volts and for

Curve 11. at about 60 ; we might then take 50 volts as the

potential difference between the plates which would give to the

negative ions a velocity equal to that of the blast, while 60 volts

would be required to give the same velocity to the positive ions,

so that under fields of equal strength the velocity of the negative

ion would be to that of the positive as 6 to 5. The method actually

adopted was different ; the curves were regarded as merely a

preliminary part of the experiment indicating about the values of

the potential differences to employ in the final observations. Thus

from the curves in Fig. 12 it is clear that to get the same deflec-

tion with the positive ions, as is got with the negative ions iox a

potential difference of 60 volts, would require a potential difference

of between 72 and 74 volts; a careful series of measurements with

differences of potential between these values is taken and the true

4—2
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value of the potential difference found by interpolation. When
this value, suppose for example 73'2, had been found, the ratio

of the velocities of the negative to the positive ions was taken

as 73-2 : 60.

The potential gradient between the plates was found to be not

quite uniform owing to the accumulation of ions between the

plates. The actual potential gradient was measured and a correc-

tion applied for the want of uniformity, this correction amounted to

about 2 per cent. The results obtained by Zeleny are given in

the following table.

Ratio of Velocities of Ions.

Gas
Velocity of negative ion

Velocity of positive iou

Air
Oxyffeii

1-24

1-24

1-23

1-14

115
1-00

1-045

0-985

1-105

Nitrogen
Hydrogen
Coal ga.s

Carbon dioxide

Ammonia
Acetylene
Nitrogen monoxide ...

Thus acetylene is the only gas in which the velocity of the

negative ion is less than that of the positive, and here the differ-

ence is so small that it is within the limits of error of the experi-

ment. The gases in this experiment were not specially dried

;

we have seen that moisture has a great effect in reducing the

velocity of the negative ion.

31. In some later experiments Zeleny* has determined the

absolute values of the velocity of both the positive and negative

ions. The method he employed was a blast method, though in

these experiments the blast was at right angles to the lines of

electric force instead of along them. A method similar to the

one just described was tried for a considerable time (it is evident

that if we know the velocity of the blast and the points where

* Zeleny, Phil. Trans. A, 195, p. 193, 1900.
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the straight portions of the Curves I. and II. cut the horizontal

axis we can deduce the velocity of both the positive and negative

ions), but it had to be abandoned owing to the disturbance in the

distribution of the velocity of the blast caused by the wire-gauze

which in this method has to be used for the electrodes.

The theory of the method finally used is as follows. A stream

of gas floAvs between two concentric metal cylinders which are

kept at different potentials, the gas at one place is traversed by

a beam of Rontgen rays at right angles to the axis of the cylinder

;

the ions thus produced are carried by the stream of gas parallel

to the axis of the cylinder, while a velocity at right angles to this

axis is imparted to them by the electric field. Let CC, Fig. 13,

represent a section of the outer cylinder, DB that of the inner one,

d
\uniiinniniimniiiiiniiiiur llllllilinimhlli}iniiiini}})niiijnn

K pnrcmnnimn D

Fig. 13.

dbmn the beam of Rontgen rays ionising the gas. If CC is at

a higher potential than DB, then a positive ion starting from

d will move along a curved path between the cylinder, finally

reaching the inner cylinder at a point K whose horizontal distance

from d is one of the quantities measured in these experiments.

This distance, X, can easily be expressed in terms of the velocity of

the ion under unit electric force. For let h and a be respectively

the radii of the outer and inner cylinders, A the potential difference

between the cylinders, then the radial electric force R at a distance

r from the common axis of the cylinder is given by the ecjuation

AR =
r loge (bja)
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thus if V is the velocity of the ions under unit electric force, then

on the assumption that the velocity is proportional to the electric

force we have, if V is the radial velocity of the ion at a distance

r from the axis of the cylinders,

AvV=
r]og,(b/a)'

If u is the velocity of the gas parallel to the axis of the cylinders,

which we shall take as the axis of x, the differential equation to

the path of the ion is

dx _ u

loge {hja) ur
_

^ Av '

hence X the horizontal distance from d at which the ion strikes

the inner cylinder is given by the equation

xJ-.E^\\,rdr.
Av Ja

[^ ....
Now 27r urdr is the volume of gas which passes m unit time

.' a

between the cylinders. We shall denote this quantity, which is

easily measured, by Q, then we have

\ogAb/a)QX =

or

27rAv '

loge(&MQ
2'7rAX

.(]).

Thus if we know X we can easily determine v. The time T
taken by the ion to pass from one cylinder to the other is given

by the equation

'' dr _\ogAb/a) f^

„T- Av J/'''
T =

Jog^b/a)
2Av ^

^

{¥-a')X
= TT

Q
.(2).

These equations apply to ions starting from the inner surface

of the outer cylinder. In practice the production of ions is not
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confined to the surface of the cylinder but extends throughout

a layer db reaching from one cylinder to the other. The ions

which start from a point in db, nearer to the surface of the inner

cylinder than d, will evidently not be carried so far down the tube

by the stream as an ion starting from d. Thus the preceding

equations give us the position of the furthest point down the inner

cylinder which is reached by the ions. In order to determine this

point the inner cylinder is divided at K into two parts insulated

from each other, the part D to the left being connected with the

earth, while the part B to the right is connected with one pair of

quadrants of an electrometer. If a constant stream of gas is sent

between the cylinders, then when the potential of CC is above

a certain value, all the ions from the volume dd which move

inwards will reach DB to the left of K and will not affect the

electrometer. By gradually diminishing the potential of CC we

reach a value such that the ions starting from the outer edge of

d reach I)B just to the left of K ; when this stage is reached the

electrometer begins to be deflected. If then in equation (1) we

put for A the difference of potential corresponding to this stage

and for A'' the horizontal distance of K from d, we shall be able

to deduce the value of v.

Corrections. In consequence of the diffusion of the ions, all

the ions starting from d will not follow exactly the line dK, and some

of the ions will be found to the right of the line. The consequence

of this is that the electrometer will begin to be deflected even when

the potential difference A is theoretically sufficient to bring all

the ions to the left of K ; thus the observed potential difference

when the deflections begin is slightly too large, and therefore the

values of v determined by equation (1) are a little too small.

Similar effects to those due to diffusion will be produced by the

mutual repulsion of the ions. It is evident that the magnitude of

these effects will depend upon the time it takes the ion to travel

between the cylinders ; if this time were zero, neither diffusion

nor repulsion would have time to produce any effect ; thus the

longer the time taken by the ions to travel between the cylinders,

the smaller would be the value of v as determined by this method.

The time T, as we see from equation (2), depends upon the velocity

of the air blast and the strength of the field ; by altering these

quantities it is possible to determine the values of v for a con-
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siderable range of values of T; the values so found decrease, as was
to be expected, slightly as T increases, the relation between v and

T being found by experiment to be a linear one. Curves in which

the ordinates were the ionic velocities and the abscissae the time

T were drawn, and the curve (which was found to be a straight

line) prolonged until it cut the line T^O; the corresponding value

of V was taken as the ionic velocity. An example of such curves

is given in Fig, 14, the o's and x's are the points determined by
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actual experiments. The points at which the lines intersect

the line T=0 give 1"48 cm./sec. for the velocity of the negative

ion and 1"34 for the velocity of the positive, when the potential

gradient is one volt per cm.

Smaller corrections have to be applied for the disturbance in

the electric field produced by the presence of an excess of ions of

one sign over those of the other in different parts of the field. It

was proved by direct experiment that the effects due to surface

ionisation were not appreciable.

The apparatus used to carry out this method is represented in

section in Fig. 15. AA' was the outer cylinder; it had an internal

diameter of 5'1 cm. and a total length of 142 cm. The parts to the

right of y and to the left of V were made of brass tubing ; the

part betweenW was aluminium tubing of the same diameter

;

this piece was inserted so as to permit the Rontgen rays to pass

through. The tubes were fastened together by air-tight joints and

placed on insulating supports.

The inner cylinder BB' was an aluminium tube ; in one set of

experiments it was 1 cm. in diameter, in another it was 2'8 cm.

;
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the ends of this tube were closed by conical pieces. The tube

was divided at C and the two portions separated by '5 mm. and

FiK. 15.

insulated by ebonite plugs. The tube was supported by the

ebonite rod Q and by the stiff brass wires Y and 1^' which passed

through ebonite plugs in the outer cylinder, and served to connect

B' with the earth, and B with one pair of quadrants of the electro-

meter. The electrometer was a very sensitive one, giving a

deflection of 500 scale divisions for a potential difference of one

volt. The narrow vertical beam of rays was adjusted and kept

definite by the slits in the lead plates S, HH' and LIJ. A con-

stant and measurable supply of gas was sent through tlie tube by

a gasometer. Experiments were made with gases carefully dried

and with gases saturated with water vapour. Two series of ex-

periments were made, one with an inner tube 1 cm. in diameter,

the other with an inner tube 2-8 cm. in diameter ; the results

obtained in the one series agreed very well with those obtained in

the other.

The values of the ionic velocities obtained by this method are

given in the following table ; they have been reduced to the

uniform pressure of 760 mm. of mercury on the assum})lion (see

p. 64) that the ionic velocity under a given potential gradient is

inversely pro])ortional to the pressure.
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Ionic Velocities.

Gas

Velocities in

under a potei

of cue vo

Positive ions

cm. per sec.

itial gradient

t per cm.

Negative ious

Ratio of

velocities of

negative and
positive ions

Tempera-
ture

degrees

centigrade

Air dry 1-36

1-37

1-36

1-29

•76

•82

6-70

5^30

1-87

1^51

1-80

1^52

•81

•75

7-95

5-60

1-375

1-10

1-32

1^18

ro7
•915

1^19

1-05

13^5

14
17

16
17-5

17

20

20

Air moist
Oxvfifen dry
Oxygen moist
Carbonic acid dry . .

.

Carbonic acid moist

Hydrogen dry
Hydrogen moist ...

The intensity of ionisation was altered by causing the Rontgen

rays to pass through aluminium plates of different thicknesses, the

ionic velocities were found to be independent of the intensity of

the rays.

The results obtained by Zeleny agree well with those ob-

tained for the sum of the velocities by Rutherford (see page

45) for air, oxygen, and hydrogen, allowing for the uncertainty

as to the amount of moisture in the gases used by Rutherford

;

for carbonic acid however there is considerable discrepancy, as

2"15 cm./sec, the value of the sum of the velocities obtained by

Rutherford, is nearly 40 per cent, greater than the value 1'57

obtained by Zeleny, and as Zeleny found that this sum was the

same whether the gases were dry or moist the discrepancy cannot

be explained as due to the excess or defect of moisture in Ruther-

ford's gases.

Method of determining the velocity by measuring the number

of ions sent by a radial electric field to the sides of a tube (f

given length when traversed by a current of gas.

32, The principle of this method,which has been used by Ruther-

ford* to measure the velocities of the ions produced by uranium

radiation, is as follows. Suppose that ionised air is blown through

a tube along the axis of which there is a wire charged positively,

Rutherford, Phil. Mag. v. 47, p. 109, 1899.
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the electric field around the wire will drag the negative ions into

the wire and thus rob the gas of a certain proportion of these ions

;

the number of these ions thus abstracted from the gas will depend

upon the relation between the velocity of an ion in the electric

field and the velocity of the air blast ; if the ionic velocity were

infinitely greater than the velocity of the blast, all the ions would

be abstracted, while if the velocity of the blast were infinitely

greater than the ionic velocity, they would all escape.

We see from equation (2), page 54, that t, the time taken

by an ion to reach the wire, is given by the expression

'=2A^J°S-a *'>•

where r is the distance from the axis of the tube of the point from

which the ion starts, b the internal radius of the tube, a the ex-

ternal radius of the wire, A the difference of potential between the

wire and the tube (the wire being at the higher potential), and 1(2

the velocity of the negative ion under unit electric force. If in

equation (1) we put t equal to the time taken by the air blast to

pass ft'om one end of the tube to the other, we see that all the ions

whose distance from the axis of the tube is less than the value of

r given by equation (1) will be dragged into the wire ; hence if p is

the ratio of the number of ions dragged from the gas to the whole

number of ions, we have, assuming that the ions are uniformly dis-

tributed over the cross-section of the tube,

r - a- 2A lid

^ b-- a- (6- - a-) log, (b/a)
'

or V - P (^' - «') H^ (b/a ) . 9^"""^ "^~
2At

^*'^-

The arrangement used by Rutherford is represented in Fig. 16.

A paper tube coated with uranium oxide was fitted into a

metal tube T 4 cm. in diameter. A blast of air from a gasometer,

after passing through a plug of cotton-wool G to remove the dust,

passed through a long metal tube AB connected with the earth
;

into this tube cylindrical electrodes A and B were fastened by

insulating supports so as to be coaxial with the tube. The elec-

trode A was charged up by a battery, and the electrode B was

connected with one j)air of quadrants of an electrouR'tei'. If Ji
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were charged initially to a potential of the same sign as A
(suppose positive) large enough to saturate the gas, then the rate

A 1 L bJ

eartA

Fig. 16.

of leak of the electrometer when the air blast was passing would

measure the number of negative ions which escaped being dragged

into the electrode A ; by comparing the rate of leak when the

electrode A is not charged, with the rate when it is charged to a

known potential, we can determine the value of p in equation (2).

Rutherford did not use this arrangement to measure directly the

velocity of the ions produced by the uranium radiation, but proved

by means of it that the velocities of these ions were the same as

those of the ions produced by Rontgen rays. For this purpose,

after measurements of p had been made with the uranium cylinder

in place, this cylinder was removed and replaced by an aluminium

one exposed to Rontgen rays, the strength of these rays being

adjusted so that the amounts of ionisation in the two cases were

approximately equeil ; measurements of p were then made with

the Rontgen rays on and were found to be identical with those

obtained when the ionisation was produced by uranium radiation,

thus proving that the ionic velocities are the same in the two

cases.

33. A method which is the same in principle as this was

first used by M'^Clelland to measure the velocities of the ions

produced by flames*, and by arcs and incandescent wiresf : the

results of these experiments showed that the velocity of the ions

diminishes very greatly when they get into the cooler parts of the

flame, suggesting that there is a rapid condensation round the

ions of some of the products of combustion in the flame. The

* M-'Clelland, Phil Mag. v. 46, p. 29, 1898.

t M<--Clelland, Proc. Camh. Phil. Sue. x. p. 241, 1899.
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diminution of velocity is clearly shown in the following table given

by M-^Clelland.

Distance of point where
velocity was measured

from the flame

Temperature at this point
Velocity of ion under
a force of one volt

per centimetre

5*5 cm.
10 cm.
14"5 cm.

230° C.
160° C.

105° C.

•23 cm. /sec.

•21 cm., sec.

•04 cm. /sec.

These velocities are all of them small compared with the

velocities of the ions produced by Rontgen rays or by radio-active

substances. In the case of the ions from flames as in other cases

the negative ions move faster than the positive. M'^'Clelland

applied the same method to the determination of the velocities

of the ions produced by arcs or incandescent wires ; he found in

these cases the same variability in the velocity as he had pre-

viously observed in the ions from flames ; in the case of the arcs

and wires, however, he found that the hotter the flame or wire the

smaller the velocity of the ion. We shall return to the considera-

tion of these phenomena when we discuss the electrical properties

of flames and arcs.

Determination of the ionic velocities hi/ means of an alternating

electric field.

34. This method, which however can only be applied when

the ionisation is confined to a thin layer of gas, and when

moreover all the ions are of one sign, is a very convenient and

accurate one. It was used by Rutherford* to determine the

velocity of the negative ions which are produced close to a

metallic plate when that plate is illuminated by ultra-violet light.

The principle of the method is as follows. AB (Fig. 17) is a

horizontal plate made of well-polished zinc, which can be moved

vertically up and down by means of a screw ; it is carefully insulated,

and is connected with one pair of quadrants of an electrometer,

the other pair are connected with the earth. CD is a base plate

with a hole EF cut in it ; this hole is covered in with fine wire-

* Kutherford, Froc. Camb. Phil. Soc. ix. p. 101, 1S'J8.
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gauze, ultra-violet light from the source S passes through the

quartz plates Q, ,
Q.,and this gauze, and falls on the plate AB. CD

j^

is connected ^vith an alternating current dynamo or any other

meaDS of producing an alternating difference of potential

proportional to a simple harmonic function of the time ; the other

pole of this instrument is put to earth. Suppose now that at any

instant the potential of CD is higher than that oi AB; the

negative ions at AB will be attracted towards CD, and will

continue to move towards it as long as the potential of CD is

higher than that of AB. If however the potential difference

between CD and AB changes sign before the negative ions reach

CD these ions will be driven back to AB, and this plate will not

lose an}^ negative charge. AB will thus not begin to lose negative

electricity until the distance between the plates AB and CD is

less than the distance passed over by the negative ion during the

time the potential of CD is greater than that of AB. The

distance between the plates is altered until ^45 just begins to lose

a negative charge, then if we know this distance and the frequency
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and maximum value of the potential difference we can deduce

the ionic velocity of the negative ion. For let the potential

difference between CD and AB ^t the time t be equal to a sin pt,

then if d is equal to the distance between these plates, the electric

force is equal to {ajd) sin pt, and if w is the velocity of the ion

under unit electric force, the velocity of the negative ion in this

field will be
u (a/d) sin pt;

hence if ^^• is the distance of the ion from the plate AB at the time

t we have
dx ua .

or

dt d

ua
cc =

-J-
{1 — cos pt),

if a- = when ^ = 0.

Thus the greatest distance the ion can get from the plate AB
is equal to 2ua/pd. If the distance between the plates is

gradually reduced, the plate AB will begin to lose a negative

charge when
'Zua

pd '

pd'"

Hence if we measure ^), a and d we can determine u.

In this way Rutherford found the following values for the

velocities, under a potential gradient of 1 volt per cm. of the

negative ions produced by the incidence of ultra-violet light on

a zinc plate, in dry gases at atmospheric pressure.

Gas Ionic velocity

Air
Hydrogen
Carbonic acid...

1-4 cm./sec.

3'9 cm./sec.
•78 cm./sec.

These values differ but little from those obtained when the

ionisation was produced by Rontgen rays.

Rutherford found that the velocity of the ions was inde})endent

of the metal of which the plate AB was made; and ho proved by

this method that the velocities of the ions under ;i -^.onstanb
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potential gradient vary inversely as the pressure, at any rate

down to pressures of 34 mm. of mercury which was the lowest

pressure at which he worked.

Langevins method of measuring the velocities of the ions.

35. Langevin * has devised a method of measuring the velocities

of the ions which has the advantage of not requiring the use of

a uniform source of Rontgen rays. The theory of the method is

as follows. Suppose that we ionise, say by Rontgen rays, the gas

between two parallel plates A and B, then stop the rays and apply

a uniform electric field to the region between the plates. If the

force on the positive ion is from A to B the plate B will receive

a charge of positive electricity. After the field has been on in one

direction for a time T, reverse it, B will now begin to receive

negative electricity, and if the force is not reversed again will

continue to do so until the ions are exhausted. If n is the

number of ions of one sign per unit volume between the plates

when the rays are cut off, X the electric force, k^, ko the velocities

of the positive and negative ions respectively under unit electric

force, then during the time T the plate B will receive per unit area

nk^XT positive ions, supposing the field to be so strong that the

loss of ions by recombination may be neglected, and also that

k^XT is less than /, the distance between the plates. The number

of negative ions which in this time have gone to A is nk.,XT

provided k-iXT is less than /, so that the number of negative ions

left between the plates is n{l — k^XT) and these when the field is

reversed are driven to B. Thus if Q is the positive charge

received by each unit area of the plate B,

Q = nk.XT - n (I - k,X T) = n (k, + k.^) XT - nl,

provided both k^XT and k.XT are less than I.

This will hold until T is equal to the smaller of the two

quantities ^-^ ' T^ ' ^^ ^"2 i^ greater than k^ the second limit will

be reached first ; when this limit is passed there are no negative

ions left to be driven against B when the field is reversed ; thus

Q = 7ik,XT,

* Langevin, Aim. de Cltimie ct de Physique, t. xxviii. p. 289, 1903.
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this will hold until T = llk^^X, for this and greater \'alues of T.

Q = nl

Thus when k., > l\

Q = e [n (k, + k,) XT- nl] : T < l/k^X :

Q = enk,XT\ T>llk,X, <l/k,X;

Q^enl; T>llk,X, >l/k,X;

while if A'j > k., we see that

Q = e[n (k, + L) XT- nl] ; T < Ijk.X
;

Q:=e [nl - n {I - k,XT)] = ek,XT; T > l/k.X, < lJk,X ;

Q = e7il, T>llk,X.

Thus if we represent the relation between Q and T graphically,

the curves will be portions of straight lines as in fig. (18) inter-

secting at the point corresponding to T=ljkiX, T—l/k.,X; if

we find these points of intersection we can deduce the values

of A'l, k,.

Fig. 18. In curve I the electric force is initially from A to B,

in curve II from B to A.

In consequence of inequalities in the ionisation between the

plates, and from the recombination of the ions, the curve obtained

in practice does not consist of three straight lines, but of three

curves which intersect at well defined nicks ; an exani])lc of such a

curve is shown in Fig. 19, which is taken from Langevin's paper.

If ki ~ k., two of the nicks coincide. If wc had a mixture of

different gases with several kinds of ions there would be a nick

T. G. 5
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corresponding to each positive ion and also one corresponding to

each negative ion.

Fig. 19.

By means of this method Langevin has investigated the

variation of the velocity of the ion with the pressure of the gas.

The results of his experiments are shown in the following table,

where p represents the pressure measured in centimetres of

mercury, k^ and k.2 the velocities of the positive and negative ions

in air under unit electrostatic force, i.e. 300 volts per centimetre.

Negative ions Positive ions

P k. pV76 P k. pkJlQ

7-5

20-0

41-5

76-0

142-0

6560
2204
994
510
270

647
580
530
510
505

75
20-0

41-5

76-0

142-0

4430
1634
782
480
225

437
430
427
420
425

If the structure of the ion remained unaltered the velocity

under an electric field would be inversely proportional to the

pressure, thus pk would be independent of the pressure. The

numbers given in the table show that this is approximately true

for the positive ions down to a pressure of 7*5 cm. ; for the negative

ions however there is a very considerable increase in pk when the

pressure is reduced below 20 cm., indicating that the structure of

the negative ion gets simpler as the pressure is reduced.
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Edmunds has made experiments in the Cavendish Laboratory

on the variation of the mobility of the ions in helium, using

Langevin's method : he finds that for the positive ions pk is

constant down to a pressure of 22 cm. but that for the negative

ions jj^^ increases when the pressure is reduced below 16 cm. and

that at 2'2 cm. it is twice as great as at 76 cm.

The following method of measuring the velocities of the ions

is now being used at the Cavendish Laboratory. A thin layer

BB' of the gas between two parallel metal plates A and B is

exposed to the ionising rays. The gas above B' is not ionised.

The ionisation in BB' is not continuous, occurring during short

periods separated by regular intervals. This is effected by

interposing between the vessel A B and the source of the ionising

rays a revolving lead disc with a slit in it ; the source of the rays

whether radium or a Rontgen ray tube is arranged so as to emit

a horizontal sheaf of rays. This sheaf is stopped by the lead disc

except for the short period in each revolution when the rays pass

through the slit and ionise the layer BB'. A commutator is fixed

on the axis of the disc and a brush in connection with the plate B
presses against it ; the commutator is arranged so that immediately

after the disc has passed the position in which the rays pass

through the slit, B is connected with one terminal of a battery of

storage cells, the middle of this battery is put to earth, when the

lead disc has made half a revolution, the commutator puts B to

the other terminal of the battery and the electric field between A
and B is reversed. A is connected with an insulated electroscope

which initially was at the potential of the earth. Let 27" be the

time taken by the lead disc to make one revolution, then if after

exposure of the gas to the rays, B is made positive, the positive

ions approach A with a velocity kiV/l, for a time T, where

2 F is the potential difference between the terminals of the battery

and I the distance between the plates. The negative ions are

approaching B with the velocity koVjl, these start from close to

B so that it is easy to arrange matters so that in the time

T all the negative ions come against B. In the time T the

... V
positive ions move through a distance k^ y T towartls the

})ositive plate, if this distance is greater than I all the positive ions

will reach A and this plate will receive a charge of positive

5—

2

,
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kV.
electricity. If on the other hand -^— T is less than I, the positive

ions will not have reached A when the field is reversed and they

have to retrace their steps, in this case A will not receive any

charge. Thus if we measure the charge on A as the distance

between the plates A and B is varied, the charge will increase

V
abruptly when k\-^ T=l, hence if we measure I when the increase

takes place we can determine k^; to determine /.-., all we have to do

is to arrange the commutator so that B is negatively charged after

the exposure of the gas to the rays.

Ghattock's method of measuring tJte velocities of ions j^t'odnced hy

the discharge of electricity from a sharp jpoint.

36. The preceding methods would be very inconvenient in

the case when the electric field is as strong and the velocities

of the ions therefore as great as they are when electricity is

discharging from a pointed conductor. For this case, in which

the ions at some little distance from the point are all of one sign,

Chattock* has devised a very ingenious method by means of which

he has been able to measure the velocities of these ions. The

principle of the method is as follows. Let P represent a vertical

Fig. 20.

needle discharging electricity from its point into the surrounding

air; consider the force acting on the ions included between two

horizontal planes A and B, Fig. 20. If Z is the vertical component

of the electric intensity, p the density of the electrification, the

* Chattock, Phil. Mag. v. 48, p. 401, 1899 ; Chattock, Walker and Dixoii, Phil.

Mag. vi. 1, p. 79, 1901.
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resultant force F on the ions included between A and B is vertical

and equal 'to

^Zpdxdydz

If the velocity of the ion under unit electric force is u, then w
the vertical velocity of the ion is equal to iiZ. If all the ions are

of one sign so that ii is the same for all the ions, we have, since

Z = w/u,

F=-
j

j
wp dxdy dz.

Since the ions are all of one sign 1 \pwdxdij is the (juantity of

electricity streaming across a horizontal plane in unit time ; this is

the same for all horizontal planes, and is equal to i where i is the

current of electricity flowing from the needle-point, hence we have

dz = Uz,-zA

where z^ — z^ is the vertical distance between the planes A and B.

This force F must be balanced by the difference of the gaseous

pressures over A and B, hence if p^ and p ^ denote respectively

the total pressures over the planes A and B we have

^{zb-Za)
and hence u — .(1).

Pb-Pa
Thus, by the measurement of these pressures and of the current

flowing from the point (the latter measurement is easily made by

inserting a galvanometer in series with the needle-point), we can

deduce the value of u.

(Zero of 2)

Fig. 21.

The apparatus used by Chattock to carry out this method is

represented in Fig. 21. The discharging needle is supported in a

narrow sliding glass tube drawn out at the enil B; it discharges to
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a ring A made of smooth metal ; the needle and ring are enclosed

in a wide glass tube F, the ends of which are connected by tubes

Ti and T. with the ends of a U-tube pressure gauge containing

water ; the ring A can be moved along the tube by means of a

screw. In this apparatus, since there is no current to the left of

the ring or to the right of the point, if we put z^ — z^^ equal to z,

the distance of the point from the ring, and if co is the difference

of pressure in dynes per sq. cm. measured by the pressure gauge, A
the area of cross-section of the tube, then

Pb-Pa = <^^ +P'.

where p' is the part of the pressure which is borne by the ring.

We have, by equation (1),

i pW= . Z : .

All A

It was assumed that when the point was a considerable distance

from the ring p became independent of ^ ; on this supposition we

have, if Aw, b^z are corresponding changes in w and z,

Aft) _ i

A^'
~ All'

and it was from this relation that u was calculated. Chattock

found for the velocities of the negative and positive ions in air

under a potential gradient of a volt per cm. the values 1"8 cm./sec.

and 1'88 cm./sec, which agree well with those found for the ions

produced by Rontgen rays, and we conclude that the ions in the

two cases are the same. In the second paper Chattock extends

the method to hydrogen, oxygen, and carbonic acid as well as air,

and again finds close agreement between the velocities of the ions

produced by the point discharge a-nd those produced by radio-

active substances. He points out that while the determinations

of the ionic velocities of the positive ions showed in all gases great

consistency, considerable variations which could not be attributed

to errors of experiment were found in the values of the velocities

of the negative ions. This was especially the case in hydrogen,

where the values of the ionic velocity of the negative ion varied

from 6-8 to 8*5 ; in the other gases the variation is not so marked.

Chattock ascribes this variation to the gases occluded by the

discharging point ; when this point is negative some of these

occluded gases are given off and help to carry the discharge, and

as the velocity of the hydrogen ions is very large compared with
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that of other ions, it is urged that a small admixture of other and
more slowly moving ions might produce a considerable lowering

of the average velocity. When the point is positive the occluded

gas is supposed either not to be given off, or, if given off, not to

take any part in carrying the discharge. This explanation is

consistent with other phenomena connected with the discharge of

electricity fi'om metals ; we shall see that in the electric discharge

through gas at low pressures occluded gas is given off from the

cathode, and that the amount of gas so given off has very con-

siderable influence upon the phenomena. The values obtained by
Chattock for the velocities of the ions produced by the point

discharge are given in the following table, in which V+ denotes

the velocity of the positive ion, V_ that of the negative, and V the

mean of these velocities. The gases were dry.

Gas y^ V_ V r_/F+

Hydrogen
Carbonic acid ...

Air
Oxygen

5-4 7-43

0-83 0-925
1-32 1-80
1-30

j
1-85

6-41

0-88

1-55

1-57

1-38

1-11

1-36

1-42

Deteniivnation of the coefficient of recombination when the

velocities of the ions are known.

37. The principle of this method which is due to Langevin*

is as follows. Suppose that A and B are two parallel plates im-

mersed in a gas, let a slab of the gas bounded by the parallel planes

a, b be ionised by an instantaneous flash of Rcintgen rays. Let there

be an electric force between the plates, then all the positive ions

produced by the rays would be attracted to the negative plate

and all the negative ions to the positive plate, and if the field

were infinitely strong they would reach these plates before they

had time to recombine, so that each plate would receive Nq ions,

if the flash of Rontgen rays produced i\^o positive and iYq negative

ions. With weaker fields the number of ions received by the

plates will be less as some of these will recombine before they

can reach the plates. To find the number in this case we proceed

as follows. In consequence of the movements of the ions under

^ Langevin, Ann. dc Chimin ct <!<' rJiijsiquc, t. xxviii. p. 289, 1908.
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the electric field the slab of ionised gas will broaden out and will

consist of three portions, one on the side of the negative plate

in which there are nothing but positive ions, a middle portion

in which there are both positive and negative ions, and a portion

on the side of the positive plate in which there are only negative

ions. If n is the number of ions per unit volume in the middle

layer at the time t,

dn , tio

-r: = — an- or n = ~
^

,

at 1 + an^t

where ??o is the value of n when # = 0. No recombination occurs

in the outer portions, so that all the ions in these portions will

reach the plate to which they are nearest.

In the time dt the breadth of each of the outer layers will

increase by X {k\ + ko) dt, where X is the electric force between

the plates and k^ and k^ the velocities of the positive and

negative ions under unit electric force, the number of negative

ions added to the layer next the positive plate and of positive

ions to the layer next the negative plate in this time is therefore

nX (A-i + A-,) dt = -—
.

1 + ih^t

The outer layers will continue to receive fresh ions until the

middle layer disappears, which it will do after a time l/X (ki + h),

I being the breadth of the slab ab. Hence N the number of

negative and also of positive ions which escape recombination and

reach their respective plates is equal to

j„ 1 + nM a ^ \ X (A"i + ko).

Let ot/47re (A'l -f- A^s) = 6, and nJe=Qt>, Qo is the charge on the

whole of the positive or negative ions produced by the rays, e

being the charge on an ion, then if Q is the charge received by

one of the plates we have

e-v«=i^'og(i + ^) (1).

If Qi is the charge received by either plate when the electric

force is Xi

•^-i^e'oS-fln^) *^>-

From equations (1) and (2) we can eliminate Qn and determine e.
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By this method Langevin got the following values of e for air

and carbonic acid at different pressures.

Ail- CO.,

1

Pressure in mm. e Pressure in mm. e

152
375
760
1550
2320
5 atm.

0-01

0-06

0-27

0-62

0-80

0-90

135
352
550
758
1560
2380

0-01

0-13

0-27

0-51

0-95
.

0-97

We have supposed the ionisation in the slab ab to be uniform.

Langevin has shown that equations (1) and (2) hold whatever

may be the distribution of the initial ionisation.

Langevin has assigned a physical meaning to the quantity

denoted by e, according to his theory it is the ratio of the number

of collisions between oppositely charged ions which result in re-

combination, to the whole number of collisions. In attempting

to interpret this result the question arises what is a 'collision.'

We can detect recombination, but a collision which does not result

in recombination does not produce any effect which can be

measured. It is evident then that the value of the ratio of the

number of recombinations to the number of collisions must be

to a large extent a matter of definition and depend upon the view

we take of the nature of the ions and of the character of the

forces between them; for this reason I have adopted in § 18 a

different method of calculating the value of a.

Evidence as to the nature of the ions afforded by

their velocity under an electric field.

38. We can obtain some information about the constitution of

the ions from the rates of diffusion and their velocity under given

electric forces. The question we shall consider is whether the ions

are very much more complex in their structure than the molecules

of the gas in which they ai'o produced. From the tables of the

rates of diffusion of ions and gases given on pp. •'>!>, 40 we see that
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the rate of diffusion of hydrogen ions through hydrogen is com-

parable with the rate of diffusion of the molecules of isobutylic

amide (molecular weight 73) through hydrogen : are we to

conclude from this that the hydrogen ion is a complex of some

36 molecules of hydrogen ? Again, the proportion between the

rates of diffusion of ions through hydrogen, air and carbonic acid

is not very different from the proportion between the rates of

diffusion of the molecules of isobutylic amide or ether vapour

through these gases: are we to conclude from this that the ions

in hydrogen, air and carbonic acid are identical ? A closer

investigation shows that in all probability neither of these con-

clusions is valid. To see this let us find an expression for the

velocity of an ion through a gas : if e is the charge on the ion..

m its mass, t the average time between two collisions, X the

electric force acting on the ion, the velocity of the ion parallel

1 e
to X will he -X — t. If the ion were a molecule of hydrogen and

the gas surrounding it hydrogen, then if the mean free path of

a charged hydrogen molecule is the same as that of an uncharged

one, t = (1/9480 x 10*') sec. (Lothar Meyer, Theorie der Gase),

and e/m = ^10^, hence if U is the velocity under a force of

a volt per centimetre, i.e. X = 10^ ?7= 26 cm./sec, while u the

velocity of the positive ion in dry hydrogen is 6'7 cm./sec. For

a charged oxygen molecule moving through oxygen,

e/m = 110^ X 1/16, t = 1/4065 x 10«,

thus U — 3"8 cm./sec. while u the velocity of the positive ion

is 1-36.

For CO., e/m = ^ 1/22 x lOS t = 1/5510 x 10«,

hence [7= 2 '06 cm./sec. while w = "78 cm./sec.

For Cl.„ e/m = ^ 1/35*5 x 10^ t = -1/6240 x 10«,

U = 1*1 cm./sec. while u — 1.

For SO.,, e/m = i 1/32 x 10^ t = 1/6000 x 10«,

[7= I'l cm./sec. while u — 'o.

For Helium, e/m = J 10^ t = 1/2630 x 10«,

?7= 47-32, w = l-4.
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Tabulating these results we get

/o

Gas u u Ulu

Helium 47-3 1-4 34
H2 26 6-7 3-8

0., 3-8 1-36 2-7

CO, 2-06 •78 2-7

so., 1-25

1-1

•5

•1

2-5

11C12:

Thus except in the case of helium the velocity of the ion is more

than one quarter the velocity of a single molecule. Let us consider

what would be the velocity of a group of n molecules carrying the

1 e
charge e. In the expression ^X - t, m for the group would have

n times its value for a single molecule; t = \/v, where A, is the

mean free path and v the relative velocity of the ion and the

molecules of the gas ; if Xq is the value of the free path for

the molecule, X, its value for the group of n molecules - =
^
—

while V the relative velocity for the group is equal to ^ Vq ( 1 + —
where Vq is the relative velocity for the single molecule : making

these substitutions we find that the velocity of the group would be

4 (velocity of the molecule)

1

thus if ?i = 3 the velocity of the group would be l/4'7 of the

velocity of the molecule, i.e. less than the velocity of the ions

for any of the gases except helium, thus a very slight aggregation

would be sufficient to account for the want of mobility of the

ions.

In calculating the mean free path we have left out of con-

sideration the effect of the charge on the ion ; in consequence

of this charge the forces between an ion and a molecule will not

be the same as those between two molecules, and the additional

force due to the charge on the ion might reasonably be expected

to affect the mean free path. There is some evidence however

that this effect is not considerable, for according to Morreau (Ann.

de C/iimie et de PJiysique (7) 80, p. 5, 1903) the velocity of the
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positive ion in a flame containing potassium salts is 80 cm./sec.

under an electric force of a volt per centimetre, the temperature of

the flame being between 1600° C. and 1700° C. Now from thelet.
fVirmula u = ^X , assuming" that the potassiv;m atom carries the

1 mv
unit positive charge so that ejm = 10^39, we find, putting X = 10^

u = 80, that t = 6"24 x 10~^ ; if this were the value of the time be-

tween two collisions at a temperature 1638° C. = 6 x 273° C. the

corresponding time at 0° C. would be -j^ 6"24 x 10~^ = 26 x 10~".

This value is greater than we should expect even if the potassium

ion were uncharged ; this result then, as far as it goes, is against

the view that the charge on the ion materially increases the

number of collisions between it and the surrounding molecules.

Charges on the ions.

39. We saw on page 43 that the coefficient of diffusion, D, of

an ion through a gas was connected with the velocity under unit

electric force, ?/, of the same ion through the same gas by the

equation

u _ Ne
D~1T'

where N is the number of molecules in a c.c. of gas at a pressure

of n dynes per square cm. It is to be remembered that this

relation is obtained on the supposition that a number of ions in

a given volume produce the same pressure as the same number of

molecules of a perfect gas at the same temperature; in other words,

that the ions behave like a perfect gas with respect to pressure.

As we have seen that the ions in a gas at atmospheric pressure

are probably aggregations more complex than the molecules of a

perfect gas, we must regard this assumption as only an approxima-

tion to the truth, even for the simpler ions, and one which may be

far from accurate when the ions are as large as those which occur

in the colder parts of flames or near an incandescent wire.

Taking the values of D given by Townsend and (1) the values

of ll given by Rutherford, (2) those given by Zeleny, we get the

following values for Ne x 10"^", e being expressed in electrostatic

units.
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From Rutherford's experiments on the mean velocities of the

ions in gases and the mean of the coefficients of diffusion given by

Townsend we get

I.

Gas A^ex 10-10

Air
Oxveen

r35
1^25

1-30

1-00
Carbonic acid...

Hydrogen

From Zeleny 's values for the velocities of the ions and Townsend's

for the coefficients of diffusion we get for Ne x lO"^''

II.

Gas

Moist Gas Dry Gas

Positive ions Negative ions Positive ions Negative ions

Air
Oxygen
Carbonic acid...

Hydrogen

1-28

1-34

1-01

1^24

r29
1-27

•87

M8

^4G
1-63

•99

1-63

1-31

1^36

93
125

Since one electromagnetic unit or 3 x 10'" electrostatic units

of electricity when passing through acidulated water liberates

1"23 c.c. of hydrogen at the temperature of 15° C. and pressure of

760 mm. of mercury, and since in 1*23 c.c. of gas there are 2'46i\^

atoms of hydrogen, we have, if E is the charge in electrostatic

units on the atom of hydrogen in the electrolysis of solutions.

2-46iV^=3 X 10i«,

or A^£'=122xl0"'.

The mean of all the values of Ne in Tables I. and II. is 1-24 x 10'".

We conclude then (1) that the charges carried by the gaseous

ions are the same whether the ions are produced in air, oxygen,

hydrogen or carbonic acid, (2) that this charge is equal to the

charge carried by the hydrogen atom in the electrolysis of

solutions.
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The proof of the equality of the charges on the ions in dif-

ferent gases was first obtained by the author by direct measure-

ments of the charges carried by the gaseous ions. Though the

variations in the vahie of Ne given in Tables I. and II. are greater

than we should have expected from the accuracy with which the

experiments were made, they are not sufficiently regular to enable

us to draw any conclusions ; thus for example in Table I. Ne for

carbonic acid is considerably greater than for hydrogen, while in

Table II. it is very much less. We must remember too that these

results have been obtained on the supposition that the complex

ions behave like a perfect gas; if they behaved like complex

vapours the values for Ne obtained on this supposition would

be somewhat too large.

Currents in the gas caused hy the motion of ions through it.

40. Since the charged ions when in an electric field settle

down to a state of steady motion in which they have no accelera-

tion the force exerted by the field on the ions is transferred to the

gas. Thus when in any region there is an excess of the ions with

charges of one sign over those having the opposite sign there will

be a resultant force acting on the gas in this region which may
start currents in the gas. In the case of a current passing

through ionised gas between parallel metal plates, there is, as

we shall see in the next paragraph, an excess of positive ions

in the layer of gas near the negative plate and of negative ions

in the layer next the positive plate ; these layers will be acted

on by forces tending to make them move towards their respective

plates. If these plates were infinite these forces would be balanced

by an excess of pressure next the plate, but if the plates are finite

this excess of pressure will relieve itself by the gas moving round

to the back of the plate and a system of air currents will be set up.

These currents have been observed by Zeleny* by means of

the apparatus represented in Fig. 22. A and B are the two

parallel metal plates, connected to the opposite poles of a battery

of storage cells. The plates are enclosed in a box of which the

sides P and P' are made of blocks of paraffin, while the other

two sides are glass to enable the observer to see what is going on

inside. The bottom of the box is made of wood, Rontgen rays

* Zeleny, Froc. Camb. Phil. Soc. x. p. 14, 1898.
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pass through this and ionise the gas between the plates. The
vessel R contains liquid ammonia, from which ammonia gas passes

Fig. 22.

through the tube *S' into the box. The tubes T and T' contain drops

of hydrochloric acid. The particles of ammonium chloride formed

at the lower ends of the tube, where the acid is in contact with

the ammonia, fall slowly, producing well-defined vertical whitish

streams a and b near the plates A and B. These streams are

vertical so long as the Rontgen rays and the electric field are not

on together. If, however, when the electric field is on, the gas is

exposed to the rays, the streams are deflected towards the plates

as indicated by the dotted lines in the figure. In order to show

that this was not due to any charge on the solid particles of

ammonium chloride the experiment was repeated with streams

of carbonic acid gas, the difference of refractive index between

this gas and air being sufficient to render the streams visible ; it

was found that these streams, like those of the ammonium chloride,

were deflected towards the plate.

41. For convenience of reference we give a table containing

the results of the measurements of the ionic velocities. The

velocities are expressed in cms. per second and are for a potential

gradient of 1 volt per cm. F+, V_ denote respectively the

velocities of the positive and of the negative ions, V tlie mean

of these velocities.
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A^ELOCITIES OF lONS.

Ions from Rontgen Rays.

Ions from Ultra-Violet Light.

Air
Hydrogen
Carbonic acid

1^4

3-9

•78

Gas v+ V_ V Observer

(Air
< Air dry 1-36 1

'87
1-6

1-61

1^44

1-4

1-58

1-405

1-07

•78

•78

5
7-2

5-45

V6
•5

1-27

\-o

r72

Eutherford
Zeleny
Zeleny
Rutherford
Zeleny
Zeleny
Rutherfoi'd

Zeleny
Zeleny
Rutherford
Zeleny
Zeleny
Rutherford
Rutherford
Rutherford
Rutherford
Edmunds

1 Air moist 1^37 Vol
( Oxvsren

1-80

1-52

•81

•75

7^95

5^60

2-63

s Oxygen dry
( Oxygen moist

( Carbonic acid

\ Carbon ic acid dry
' Carbonic acid moist
1 Hydroo'en

1-36

1-29

•76

•82

6'70

5-30

1-42

•, Hydrogen dry
' Hydrogen moist
Nitrogen
Sulphur dioxide

Hydrochloric acid

Chlorine

Rutherford
Rutherford
Rutherford

Ions from Flames.

Velocities varying from '04 to -23 Mdelland

Ions liberated by Chemical Action.

Velocities of the order 0^0005 Bloch

Ions from poiyit discharge.

Hydrogen 5^4

0-83

1-32

1-30

7-43

0^925

1-80

1-85

641
0-88

1-55

1-57

Chattock
Chattock
Chattock
Chattock

Carbonic acid

Air
Oxygen
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Potential gradient between ttvo i^arallel plates immersed in

(in ionised gas and 'maintained at different potentials.

42. It was shown first by Zeleny*, and then independently by
Child

-f*,
that when electricity is passing between two plates im-

mersed in ionised gas, the potential gradient between the plates

is not uniform, but is greatest in the neighbourhood of the

electrodes. The difference of potential between one of the plates,

and any point in the gas may be measured by having a water or

mercury dropper at the point ; the most convenient way, however,

is to place at the point a fine wire, which will ultimately assume

the potential of the point. When the wire is used it is necessary

however to take several precautions : in the first place, if the

number of ions in the gas is small, the wire will only take up the

potential very slowly, and it is important that the instrument

used for measuring the potential of the wire should have very

small capacity. This consideration often makes it desirable to

use a small gold-leaf electroscope to measure the potential of

the wire instead of a quadrant electrometer, which though

more sensitive to differences of potential has yet a very much
greater capacity. Another point to be remembered is that if a

wire is placed in a region where the ions are all of one sign, its

potential can only change one way. Thus if it is a region where

there are only positive ions, its potential can increase but cannot

decrease, and thus if the potential of the wire gets by some

accident too high, it cannot sink to its true value.

A characteristic curve for the distribution of potential between

the plates, due to Zeleny, is given in Fig. 23. It will be seen

that the gradient near the centre of the field is uniform, but that

near the plates the gradients get much steeper and that they are

steeper at the negative than at the positive plate.

From the equation .-^ = — ^irp, where V is the potential at a

distance x from the plate and p the density of the electrification,

we can, if we know the distribution of potential, calculate the

density of the electrification at any point between the plates.

* Zeleny, PhiL Man. v. 40, p. 120, 1898.

t Child, Wied. Ann. Ixv. p. 1.52, 1898.

T. G. 6
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The density corresponding to the potential curve in Fig. 23 is

shown in Fig. 24.

isoy

100 \

\
50 V\V
50

•tancet \
\

100 ^

\
K

150 tj \

Fig. 23.

We see that near the positive plate there is an excess of

negative electricity while near the negative plate the positive

\
Po. ijt/i^e

\
Piate

>V
? ' \ \S 1o •*

(k;4 16

V

M gat/

1

•e \
Piatt

\
1

Fig. 24.

electricity is in excess. With the small potential differences used

in this experiment the regions where there is an excess of one
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kind of electricity over the other are in the immediate neighbour-

hood of the plates, the density of the free electricity being-

exceeding small in the central portion of the field. If a larger

potential difference had been applied to the plates, the regions with

free electricity would have expanded, and with very large potential

differences these regions would fill the whole of the space between

the plates. In the example given, the greatest density of the

electrification is about 2 x 10~^ electrostatic units ; as the charge

on an ion is about 3"5 x lO"'" such units, the number of positive

ions in a cubic centimetre would exceed that of negative by about

6 X 10^ Taking the number of molecules in a cubic centimetre of

the gas as 3'5 x 10^^ the ratio of the excess of ions of one sign to

the number of molecules is only IQ x 10~^^ As most of the

negative ions would be driven away from the neighbourhood

of the negative plate, this will approximately represent the ratio

of the number of free ions to the number of molecules. This

example is an illustration of the very small amount of ionisation

which is sufficient to account for many of the phenomena of the

conduction of electricity through gases.

6—2



CHAPTER III.

MATHEMATICAL THEORY OF THE CONDUCTION OF

ELECTRICITY THROUGH A GAS CONTAINING IONS.

43. We shall now proceed to develop the theory of electric

conduction through an ionised gas on the basis that the velocities

of the ions are proportional to the electric force acting upon them.

We shall take the case of two infinite parallel metal plates main-

tained at different potentials and immersed in an ionised gas ; the

lines of electric force are everywhere at right angles to the plates

;

they are thus always parallel to a line which we shall take as the

axis of X.

Let Wj, Wa be respectively the number of positive and negative

ions per unit volume at a place fixed by the coordinate x, let q

be the number of j)ositive or negative ions produced in unit time

per unit volume at this point by the ionising agent ; let X be

the electric intensity at this point, h^, k.^ the velocities of the

positive and negative ions under unit electric intensity, so that

the velocities of these ions at this point are respectively k^X,

k^X ; let e be the charge on an ion. The volume density of the

electrification, supposed due entirely to the presence of the ions,

is {n^ - n.2) e ; hence we have

-^ = 4.7r(7i,-n.;)e (1).

If i is the current through unit area of the gas, and if we
neglect any motion of the ions except that caused by the electric

field, we have

n-^ekiX + luek^X = i (2).
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From equations (1) and (2) we get

1 f i A-a dX) ,_,

K + iilS] <»>•

"'"'i:Tk,{^-T^i^] w-

If we measure the distribution of electric force between the

plates, we can from these equations, if we know k^ and k.^, deter-

mine Th and ??2, 01" if in addition to the distribution of electric

force, we measure, by the methods previously given, n^, Uo at

various points in the field, we can use these equations to deter-

mine A-'i and ko, the velocities of the ions.

When the gas is in a steady state, the number of negative and

of positive ions in each unit of volume must remain constant with

respect to the time, thus the losses of these ions must be balanced

by the gains. Now ions are lost in consequence of the recom-

bination of the positive and negative ions : these ions will come

into collision with each other, and in a certain fraction of the

whole number of collisions the positive and negative ions will

combine to form a single system which is electrically neutral

and which no longer acts as an ion ; the number of collisions in

unit volume in unit time is proportional to ^i/?.,. We shall sup-

pose that the number of positive or negative ions which recombine

in unit volume in unit time is an^n. : this is the rate at which unit

volume is losing positive and negative ions in consequence of

recombination ; in consequence of ionisation it is gaining them at

the rate q, and in consequence of the motion of the ions under the

electric force it is losing positive ions at the rate ^ {nJc^X) and

d
negative ones at the rate - ~- (n.Jc.X). The diffusion of the ions

causes unit volume to lose positive and negative ions at th(^ rates

' dx'^
'

' dx"
'

where Z), and D, are the coefficients of diffusion of the positive

and negative ions. Unless the electric field is very weak the

motion of the ions by diffusion is, except in (piito exceptional cases,

insignificant in comparison with that under thr electric field, ^^e
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shall therefore for the present leave diffusion out of account.

Hence when the gas is in a steady state we have

J-
{n,k,X) = q- an,7i. (5),

—^ (n.,hX) = q — an^n.y (6).
dx

If A-j and k^ are constant at all parts of the field, we have

from (1), (5) and (6)

^ = 8'rre{q-an,r,)[l + l)
(7).

From this equation, if we know the distribution of X^

between the plates, we can determine whether ionisation or re-

combination is in excess at any point, for from (7) q — an^n^ and

d^X'^/dx^ have the same sign, hence when ionisation is in excess of

recombination, i.e. when q — anji^ is positive, d^X^/div" is positive

and the curve whose ordinate is X'~ is convex to the axis of x ; when

recombination is in excess of ionisation the curve for X^ is concave

to the axis of x.

Substituting in equation (7) the values of )h, n.. given by

equations (3) and (4) we get

dx'
" ^'^' W kj P e'X^ (k, + k,f

( . k^ dZ^N /. h dX-\\ ,„.

I have not been able to get a general solution of this differential

equation except when q is constant and k^ = k^ ; in that case putting

dv
X"^ = y and -f-=p we get, writing k for either k^ or k^,

(too

^^-~T~f^~4?%l' 64^)
^^^-

Integrating this we get

|gi-'-'= ,'"\. y*cy^- (10),

where C is a constant of integration. From this equation we can

find the ratio of Zo, the electric intensity midway between the
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plates, to Xi, the electric intensity close to a plate. For when

A'j = k.> the distribution of electric force is symmetrical and mid-

way between the plates dXjdx and p = ; let us further assume

that we are dealing with a case like that in Fig. 24, where there is

no free electricity for some distance from the plane midway

between the plates, so that here drX/dai^ also vanishes ; hence

from (9) and (10) we have

Y.,_
Q^''

4e-ic'q

_ „ , ^k-e'q

^^=CZo^^ (11).

^wek

Now at the positive plate n^ = and at the negative plate

«2 = ; hence at either plate n^n.> = 0, but

1 / ., A;2/>2 \

4<k^e-X' V 647rV

hence if X^ is the value of X at either plate, we have

XT „ qek

'Ztt ^_
=CZi4-^* (12).

H-rrek

Hence by (11) and (12)

.^1

or writing yS for Sirke/a we get

p. =13

We see from this equation that X^jX^ is never greater than

unity, for /3^~^ diminishes from unity to zero as j3 increases from

/3 = to ^ = infinity. Since yS does not involve either q or i,

the ratio of the electric intensities does not depend upon either

the intensity of the ionisation or of the current between the plates.

For air at atmospheric pressure k = 480 (since unit electrostatic

force is 300 volts per centimetre), a is about 1'2 x 10""'", and

e = 3"5 X 10""^"; substituting these values we find /3 = 3'9 for air
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at atmospheric pressure. Since k is inversely proportional to

the pressure, Q is inversely proportional to the pressure, and

thus is very large at the pressure of a few millimetres of mercury.

Putting /3 = 4 we find

W = 43 = 2'51 approximately.

At low pressures ^ is large, in this case X^/'X^ = ^^ approxi-

mately, and thus the ratio of X^ to X,, varies inversely as the

square root of the pressure.

The experiments we have described on the distribution of

electric force between the plates show that when the current is

small, the regions where X differs appreciably from Xq are con-

fined to two layers near the plates, the distribution of X between

the plates being represented by a curve like that shown in Fig. 25.

We can very easily find an inferior limit to X, the thickness of one

of these layers. For let P be a point on the boundary of the

Fig. 25.

layer next the electrode, then since X becomes constant at P,

there are at this point as many positive as negative ions per unit

volume, and if the velocities of the ions are the same, half the

current must be carried by the positive and half by the negative

ions. Thus if i is the current through unit area, and e the charge

on an ion, t"/2e positive ions must cross unit area of a plane through

P in unit time ; and all these positive ions must be produced

in the region between P and the positive plate. But if X is

the thickness of the layer, the number of positive ions produced in

unit time corresponding to each unit area of the plate is qX, the

number that cross unit area at P cannot therefore be greater than

qX, and can only be as great when there is no recombination of the

ions between P and the positive plate, hence

i
qX>

^
2e
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or X>i/2e(j; thus i/2eq is an inferior limit to \. It / is the

maximum current, I the distance between the plates, I = qle:

hence i/2I is an inferior limit to \/l.

44. Though we cannot find a general solution of the equations

(I), (2), (5), (6) when ^i is not equal to h we see at once that

a particular solution of these equations is given by the re-

lations

«i = »2 = (<//a)^

k
kin.iXe= ---,- i

A'l 4- /c.2

X

This solution corresponds to a constant value of the electric

force between the plates, and indicates that the proportion of the

current carried by the positive and negative ions respectively is

the same as the ratio of the velocities of these ions. This solution,

though it may apply to the central portion of the field, cannot

however hold right up to the plates. For suppose P is a point

between the plates at which this solution applies. Then across

unit area at P, ikj/(ki + k^) e positive ions pass in unit time, and

these must come from the region between P and the positive

plate ; if the distance of P from this plate is X this region cannot

furnish more than q\ positive ions in unit time, and can only do

this when there is no recombination ; hence the preceding solution

cannot hold at a distance from the positive plate less than

ki i

k\ + k., qe
'

Similarly it cannot hold at a distance from the negative plate less

than

k^ + h, qe
'

We shall assume that the preceding solution does hold at distances

from the plates greater than the preceding values : and further

that in the layers in which the solution does not hold there is

no recombination of the ions.
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Let US consider the state of things at the positive plate between

X = and X — \ , where

Ai — I J
•

yfci + k^ qe

Then, since in this region there is no recombination, equations (1),

(5), (6) become

If q is constant we have

k{)\X — qx,

k.^n^X =— qx,

where the constant of integration has been chosen so as to make

tij = when ^ = 0: substituting these values for n-^, n^ in the

equation giving dX/dx we get

^dX ^ ( / 1 1 \ i]

^^dx=^'^'r[k,-^kj-ekj'

^'=«''H,2 5*"iF.+fcj-4+'^
<!=*>

where C is a constant which may be determined from the condition

that when x = \i

y. _ « ^^

' '~qe-{k, + k,y'

from this we find

q & (ki + k^f {
a k^^

]

C is the value of X- when x = 0, i.e. at the positive plate ; if we

call this value X^, and if X^ is the constant value of X between

the layers, we have

thus Xi is always greater than X^ and the ratio Xi/Xo does not

depend upon the amount of ionisation or the strength of the

current between the plates.
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If X^ is the value of X at the negative plate, we can prove in

a similar way that

Thus if k^, the velocity of the negative ion, is very large compared

with ki, the velocity of the positive ion, the value of X at the

negative plate is large compared with its value at the positive,

and the thickness of the layer in which X is variable, is greater at

the negative than it is at the positive plate. A curve representing

the distribution of electric intensity between the plates in this

case is represented in Fig. 26.

Fig. 20.

If we put

a. /bo

47re kj

a kj
{k, + k,),

we have
X, = X„ (1 + A)* :X, = X,{1+ /S,)^

;

when /9i and ^., are large we have approximately

X, = Z„/5,i : Z, = Zo/3,i.

In the special case when the velocities of the positive and

negative ions are equal /3j = /Bq and XJXo — {^irek-^jof , this agrees

when /3 is large with the result found by the independent investi-

gation of this case given on p. 87.

The fall of potential F, across the layer next the positive plate

whose thickness is A.^ is equal to

Xdx;
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substituting the value of X given by equation (13) and inte-

grating we find

V, =
I
zA + 1 -^ log {s/0[ + ^/T:^:J,)

= |XA |(1 + /3.)^ + ^^ log(V^+ Vl +/3;)} .

Since X,, = \-[ --, and \ =
\q} e {k-i + A-o)

'

k\ + L qe

'

Thus the fall of potential across this layer is proportional to

the square of the current.

If Vo is the change in potential in crossing the layer next the

negative electrode we find similarly

If /3i and ^^ are very large we have approximately

1 g^ ^- ^1 a,

'-'
2qie-ik, + hy'^'-

Substituting the values of /Sj, yS., we find

K ~
k.<^

'

or the falls of potential at the positive and negative plates are

proportional to the squares of the velocities of the positive and

negative ions.

Let us consider how the fall of potential varies with the

pressure of the gas : if /) is the pressure, k\ and k^ are inversely

proportional to p, and q is directly proportional to j), hence we see

that for a given current Fj and Vo vary inversely as p.

The relation betiueen the potential difference between the

plates and the current.

45. The fall of potential between the plates is made up of the

fall of potential at the layers which we have already calculated and

the fall of potential in the space between the layers where the
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electric intensity is uniform and equal to X^,; the breadth of this

space is ^ — (Xj + Xo), where I is the distance between the plates,

and since Xj + X> is equal to ijqe. the fall of potential in this space

is equal to

xAi-i
V qe

\qj e (ki + ko) \ qe

adding to this the values for the fall of potentials across the layers

we get, if V is the potential difference between the plates,

+ k, (1 + ^,)i +A log (V^, + vi +-^3)|

5^ e {kj + k.j) \ qej

This equation is of the form

V=Ai' + Bi

thus the curve whose ordinate is i and abscissa F is a parabola.

This equation ceases to be an approximation to the truth when

the two layers touch, i.e. when Xi + \. = I or i = qel ; in this case

the current is the greatest that can be carried by the ionised gas.

The minimum value of the potential difference required to pro-

duce this current is got by putting z = ge^ in equation (15); Ave

see that the potential difference required to produce saturation is

proportional to the square of the distance between the plates and

to the square root of the intensity of ionisation.

46. The study of the- distribution of electric intensity between

the plates when the maximum current is passing leads to an easy

way of finding the ratio of the velocities of the positive and nega-

tive ions, for as in this case there is no recombination, equations

(5) and (6), p. 86, give

k,ihX = qx (16),

kM.JC = q{l-.r) (17),

where x is measui^ed from the positive plate. At the point

between the plates where the force is a minimum

— = = 47r (/h - /?,) e,
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hence at this point n^ = n„, so that if x is the distance of the point

P where X is a minimum from the positive plate we have by

equations (16) and (17)
l€y OC

thus the ratio of the velocities of the positive and negative ions is

equal to the ratio of the distances of P from the positive and

negative plates, so that if we have determined P by measuring

the distribution of potential between the plates we can at once

deduce the ratio of the velocities.

47. Mie* has by successive approximations obtained solutions

of equation 8, p. 86, (1) when the cuiTent is only a small fraction

Cathode

Fig. 27.

8 -9 JM

Fig. 28.

of the saturation current, (2) when the current is nearly saturated.

The results of his investigation are shown in Figs. 27, 28.

* Mie, Ann. der Physik 13, p. 857, 1904.
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Fig. 27 represents the distribution of the electric force along the

current for various values of the current expressed as fractions of the

saturation current. It will be seen that until the current amounts

to about 1/5 of the maximum current the type of solution is that

indicated on page 88, i.e. the electric force is constant except in

the neighbourhood of the electrodes where it increases rapidly-

In Fig. 28 the quantities denoted by \Izq, V^^, V^^^ are pro-

portional respectively to the ratios of the minimum electric force,

the force at the anode, and the force at the cathode to the

current. The result indicated by the solution on page 87 that the

ratios of the forces close to the electrodes to the minimum electric

force is independent of the current is seen to hold for a wide range

of currents.

Solutions of equation 7, p. 86, at pressures chosen so as to make

a/4!7rek have special values, have been given by G. W. Walker

(Phil. Mag., Nov. 1904) and Robb {Phil. Mag., Aug. and Dec. 1905).

Case when the velocity of one ion is very large compared

with that of the other.

48. The case when the velocity of the negative ion is very

large compared with that of the positive is of great importance, and

admits of complete solution. We ma}^ deduce the equation for X,

the electric force, by putting ky'k., = in equation (8), p. 86, or

proceed independently as follows.

Using the notation of Art. 43 we have

i = n^ki Xe + noh.Xe (1),

d
-y- {n.2knXe) = q — an-^n. (2),

^^ = 47r.(.,-.,) (3).

In this case the current is practically carried by the negative

ions so that i = nok^Xe and therefore q = an^7u.

i qk,Xe
Ihus n^^ i—^r and n^ = --—t^-

,

k.,Xe ai

substituting these values of n^ and n.. in (3) we get

dX _ ^ire^k.iqX 4<7ri

dx ai koX

'

dX'^ ^ire^k^qX- Siri

dx ai k.2
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The solution of this equation is

A' = -T—-.T + Oe «f (4);
q k^e-

in this case x is measured from the positive electrode, it is more

convenient to measure it from the negative ; if x be the distance

from the negative electrode, equation (4) becomes

qk.re-

To find the value of the constant of integration (7', we have by

equation (7), p. 86,

_ dx (k^ + kr.) Sire
=

1 {q — auiih2)dx (6).
.'

The right-hand side of the equation is the excess of ionisation

over recombination in the region extending from the cathode to

X = .^1 , it must therefore be equal to the excess of the number
of negative ions leaving the column at x over those entering the

column at the cathode, i.e. it is equal to (i — io)je, where
?'o

is the

amount of negative electricity emitted by the cathode in unit

time.

dX"^
When x^ is large ^ = 0, hence equation (6) becomes

^, Sire^. k^q k^k., _i — %
ai (k\ + k^) Sire e '

thus C = ^^ ^^' ~ ^'"^ h±h
qk-Jc^e^ k^

and therefore, since k^ is small compared with k.,,

From the values which have been found for k. and a, we infer

that the second term inside the bracket will be very small when

eqx is large compared with i, thus the second terra Avill be very

small outside a layer of gas next the cathode of such thickness

that the number of ions produced inside it would be sufficient to

carry the current supposing they were all utilised for this purpose :

in the case of flames and hot gases this layer is very thin unless

the current is exceedingly large, so that in these cases it will only

be close to the cathode that the second term inside the bracket

is appreciable. Thus from equation (7) we learn that the electric
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force will be constant except in the immediate neighbourhood of

the cathode, where it increases to a very large value ; the force

at the cathode itself bears to the force in the uniform part of the

field the ratio of (k\ + ^*2)^ to k-^^. This uniformity of field

throughout the greater part of the circuit combined with the

rapid increase close to the cathode is, as we shall see, a very

characteristic feature of the passage of electricity through flames

and hot gases.

If V is the difference of pcjtential between the electrodes

V = fXdii- ; there is no difficulty in integrating the value of X
given by equation (7), an approximate solution will however bring

out the essential points more clearly. Except quite close to the

cathode the electric force is equal to i: [~) > bence the fall of

potential in the uniform part of the field is very approximately

equal to .-{-) I, where I is tht- distance between the electrodes^
^

ek.. \q

I

Close to the cathode the electric force X when /^ is small com-

pared with i is approximately given by the equation

the fall of potential at the cathode is approximately I Xdx or

i /(X\^ ai

e{hkoy-\qJ 4t7re^k.2q'

Hence V the potential difference between the plates is given

by the equation

The flxll of potential near the cathode is proportional to the

square of the current, while the fall in the rest of the circuit

is directly proportional to the current. In the case of conduction

through hot gases and flames containing salt vapours we shall see

that the fall of potential close to the cathode very nuich exceeds

that in the rest of the circuit, for this to be the case the velocit}'

of the negative ion must be a very large multiple of that of the

jjositive.

49. When a current of electricity is passing through a flame

very interesting results are produced by putting a bead of salt in the

T. G. 7
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flame, the salt vaporises and the ionisation in the salt vapour is

much more intense than in the other parts of the flame. Hittorf

found, however, that unless the bead of salt is introduced near

the cathode it produces but little effect upon the current, when

however the region containing the salt vapour reaches the cathode

the salt enormously increases the current. The relation between

the current and potential difference in this case is easily obtained

by the aid of the preceding equations. Let A be the positive, B
the negative electrode, and let us take, as representing the part of

the flame containing the salt vapour, a slab ab in which the ionisa-

tion and velocity of the negative ion are not the same as in the

adjacent layers. Then if A"" is the electric force, we have, in the

region Bb,

^" = 7X^2 1 + 7.- ^
"' (1)'

where x is the distance of the point where the force is X from B
in the region ba at a distance aci from b

where a, Q, K„ are the values of a, q and k.. in this region and G is

a constant to be determined.

In the region ciA at a distance x., from a, we have

n't- Sire-kiQ

A = —7—-„ + e at - (3)
qt.-e- ^ '

the exponential terms will diminish rapidly as we recede from

B, b, a respectively, we shall assume that the three regions are broad

enough for the exponential term in (1) to be negligible at b, and

that in (2) at a, in this case since X- is continuous we have

qk^e" QIQe'

C=-
e-Kqk^ QKo'

OLl-

so that C = - C.

Neither C nor C contains the large factor 1/k, and we And
by integration that the drop of potential at the surfaces a, b is

very small in comparison with the whole potential difference
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between a and h, the diminution in potential difference between

the electrodes A and B produced by the introduction of the salt

vapour in ab is less than the difference of potential between ab

previous to the introduction of the salt, as this is a very small

fraction of the difference of potential between A and B the intro-

duction of the salt produces little effect on the potential difference

required to maintain a given current.

The case is however quite different when the slab ab extends

up to the electrode B. In this case X the electric force in the

region uB is given by the equation

QJ\.re'\ iti

Thus the fall of potential at the cathode is now

i /a'\^ a'i

whereas before the introduction of the salt it was

'oi\^ ai

e (k\k..)^ \qj 4!'7re-k.,q

'

Thus if (j>, the rate of ionisation in the salt vapour, is large,

compared with q, the ionisation in the flame in the absence of the

salt, the fall of potential at the cathode will, for the same current,

be very much smaller in the salted than in the pure flame ; and

as the cathode fall of potential is by far the greater part of the

potential difference between the electrodes, it will require far less

potential difference to produce a given current in a salted than in

pure flame, or with the same potential difference the current will

be greatly increased by the salt.

If the ionisation in the layer next the electrode were smaller

than in the other parts of the discharge, i.e. if Q were less than q,

the layer would greatly increase the potential fall at the cathode,

and with a constant difference of potential between the terminals

would greatly diminish the current.

Case irJien the ionisation is confined to a tliin. lai/er.

50. In the preceding investigation we have supposed that the

ionisation is uniformly distributed between the plates, there are

however many very important cases when ionisation only takes

})lace in a thin layer of the gas, the rest of the space between the

plates being free from the action of the ionising agent. We
proceed now to the consideration of this case, beginning with the

7 9
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one where the ionised hiyer is close to one of the plates A. Let

us suppose that A is the positive plate, then all the ions in the

space between the plates must have been dragged by the action

of the electric jBeld from the layer, hence these ions must be

all positive, so that the current is carried entirely by positive ions.

Let there be 71^ of these ions per cubic centimetre and let X be

the electric force, i the current, then using the same notation as

before our equations are now

dX ,

-j— = 47r??je,
ax

l\n-^Xe = i;

from these equations we get

XdX _ 47rt

dx ki

or x-' =^+C (18),

where C is the constant of integration ; it is evidently the value of

X'~ close to the positive plate.

If V is the potential difference between the plates, and I their

distance apart, we have
fi J.

V=
I Xdx = , , .

r27n

To find an expression for C we must turn our attention to the

layer of ionised gas ; let us suppose that the current is small com-

pared with that required to saturate this layer, then the number
of free positive or negative ions in unit volume of the layer

= (q/o^y, if q as before measures the intensity of ionisation ; if

there is no great change in the electric force as we pass from the

gas into the layer the sum of the velocities of the positive and

negative ions will be of the order (k^ + k.2) C^, and as i the current

equals the number of ions multiplied by the sum of the velocities

of the ions, e (/I'l -f- Jc^) C^ (?/«)- will be of the same order as i
;

hence G is comparable with
i^a.

qeHk, + Ly'

Hence C will be small compared with 87ril/ki if

iaki

87rqe-{k^ + kny-l

is a small quantity.
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If 8 is tile thickiK'ss of the lOiiisc'd layer, I the saturatii)ii

current,

/ = qeh
;

thus the preceding (juantity will be small if

1*6 ko 1

tIl{k, + k,)P,
is small,

, , iire k., ., , ^

where /^., = , ' (k^ + /„)

If o/l, iil are small, then since j3-, is greater and ^•2/(^1 + k,)

less than unity, we see that the quantity under consideration will

be small. When this is the case we can, in equation (19), neglect

Stt?/
C in comparison with -y— , and the equation becomes

ki

^==w'''
(-«>

We see that the current is proportional to T''-, and thus

increases more rapidly with increasing potential difference than

if the conduction followed Ohm's law^ We shall see examples of

this when we consider the passage of electricity from hot metals

immersed in gases. In this case by far the greater part of

the ionisation occurs in the layer next the metal and, as

Pringsheim* has shown, the current increases more rapidly than

the potential difference. The current is proportional to ^'i, the

velocity of the ion which carries it : thus since the velocity

of the negative ion is greater than that of the positive, the

current for the same difference of potential between the plates

is greater when the ionisation takes place next the negative plate

than when next the positive, in other words the current is greater

in one direction than in the opposite ; this unipolar conductivity

as it is called is very marked indeed in conduction through hot

gases and flames containing salts. Rutherford
"f*

has observed it

when the ionisation was due to Rontgen or radium radiation. We
See from (20) that for a given potential difference the current

is independent of q, the intensity of ionisation ; the maximum
current between the plates Avill of course depend upon the

intensity of the ionisation, but as long as the currents are only a

small fraction of the maximum corresponding to the ionisation,

they will be independent of the amount of ionisation next the

" rrinKsheini, Wicd. Ann. 55, p. 507, I8D5.

t Rutlierfora, Phi I. Ma;,, vi. 2, p. 210, I'.fUl.
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plate ; we see too that the current does not depend on the charge

carried by the ion.

The current for a given difference of potential varies inversely

as the cube of the distance between the plates ; as the current

varies as the square of the potential difference, if the average

electric intensity between the plates remains constant as the

distance diminishes, the current will vary inversely as the distance

between the plates.

When the ionisation is confined to a layev next the plate A, we

can stop the flow of ions and therefore of electricity to the plate B
by interposing between A and B a third plate, and the passage

of electricity will be stopped just as Avell by a plate of

metal as by a non-conductor; thus we get the somewhat para-

doxical effect of completely stopping a current between two

plates by interposing between them an excellent conductor of

electricity. An example of this effect will be considered when

we discuss the passage of electricity through very hot gases.

If the layer of ionised gas is situated between the plates at a

distance ^i from the positive and /.^ from the negative plate, then

if V is the potential difference between the plates, we can easily

prove by the preceding method that

where k\ and Ji\ are respectively the velocities of the positive and

negative ions. We see that if ki is not equal to k.. the current

for the same potential difference will not, unless /, = I.,, be the

same in one direction as in the opposite. If the velocity of the

negative ion is greater than that of the positive, the current

will be greatest when its direction is such that the negative plate

is nearer to the ionised layer than the positive. From this we

conclude that want of symmetry in the distribution of ionisation

will give rise to unipolar conductivity. The distribution of electric

intensity when the ionised layer is between the plates is repre-

sented in Fig. 25.

The preceding results are only true when the electric intensity

close to the ionised layer is small compared with its value some

distance away. We shall now consider from another point of view

the condition for this to be the case. If the saturation current, /,

passed between the plates the maximum electric force would be
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greater than \^87rll/kj, and the potential difference greater than

l^\/327rl/9ki : unless then the potential difference exceeds this

value we cannot have saturation and therefore the force near the

plate cannot be great enough to drag all the itjns produced near

the plate away into the field. In order to get these ions away we
have not only to contend against the recombination of the ions,

but also against the tendency of the ions to diffuse back into the

plate; indeed in many important cases when only ions of one sign

come into the gas, as for example when a metal plate emits

negative ions by exposure to ultra-violet light, or when a red-

hot plate emits positive or negative ions, diffusion is the only

thing the field has to overcome in order to saturate the current.

In such cases the ions unless removed by the field accumulate

round the plate, until the number striking against the plate in

unit time is equal to the number emitted by the plate in that

time. These ions, like the molecules of any gas, have an average

velocity of translation U prop()rtional to their absolute temperature,

and the electric field will not be strong enough to remove these

ions from the plate imless it is able to impart a velocity f/,, to

them. If the field required to do this is small compared with

VStt/Z/Ati then we are justified in putting C in equation 18, page

100, equal to zero. If however the force requii-ed to produce the

velocity is comparable with \/>iTrIijk^ we cannot assume that C is

zero and the force near the plate, as is generally tlu» case when

the currents ai-e produced by ultra-\ iolet light, may be comparable

with that in other parts of the field. The greater the value of /

the more likely are the conditions justifying the zero \alu(^ <>t ^'to

be satisfied.



C^HAPTER IV.

EFFECT PRODUC!ET) BY A MAGNETIC FIELD ON THE
MOTION OF THE IONS.

51. When a charged ion is moving in a magnetic field it

experiences a mechanical force whose direction is at right angles

to the direction of motion of the ion, at right angles also to the

magnetic force and eq^^al in magnitude to HeVsin 0, where H is

the magnetic force, V the velocity of the ion, e its charge, and 6

the angle between H and T^; H and e are to be expressed in the

electromagnetic system of units. The relation between the direction

of this force F, V and H, for a positively charged ion, is shown in

Fig. 26.

FiR. 26.

Now suppose that we ha-\e an ion m<jving through a gas, the

viscosity of the gas causing the velocity of the ion to be propor-

tional to the force acting upon it. Then if X, Y, Z are the

components of the electric intensity, a, /3, 7 those of the magnetic

force, u, V, w those of the velocity, the mechanical force exerted on

the ion by the magnetic field has for components

while the components of the mechanical force due to the electric
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field are Xe, Ye, Ze. Thus as the velocity of the ion is proportional

to the mechanical force acting upon it we have

u = R{X + ^w-jv)\

v = R{Y+ryu^ aw) -
( 1),

w = R {Z + av - /3u)j

R is evidently the velocity of the ion under unit electric intensity

when there is no magnetic field. Solving equations (1) we find

^^
^ RX + R^ {^Z - yY) + ma (-yZ + ^Y+yZ)^

1 + R' {a' + /3'~ + r)

^ RY+R^yX - aZ)+ R'/3iaX + I3Y + yZ)

1 + i^Ma"^ + /S^ + 7')

RZ + R' («F - /3Z) + R'y {aX + ^3 Y^yZ)
\\ R^ (oC' + /3-' + y')

(^)-

The first term in the numerator of these expressions represents

a velocity parallel and proportional to the electric force : the

second term a velocity at right angles both to the electric and

magnetic forces and proportional to R'HFnm </> ; where H, F, and

<^ represent respectively the magnetic and electric forces and the

angle between them ; the third term represents a velocity parallel

t(i the magnetic force and proportional to RH-F cos cf). The

relative importance of these terms depends upon the value of RH,
if this quantity is small the first term is the most important and

the ion moves parallel to the electric force, if on the other hand

RH is large the last term is the most important and the ion

moves parallel to the magnetic force. Since R is the velocity of

the ion under unit electric force, and the unit force on the electro-

magnetic system is 10~* of a volt per cm., the value of R for an ion

moving through air at atmospheric pressure would be 1'5 x 10"**,

since the velocity of the ion under a volt per cm. is about

1*5 cm. /sec. Thus at atmospheric pi'essure it would not be feasible

to get a magnetic field strong enough to make RH large. As R
varies inversely as the pressure of a gas through a considL-rable

I'ange of pressures it might at very low pressures be possible

to make RH large and thus make the ions travel along the lines

of magnetic force.

Let us take the case of an ion placed in a field in which both

the electric and magnetic forces are unifoi-m ; let the electric force
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be parallel to the axis of .r and let the magnetic force be in the

plane of xz, then F = 0, ^= 0, /3 = 0, and equations (2) become

" = 1 DO/ o T 9. = i^^ approxnnateiy, if iV{'x- + 7') is small,
J + K"\(ir + 7^) ^ ^ - '

1 + R'{d' + i-)

l + K-(a- + 7")

Thus the effect of the magnetic force is to give the ion

a velocity R^yii at right angles to both the electric and magnetic

forces and a velocity R-y (or + 7"^)* ?t in the plane of ncz at right

angles to the magnetic force.

If both positive and negative ions are present and if R^ is the

value of R for the positive and Ro that for the negative ion, and if

Wi, y,, iVj-, U.2, v.,, W2 are respectively the velocities of the positive

and negative ions, then if there are n positive and negative

ions per unit volume the current parallel to y will be equal to

ne(vi~v.i) or, substituting the values of Vi and v.^, to

)>e (i?;- - i?o") jX = {R, - R.;} 7/,

if / is the main current parallel to ./ ; thus if the velocities of the

positive and negative currents are unequal the magnetic field will

give rise to a side current proportional to the main one and the

direction of the current will be deflected through an angle whose

tangent is (jRi — R.,) 7. If we retain terms proportional to {RHf,
where H is the magnetic force, we see that there will be an

additional current proportional to {R^- + R.r — R1R2) 7 (a- + 7-)- /

in the plane of xz at right angles to the magnetic force.

When the electric field is not uniform but, like that due to

a charged particle, radiates from a point, we can prove without

difficulty that an ion in a uniform magnetic field will describe

a spiral traced on a cone of revolution, the axis of the cone being

parallel to the magnetic force.

Motion of a free ion i)) a magnetic field.

52. If the ion instead of having to move through the molecules

of a gas is moving in a vacuum, the path it describes in a unifnm
magnetic field is readily found. We shall first of all take the case

when no electric forces act upon the ion, then, since the only force
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acting on the ion is that due to the magnetic field and this force

is always at right angles to the path of the ion, the velocity of the

ion will be constant ; again, since the force is at right angles to

the magnetic force, there will be no acceleration parallel to this

force, thus when the magnetic field is uniform the component

of the velocity parallel to the magnetic force is constant. As

the resultant velocity is constant this implies that the direction

of motion of the ion makes a constant angle with the magnetic

force. If p is the radius of curvature of the path of the ion, m its

mass, V its velocity, the force along the normal is equal to , but

this force is equal to Hev sin 6, where H is the magnetic force and

6 the angle between v and H, e the charge on the ion, thus

= Hev sin u,

P

mv
P^eHsme-

Thus as V and are constant the radius of curvature of the path

is constant, the path of the particle is therefore a helix wound on

a circular cylinder whose axis is parallel to the lines of magnetic

force, the radius of the cylinder is p sin- or mv sin d/eH*. If the

particle is projected at right angles to the lines of magnetic force,

the helix shrinks into a circle whose radius is mvjeH : as the path

in this case is a closed one the ion never travels more than a finite

distance from its point of projection. If the velocity of the ion has

a component parallel to the magnetic force, this component remains

constant and the ion goes on describing equal spaces parallel to

the magnetic force in equal times, while in a direction at right

angles to the magnetic force the velocity of the ion is sometimes

in one direction and sometimes in the opposite, so that the ion,

however long it moves, never travels more than a finite distance

from the line of force. We may thus express the general features

of the effect by saying that in the magnetic field the ions tend to

follow the lines of magnetic force.

53. The preceding investigation relates to the case when the

magnetic field is constant and the lines of magnetic force do not

change their direction; it is of interest to see whether the ions will

* G. G. Htokos, Proc. Roy. Soc. Mar. MO, 1H7(); I'liil. Mmj. v. '2. p. ;5r)<», 1S7G.
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continue to follow the lines of magnetic force when these change

their direction from point to point. We shall take the special case

when the lines of magnetic force are circles round the axis of z, the

field being that due to a current i flowing along this axis ; in this

case if a, ^, 7 are the components of magnetic force at a point

whose coordinates are ,/, ?/, z,

P='—-Z^,— o, 7 = 0,
cr + y"

'

oc^ + y-

and if m is the mass of the ion, e its electric chargfe, we have

d-x 2ix dz

at' X- + y- at

(Pu 2iy dz
^w -Y^ = - e— •—;;

-J- ,

at- X- + y- at

d'-z 2ei ( dx dy\ . d , ,w ^-- = —:
:,
X -T, + V -Ti ]

= e%-r. log (x- + y").
dt- x-+y-\ dt -^ dtj dt ^^ '^

'

From these equations we have

where V is the velocity of projection of the ion
;

d-x d-y

^ dt^ dt"

Thus if p and 6 are the polar coordinates of the ion in the

plane xy,

.dd ,

P'dt='''

where h is a constant

;

dz 2ei
,

„

Avhere C is a constant : thus the orbit of the ion in the plane of

xy is that of a particle of mass m acted on by a central attractive

force equal to ( log p + 2eiC \ p.m
Since

we have

iy-Kfr-(iy='^''

^y='^'-Ms^'°^''+<^
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Since (-j-\ is essentially positive, /a will always lie between tin-

greatest and least roots of the equation

so that the ion will always remain at a finite distance from the

axis of z.

54. Let us consider some special cases. Let the ion be pro-

jected from the point p = a ]jarallel to the lines of magnetic force

:

then since dzjdt = \vhen p = a, we have

dz 'let , p
17= -log-'
(It )ii a

and ]i = Va,

hence f^y=. F^ fl _ ":) _
f

2^ log ^
\dtJ V p'-J \iit ^a

from this equation we see that p can never be less than a, and thus

the velocity parallel to the axis of z never changes sign : again p
never exceeds the value R, given by the equation

l^'»^^'^^-lr «
R = a satisfies this equation, but there is another root greater

than 0. ; it is this root which is the maximum value of p.

Thus in the plane at right angles to the axis of z the ion

circulates in an orbit included between the circles p = a and p = R\

and thus again the ion moves in the general direction of the lines

of magnetic force, although in this case there is a drift of the ions

parallel to the axis of symmetry of the magnetic field. If V is

small compared with 2ei/m, the solution of the equation (1) is

R = a (1 + I),

where P = -—
r-.—

.

"le-i-jm-

In this case the maximum velocity parallel to z is V .{Vjeihi)

and is thus small compared with V. Thus the smaller the

velocity of projection and the stronger the field the more nearly

does the path of the ion coincide with a line of magnetic force.
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In the next case the ion is projected from p = a in a

direction parallel to z, in this case // = and the path of the

ion is in the plane through the axis of z and the point of pro-

jection ; if V is the velocity of projection, then

dz 2ei , p TT-— =— log ^ + F

;

at m ^ a

now dz/dt can never be greater numerically than V, hence if V
and 2ei/)u are of the same sign p can never be greater than a.

V

The values between which p oscillates are a and ae "'!'"
; the

orbit is a closed one and its dimensions are very small if V is small

compared with eijm. If V and eijin are of opposite signs then we

can show that p is never less than a and varies between a and
V

ae ei/m

A third case we shall consider is when the particle is pro-

jected with velocity V parallel to p from p = a, in this case again

h = 0, but

dz 2ei
, p

-TT = log - .

at m ^ a

Since dz/dt can never be greater numerically than V, we see
mV H( V

that p must lie between the limits p = ae'^^' and p — ae -''*
; the

orbit is in the plane through the axis of z and the point of

projection. If the magnetic field is very strong and therefore

7nV/2ei small, p is always very nearly equal to a; let it equal

a(l + ^), our equations are then approximately

dt^ V 1^1' J a''
'

dz _ 2ei
J,

dt~^^

'

t = A sm [^ - t]

,

\a m J

2i e
z = — aA cos t.

a on

Since V =a-f- when ^ = 0, aA = V ~ ^. — -rr , where H is the
dt e 2% tie

magnetic force at the point of projection. Thus, as we might

the solution of these is
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have expected, tlie path in this ease is a circle whose radius (lA is

e(|ual to (
VIH) (inje).

We see from the consideration of the variabh' field as well as

from that of the constant one that the ion will tend to follow the

lines of magnetic force, except in the very special case when the

circumstances of projection are such that the ion during its motion

always cuts the lines of magnetic foi-ce at right angles.

Motion of oil ion under the joint ortion of electric and

nicujnetic forces.

55. We shall now^ investigate the motion (jf an ion when it

is acted on simultaneously by both electric and magnetic forces

;

w^e shall take the case when both these forces are constant. Let

the axis of z be parallel to the direction of the magnetic force,

and the plane of xz parallel to the direction of the electric force.

Let H be the magnetic force, X, 0, Z the components of the

electric force, then if m is the mass of an ion, e its charge, and

a:, y. z its coordinates the equations of motion are

d-x TT <^iy ,v

d'-ll rr d.r

"'d¥ = "',U ^-»'

d-zm -j— — Ze (3 ).

dt-

From equation (3) we have

z = -'-t'+ n\f. (4),
:: in

where lu^ is the velocity of projection parallel to z, the origin of

coordinates being supposed to be taken at the point of projection.

From equations (1) and (2) we have

y = c Jr ^Fft -\- A cos oot + li '^in (Ot (5),

X = a — A sin cot + B cos wt (6),

where a, c, A and B are arbitrary constants and w — Heivi.

Writing equations (5) and (6) in the form

X
y — c= ,r (ot -[- A' COS (wt — a),

X — a = — A' sin {wt — a) :
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we see that the projection of the path of the ion on the plane

of xy is a trochoid, generated by a circle whose radius is X/coH

rolling on a line perpendicular to the electric force, the distance

of the tracing point from the centre of the rolling circle being A'.

Since the average value of the periodic terms tends to vanish

when the time over which the average extends is large compared

with 1/ft), we see, from equations (5) and (6), that the equations

X
^

X — a,

give the average positions of the ion, and that the average

velocity parallel to y is XjH while that parallel to x vanishes.

Ze
As the velocity parallel to z at the time ^ is — t + Wr, we see that

-^ ^ m
if Z is finite the velocity parallel to z will ultimately become

infinite compared with the components parallel to the other

axes, thus in this case the ions will ultimatel}^ move along the

lines of magnetic force ; we must remember however that this

reasoning only applies when the electric field has a finite com-

ponent in this direction.

If we determine the constants in (5) and (6) in terms of Vo, Uq,

the initial values of the components of the velocity of projection

of the ion parallel to the axes of y and x respective^, we have,

the origin being taken at the point of projection,

2/
= — (1 — cosc«)^)+ jjt + ( y„-'Tr]~sm&)^ (7),

X = i^n-— Vo] -(1 —cos 0)0+ —sin wt (8).

If X = 0, i.e. if the directions of the electric and magnetic

forces coincide, we have

60/ \ &)/ W

thus the projection of the path of the ion on the plane of xy is

a circle and the path of the ion is a helix of gradually increasing

pitch with its axis parallel to the lines of magnetic force.
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If Z=0, i.e. if the electri',; force is at right angles to the

magnetic, and if in addition a,,, v^, n\, all vanish, wo have

y -- ^j^icdt — '^in cot),

X = ^~Yj (I — COS Wif).

This is the equation to a cycloid, the radius of the generating

circle being XjwH or Xm/eH'\ the line on which it rolls is per-

pendicular to the electric force. The greatest distance measured

in the direction of the electric force which the particle can get

from its point of projection is IXmjeH'^; the average velocity

in this direction is zero while the average velocity parallel to y,

i.e. in the direction at right angles both to the electric and

magnetic forces, is finite and equal to XjH. If the ion were

projected with the velocity w parallel to the axis of z it would

retain this velocity unaltered and the average direction of moti(jn

of the ion would be at right angles to the electric force and along

a line making an angle tan~^ X/tuH with the direction of the

magnetic force.

56. If u„ = and v„ = XjH we have by equations (7) and (8)

y = Vot,

x = 0.

Thus in this case the path of the ion in the plane of xy is the

same as if there were neither electric nor magnetic forces acting

upon it : the force Xe acting on the particle due to the electric

field is in this case just balanced by the force Hev„ due to the

magnetic field.

57. Returning to the general case represented by equations

(7) and (8) we easily deduce that the maximum velocity F parallel

to the plane of xy attained by the ion is given by the equation

F=^+|tv+(|.-4}"

thus until «o and v„ are comparable with X/H, the maxinumi

velocity attained is very ap})roxiinately 2X/H and is independent

of the velocity of projection, and the charge and the mass of

the ion.

T. G.
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The maximum displacement f measured parallel to the direc-

tion of the electric force is given by the equation

^^JF-^^l^ + coh + U-
and thus until «o and Vq become comparable with XjHy the distance

travelled by the ion parallel to the lines of electric force will be

very approximately independent of the velocity of projection of

the ion.

If ?j fi> fi are the maximum displacements corresponding to

the electric forces X, X^, X«, the magnetic force being the same

throughout, we find from the preceding equation that

2

+^i^i(r-r/)+x,f,(ir-r)).

These equations supply a method for finding e/m and the velocity

of projection of the ion.

If the charged particles are projected from the plane a; = in

all directions with a constant velocity v the distances they will

travel from this plane will vary between

The smaller value is the distance reached by those particles

which are projected parallel to the plane in the direction for which

the force on the moving particle due to the magnetic field tends

towards the plane, the larger value is the distance travelled by

particles projected parallel to the plane in the opposite direction.

If there is a second plane at a distance d from the plane

of projection, then with a constant magnetic field all the particles

will reach the second plane when the electric force X^ is equal to

or gi'eater than the value given by the equation

^ 2 fX,
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while none of them will reach the plane if the electric force X, is

equal to or less than the value given by the equation

from these equations we get

^ H ' m~ HH ^~ '

With a constant electric force, all the particles will be prevented

reaching the second plane if the magnetic force H^ is equal to or

greater than the value given by the equation

, 2m /X

while none of them will be stopped by a magnetic force H., equal

to or less than the value given by the equation

, 2m [X

from these equations we get

_ X (H, - //,) ^ _ JX

These results may be applied to find v and ejm.

58. The case when the electric and magnetic forces are at

right angles to each other is a very important one as it

includes the fields produced by electric waves. In these waves

the electric and magnetic forces are not constant but in the case

of a simple harmonic wave may be taken as proportional to cos pt.

When the waves are all divergent the electric force is equal to

V times the magnetic force, where V is the velocity with which

the electric waves travel through the medium. Thus if the

direction of propagation of the wave is parallel to the axis of y
and if the magnetic force is parallel to the axis of z and equal to

H,^ cos 6, the electric force will be parallel to the axis of x and

equal to VH^ cos 6 where 6 — p it — 4t\- The equations of motion

of a charged particle acted on by this electric wave are

dry dx ^, ^m -rh = e -jr Jio cos tf.

dt^ dt

m
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From these equations we have, if dxjdt and 6 vanish simul-

taneously,

dx e V ^r • /I^- = //,, sin 6,
at m p

drW ^H^e^ . ^. ^^
~^r~ H sm zd = 0.
dt' m-

From the analogy of the second of these equations with that

representing the motion of a simple pendulum we see that the

character of the motion of the ions will depend upon the value

of H^elpm ; if this quantity is large the average velocity of the

ions parallel to x will vanish while that parallel to y will be equal

to V : thus the wave will in this case carry the charged particles

along with it. When however Hoejpm is a small quantity the

effect of the wave will be to superpose on the undisturbed motion

a small vibratory motion parallel to the electric force in the wave

and thus at right angles to its direction of propagation.



CHAPTER V.

DETERMINATION OF THE RATIO OF THE CHARGE TO
THE MASS OF AN ION.

59. The value of ejm—the charge on an ion divided by it

mass—has been determined by the application of some of the

results discussed in the preceding chapter. The first case we

shall consider is that of the ion in cathode rays.

Cathode rays are the streams which start from the cathode in

a highly exhausted tube through which an electric discharge is

passing ; they produce a vivid phosphorescence when they strike

against the glass of the tube. In the chapter on cathode rays we

shall give the evidence which leads us to the conclusion that

they consist of negatively electrified particles starting from the

neighbourhood of the cathode and moving with a very high

velocity along straight lines. Assuming that this is the nature

of the cathode rays we shall show here how to determine the

velocity of the particles and the value of elm. Suppose that we

have a highly exhausted tube of the pattern shown in Fig. 27.

Fi". 27.

;In this tube G is the cathode, A the anode, J5 is a thick metal

disc connected with the earth, slits a millimetre or so in diameter

rtrt! bored through the middle of the disc and through the anode

;

^•."iiic of the cathode rays starting from the neighbourhood of the
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cathode pass through these holes, thus in the part of the tube to

the right of the disc we have a pencil of negatively electrified

particles travelling along straight lines parallel to the line joining

the holes in the discs, the place where these particles strike the

glass is marked by a patch of bright phosphorescence p. Suppose

viow that the tube is placed in a uniform magnetic field, the lines of

force being at right angles to the path of the ions, the paths of the

ions will now be circles, the radii of the circles being (see p. 108)

mvjeH, where m is the mass of the ion, e its charge, v its velocity,

and H the strength of the magnetic field. The place at which

these particles strike the tube will no longer be at p but at some

other point p' , the direction of pp' being at right angles to the

magnetic force. Since op' is an arc of a circle of which op is

a tangent, we have

pp{^R+pp') = op\

where R is the radius of the circle ; hence

2R=.%-pp',
pp

or, since R = niv/eH, we have

- mv op' ,2^^ =^ -pp.en pp ^^

If the magnetic field is not uniform we may proceed as follows.

Since p the radius of curvature at any point of the path of the

ion is given by the equation

\_He
p vm '

and since, when the path of the ion is fairly flat, 1/p is very

approximately equal to d}yjdx^, where y and x are the coordinates

of the ion, x being measured along the undisturbed path, and y at

right angles to it, we have

d^_He V-

so that '^ ;

^^'^iiT'^-^"^'^"'^^''
^^^•-

Hence if we measure pp and know the distribution of the.

magnetic force H along the tube we can from this equation
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determine the value of e/vm. This gives us a relation betwt

and 7)1 1 e. We can determine v in the following way: two parallel

metal plates D and E are placed in the tube, the plates being

parallel to the lines of magnetic force and parallel also to the un-

disturbed path of the rays ; these plates are maintained at a known

difference of potential by connecting them to the terminals of a

battery. Thus we have an electric field between the plates the lines

of force of which are at right angles to the lines of magnetic force

and to the direction of motion of the ions ; this electrostatic force

Y tends to deflect the ions, the force acting on an ion being Ye
;

the force due to the magnetic field acts in the same straight line

and is equal to Hev. Adjust the sign of the difference of potential

so that the electric and magnetic forces tend to oppose each other,

then keeping one of the forces fixed, say the electric force, alter

the value of the other until the two forces just balance, this stage

can be ascertained by observing when the phosphorescent patch p'

is restored to its undisturbed position. When this stage is

reached we have
Ye = Hev,

Y
or v =

j^ (2).

Thus by measuring YjH we can determine the velocity of

the ions composing the cathode rays. As we know e/vm from

the experiments on the magnetic deflection we can deduce

the values of both e/m and v. Equation (2) depends upon the

assumption that both the magnetic and electric fields are uniform,

if this condition is not fulfilled we must proceed as follows.

Suppose that p" is the displaced position of p when the electric

field alone is acting on the rays, then we can prove without

difficulty that

PP' = J-r[KYda^d.r (3),
V III J

hence if we know the distribution of the electric field and the

value (App" we can by equation (3) find the value of e/v^m, and
since by equation (2) we can determine e/vni we have the data

for determining both v and e/m.

In order to apply this method it is necessary that tiie pressure

of gas in the discharge tube in which the rays are produced

should be very low; the ])assage of cathode rays through a gas
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.viS it a conductor and thus as the rays are shielded from the

electrostatic field by the gas through which they move the electro-

static repulsion is hardly, appreciable ; if, however, the pressure of

the gas is very low the conductivity of the gas is so small that

there is hardly any appreciable shielding effect and the deflection

produced by the electric field is easily observed.

If the pressure of the gas through which the charged particles

pass is not exceedingly low the velocity of the particles will be

reduced by collision with the molecules of the gas ; to investigate

this effect let us suppose that the velocity of the particle after

traversing a distance x is equal to VQe~^'^. The equation giving

y, the magnetic deflection of the particle, will be

If the magnetic field is uniform we have

(e*^-l)^i/_ ^e ukx.
dx mvjc

and
He /e^-'^-l

If the particle travels through the uniform field for a distance

I and then through a distance d under no magnetic force, before

reaching the screen, the deflection at the screen will be

lavak \ k J invjc

or if ki be small

He A I /' kl\ ,/, W
'B(i4V^(^-f)l

If z be the deflection due to the electrostatic force X we have

d^z _ Xe

^1 dz Xe ^ 1 Xe „,

thus -, = — t: z = ^— r.
dt m ' " m

Again, -t.='Vo^~^^, so that t = y - {'^^^ ~ ^)-
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Hence if as before the particle travels through a di.staiice / under

a constant electric force X and then for a distance d under no force,

z, the deflection on reaching the screen, will be given by the

equation

Xe /'
,, ,

,, Xe „
z = . « ( 1 + A;0 + .,

dl
mv^- 2

1 +
:U-^

hence we have

?/

z niX
+ d]\ \-kl

Thus the effect of the retardation of the rays by the gas will

be to make the value of ejm given by the uncorrected e.xpression

y- H-e
J fl ,\

= V ^ o + ^0
z A)ii \2 I

too small. In a fairly good vacuum the correction is small : thus if

the gas in the tube is air at the pressure "O] mm., h for particles

moving with a velocity of 8 x 10" cm./sec. is about 'OOSS.

On the other hand, the residual gas will tend to make
the electrical force in the part of the space between the plates

traversed by the rays less than VjD, where F is the potential

difference and I) the distance between the plates ; thus if we put

X= V\J) in the above equation the value of e'rti would, if any

residual gas were present, tend to be too large.

Using this method the author in 1897* obtained the values for

V and elm given in the following table : the first column contains

the name of the gas filling the tube : the different numbers given

under one gas relate to experiments made at different pressures.

Gas V mje (3as r

2-8 X 109

2-5x109

2-2x109

mje

Air
Air

2-8 X 10"

2-8 X 109

2-3 X 109

3-6 X 109

1-3x10-7
1-1x10-7
1-2x10-7
1-3x10-7

Air*
Hydrogen
Carbonic

)

acid ...)

1-1x10-7
1-5x10-7

1-5x10-7
Air
Air*

The mean of the values of m/e is 1-8 x lO-^ or ejm — 11 x 10".

We see too that within the limits of the errors of the ex})eriments

the value of e/wi is the same whether the tube be filled with air,

hydrogen or carbonic acid, so that it does not depend u})()n the

* J. J. Thomson, Phil. Ma,,, v. 44. p. -JDH. 1S07.
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nature of the gas. This result was first obtained by the writer*

by another method ; the pressure in the discharge tube was

adjusted so that the potential difference between the electrodes

in the discharge tube was the same for all the gases tried
;
photo-

graphs were taken of the rays when deflected by a constant

magnetic field and from these it was found that the deflected rays

occupied the same position whether the gas in the tube was

hydrogen, air, carbonic acid or methyl iodide ; these gases give a

wide range of densities as the density of method iodide is about

70 times that of hydrogen. The constancy of the value of ejm for

the ions which constitute the cathode rays is in striking contrast

with the variability of the corresponding quantity in the ions which

carry the current through liquid electrolytes. Experiments were

made on the effect of altering the metal of which the cathode was

made ; the experiments marked with an asterisk in the preceding

table were made with platinum electrodes, all the others were

made with aluminium electrodes ; it will be seen that the values of

e m are the same in the two cases. A further series of experiments

on this point has been made by H. A. Wilsonf, who used cathodes

made of aluminium, copper, iron, lead, platinum, silver, tin and

zinc, and found the same value for ejm in all cases.

If we compare the value of ejm, viz. 7*7 x 10" for the ions in the

cathode rays, with the value of the corresponding quantity for the

ions which carry the cun-ent through liquid electrolytes we are

led to some very interesting conclusions ; the greatest value of ejm

in the case of liquid electrolysis is when the ion is the hydrogen

ion, in this case ejm is about 10^ When we discuss the electric

charge carried by the ion in the cathode rays we shall find that

it is equal in magnitude to the charge carried by the hydrogen

ion, in liquid electrolysis; it follows then that the mass of the

hydrogen ion must be 770 times that of the ion in the cathode

rays ; hence the carrier of the negative electricity in these rays

must be very small compared with the mass of the hydrogen atom.

We shall return to this point when we have studied other pheno-

mena involving gaseous ions.

60. KaufmannJ has introduced a method by which the

deflections due to the electric and magnetic force take place

* J. J. Thomson, Proc. Camb. Phil. Soc. ix. p. 243, 1897.

t H. A. Wilson, Proc. Camb. Phil. Soc. xi. p. 179, 1901.

X Kaufmann, Gottingen Nach. Nov. 8, 1901.
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simultaneously and can be measured with great accuracy. A photo-

graphic plate is placed at right angles to the path of the

undeflected rays and the electric and magnetic fields are arranged

so as to produce deflections in directions at right angles to each

other. Suppose the magnetic field produces a vertical, the electric

a horizontal deflection. Let be the point where the undeflected

rays strike the plate, then if all the rays have the same velocity

the deflected rays will strike the plates at a point (/, the vertical

distance between 0, 0' will be

and the horizontal distance

2 mv- \2

hence if we measure these distances on the plates we have the

means of determining v and e/m. If the particles have different

velocities, then when the rays are deflected we shall have instead

of one point 0', a number of points Oi, 0.,, 0:,; by measuring the dis-

placements of these points we can determine the various velocities

of the particles and the values of e/m. We shall consider later how
Kaufmann applied this method to find the effect of the velocity

on the value of e/m for particles whose velocity is comparable with

that of light,

lonfi in Lenard rays.

61. Lenard* has determined by the method described in

Art. 59 the velocity and the value of e/m for the Lenard rays

;

these rays are cathode rays which have escaped from the discharge

tube through a window of very thin aluminium foil. In his experi-

ments the rays after escaping fi-om the discharge tube entered a

highly exhausted vessel where they were deflected by electric and

magnetic forces in the way described in the preceding article ; the

results of these experiments are given in the following table.

I' cm. /sec. e/m

6-7 X 109

7 X 10"

8-1 X 10"

6-49 X 106

6-32 X lO"

6-36 X 10"

i

Lenard, Wicd. Aim. xUv. p. •27\), lM<»s.
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The mean of the values of ejm is 6'39 x 10*^, which agrees well

Avith the value 7"7 x 10** found above. It will be noticed that the

velocities of the ions in this case are much greater than in the

preceding, taking the two sets together we have velocities of

the ions ranging from 2"2 x 10^ to 8'1 x 10® cm./sec. without any

indication of a change in the value of ej'm.

Lenard* has also made some very interesting experiments on

the effect of an external electric field in accelerating or retarding

the motion of the ions. The apparatus used for this purpose is

shown in Fig. 28.

a

Fig. 28.

The rays after coming through the window A pass through small

holes in two parallel circular metallic plates C'l and C.2 ; of these Cj

is always kept connected with the earth, while Co is charged

positively or negatively by means of an electrical machine ; after

leaving this condenser the rays pass between two plates M, used

for producing the electrostatic deflection, on to a screen S; the

dotted circle round M represents the coil used for producing the

magnetic deflection. The velocities of the ions were measured

(1) when the plates of the condenser CjOo were at the same

potential, (2) when they were maintained at different potentials; it

was found that when the plate G^ was negatively electrified the

velocity in case (2) was less than that in (1), while when the plate

C*2 was positively electrified it was greater ; if Wj is the velocity of

the ions in case (1), v^. that in case (2), then assuming that the

Leimrd, Wled. Ann. xlv. p. 504, 1898.



61-62] THE CHARGE TO THE MASS OF AN lOX. 125

whole change in the energy is due to the action of the electric

field we have

h>i(v.;--v,-) = eV (1),

where V is the potential difference between the plates, V being

taken positive when C. is at a higher potential than Cj. The
results of Lenard's experiments are given in the following table,

the fourth column contains the value e/m calculated b}- equation

(1).

Vi (cm./see.) Vf, (cm. /sec.)
V (electromagnetic

units)
elm

7 xlOio
•68 X 1010

•62 X 1010

•77 X 1010

•79 X 1010

88 X 1010

1

•35 X 1010 _ 291 X lO'o
: 6-2 x 10«

•34x1010 -210x101" 8^1 X 106

•89x1010 +291x101" : 6-9 x 10«

•47x1010 -291x101"
i

6^4 X 10"

1^0 xlOio +291x10'" 6^6xl0«
1-07x1010 +291x101" 6^5 X 100

The constancy of the value of elm is a strong confirmation of

the truth of the theory that the rays are charged particles in

rapid motion.

Method of determining the value of e/m and v by ineasuring

the energy carried by the cathode rays.

62. Many other methods have been employed to measure ejm.

One, used by the writer*, was to measure the energy carried by

the rays. To do this a narrow pencil of rays passed through a

small hole in a metal cylinder and fell upon a thermo-couple, the

couple was heated by the impact of the rays, and by measuring by

means of a galvanometer the rate at which the temperature of

the junction increased, the amount of heat communicated to the

junction in unit time was determined, let us call this amount Q\

then if we assume that all the energy possessed by the cathode

rays is converted into heat we have

i Nmv- = Q,

where iV"is the number of particles which enter the cylinder through

the hole in unit time, m is the mass and v the velocity of a particle.

J. J. Thomson, FhU. Ma(j. v. 44, p. 293, 1897.
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If e is the charge of the ion, then in each unit of time Ne units

of negative electricity will enter the cylinder; the rate at which

the negative charge increases can easily be measured if the

cylinder is insulated and connected with an electrometer; let E
be the rate of increase of the negative electricity inside the

cylinder, then we have

Ne = E.

Eliminating N from these equations we get

1 m
27

Q
E'

If we observe the magnetic deflection produced by a known

magnetic field we determine mvje, hence since we have just seen

how to determine luv'^je we can deduce the values of v and mje.

The results of experiments made in this way are shown below.

Gas V elm

Air
Air
Hydrogen

2-4 X 109

3-2 X 109

2-5 X 109

1-1x107
1-4x107
1-0x107

The mean of the values for ejm is 1'17 x 107.- this value is

considerably greater than the one previously found, the method

however is not so reliable as the preceding one, as three measure-

ments have to be made, the magnetic deflection, the heating effect,

and the rate of increase of the charge in the cylinder, instead of

two, the magnetic and the electric deflection ; and it is not merely

that the measurements are more numerous, they are also more

difficult, as the measurement of the heating effect and the rate of

increase of the charge are much more complicated than that of

the electrostatic deflection. The conductivity given to the gas

by the passage through it of the cathode rays allows some of the

charge in the cylinder to leak away and thus tends to make the

observed value of E smaller than the true one ; if E were under-

estimated the values of e/??i obtained by this method would be too

large. In the experiments described above efforts were made to

diminish this effect as much as possible by connecting the cylinder

to a condenser of large capacity so that the negative charge on the
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rays should only produce a small change in the potential of the

cylinder. We may remark in passing that the chai-ges of negative

electricity carried by the rays are very large, thus with quite a

small hole (about 1 mm. in radius) in the cylinder the potential of

the cylinder would change sometimes as much as 5 volts per second

when exposed to the rays, even though it was connected Avith

a condenser having a capacity about "15 microfarad.

Methods of determining v and ejm from the magnetic deflection

and potential difference between the electrodes of the, discharge

tube.

63. These methods, which were first used by Schuster* in 1890,

are based on the following principles. If V is the potential differ-

ence between the terminals of the tube, then the work done on an

ion in passing from one end of the tube to the other is Ve, hence

the kinetic energy acquired by the ion can not be greater than

Ve, so that

^mv' :^ Ve.

From the observation of the effect of the magnet on the

discharge (Schuster measured the radii of the circles which are

the path of the ions in a strong magnetic field) we know the

value of mv/e, let us call this quantity cj, then from the preceding-

equation we have

/
2F

e ni > ^ .

t

To find an inferior limit for e/m, Schuster took v equal to the

velocity of mean square of the atoms of the gas in the tube ; calling

this velocity U we have

em < —

.

Schuster found for air by this method

e/m:J>ll X 10^

e/m H: 10^

If we assume that the charge on the nitrogen atom is three

times that on the atom of hydrogen in the electrolysis of liquids

* Schuster, Proc. lloij. Soc. xlvii. p. 52().
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and if m is the mass of the nitrogen atom, then ejni is equal to

2 X 10^ ; as this is within the limits foi' e/m previously found,

Schuster concluded that the negatively electrified particles in the

cathode rays in a tube filled with nitrogen are atoms of nitrogen.

We have seen that more recent investigations have led to quite a

different conclusion.

64. Several determinations of the values of ejm and v have

been made on the assumption that the kinetic energy possessed by

the ion is equal to the energy that would be acquired by the ion

in falling through the potential difference V between the anode

and the cathode ; on this assumption we have

^mv^= Ve (1),

and if q or 7)iv/e is determined by the magnetic deflection we have

Determinations of ejin on this principle have been made by

Kaufmann* and subsequently by Simon f. Kaufmann found by

this method that

- = 1-86 X 10^.m

And Simon, who made a very large number of experiments in

which the potential difference between the cathode and anode

ranged from 4860 to 11840 volts, found that

- = 1-865 xlO^m
The value of ejm was found to be independent of the potential

difference. A Wimshurst machine was used to produce the

discharge as this maintains a very much more uniform potential

difference than an induction coil.

The values found for ejm by this method are larger than

those found by the methods previously described; the method

is however open to objection, for it assumes that the kinetic

energy of the ion is equal to the work done on an ion starting

in the cathode itself and thus experiencing the maximum fall of

* Kaufmann, Wied. Ann. v. 61, p. 544; 62, p. 596, 1897; 65, p. 431, 1898.

+ Simon, Wied. Ann. v. 69, p. .589, 1899.
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potential possible in the tube, and also that all the work done

by the electric field is spent in increasing the kinetic energy of

the ion while none of this energy is lost by the collisions of the

ion Avith the molecules of the gas through which it passes. Now
we have no right to assume without proof that the ion starts from

the cathode itself; we shall see that, at any rate when the

pressure is not very low, large numbers of ions are produced at

some little distance away from the cathode, and as the change of

potential in the neighbourhood of the cathode is very rapid such

ions would experience a notably smaller potential fall than those

starting from the cathode itself Nor is the fact that the values

of ej'm found by this method are independent of the potential

difference a conclusive proof that the ions under observation

started from the cathode. For suppose that the distance from

the cathode of the place from which the greater part of the ions

start is d, and that F/S is the potential gradient, then the fall of

potential experienced by these ions is F(l— /3rf); now /9 diminishes

as the pressure of the gases diminishes while d increases, so that

it is quite possible that /Srf is independent of the pressure of the

gas (it would be so if for example /3 were directly and d inversely

proportional to the pressure); in this case the fall of potential

experienced by the ions would always be a constant fraction of

the total fall of potential in the tube, so that the value of ejm

determined by equation (1) would always bear a constant ratio

to the true value. As the maximum potential difference used by

Simon was only about 1100 volts the pressure could not have

been very low in his experiments. When the pressure of the gas

is exceedingly small the number of collisions with the molecules

of a gas made by an ion in its journey down the tube may be

so greatly reduced that but few fresh ions are produced by the

collisions, and in this case the greater number of the ions may come
from the electrode itself, but even in this case the use of equation

(1) is not legitimate, as part of the work may be spent in tearing

the ions out of the metal and only the remainder is available

for increasing the kinetic energy.

These considerations show that the use of equation (1) leads

to an over-estimate of the kinetic energy of the ion and therefore,

since ejm = mv^jecf, the value of ejin calculated by this method
will tend to be too large.

T. G. 9
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Recent experiments made by Seitz* show that, however, when

the pressure of the gas is very low the kinetic energy acquired by

the corpuscles is equal to Ve. The deflection of the corpuscles by

an electric field, the heat produced by them, and, on the preceding

assumption, the fall of potential at the cathode all involve the

same quantity, the kinetic energy of the corpuscle. Seitz deter-

mined the kinetic energy by each of these methods and found that

they gave the same value.

The method used by Lenard, and described on page 124, though

it depends upon the same equations is not open to these ob-

jections, as in this method the potential difference which enters

into the equations is applied to the ions after they have been

produced and started on their path, and in this case the increase

in the kinetic energy must equal the work done if we can neglect

the loss of kinetic energy of the ions produced by collisions with

the molecules of the gas ; this eifect can be eliminated by working

at very low pressures and varying the length of path traversed

by the ion under the electric field.

Becker -f-
has quite recently determined e/m for cathode rays by

this method, he finds ejm = 1-8 x 10' the velocity of the rays was

about 10^" cm/sec.

65. In January, 1897, Wiechert| published a determination

of the values between which e/m must lie. The principles on

which this determination is based are as follows : by measuring

the magnetic deflection in a field of known strength we can

determine --v: to get a second relation between mje and v,

e '

Wiechert put

V^*-''^ (1^.

where V is the difference of potential between the electrodes in

the discharge tube and k an unknown quantity which cannot be

greater than unity. To get the maximum value of v, and there-

fore the maximum of ejin, k in equation (1) was put equal to unity.

To get minimum values for v and ejm Wiechert assumed that

the kinetic energy of the ions in the cathode rays was greater

than that due to a fall through a potential difference equal to

* Seitz, Ann. der Phys. viii. p. 233, 1902.

t Becker, Ann. der Pliy. xvii. p. 381, 1905.

:J:
Wiechert, Sitzungsher. d. Physikal.-bkonom. Gesellsch. zu Konigsherg, i. Pr.

38, p. 1, 1897.
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the ' cathode fall of potential.' The cathode fall of potential is

the difference between the potential of the cathode and that of a

point on the outer boundary of that dark space in the discharge

which adjoins the cathode. Warburg has shown that this cathode

fall of potential is independent of the magnitude of the current

through the gas, of the pressure of the gas and, within certain

limitations, of the nature of the electrodes. As its value in air is

about 270 volts, Wiechert assumed that a minimum value for

kV was 200 volts. The grounds for this assumption do not seem

obvious ; a priori it would seem more probable that the minimum
value to take for kV should have been the potential difference,

not between the cathode and the outer boundary of this dark

space, but between this boundary and the place where the mag-

netic deflection of the rays was determined, for we know that the

rays are fully developed at this boundary, and it is by no means

so certain that at moderate pressures they all exist close to the

cathode. Using these assumptions, however, Wiechert found for

the maximum value of e/m the value 4 x 10^ and for the minimum
value 4 x 10".

66. Wiechert* has also determined by direct measurement

the velocity of the ions in the cathode rays, using a method first

applied by Des Coudresf for this purpose. The principle of the

method is as follows : suppose that ABCD, A'B'G'D' are two circuits

traversed by very rapidly alternating currents, such as those

produced by the discharge of a Leyden jar, let us suppose that

the currents in the two circuits are in the same phase, and that

these circuits are placed close to a tube along which cathode rays

are passing. The currents in the circuits will give rise to electric

and magnetic forces which will deflect the rays as they pass by

the circuits. If the velocity of the rays were infinite, then the

deflections produced by the two circuits on the rays would be

equal and in the same direction ; if however the rays take a finite

time to travel from one circuit to the other, and if the distance

between the circuits is adjusted so that this time is equal to

half the period of vibration of the current, then the deflection

produced by the first circuit will be equal and opposite to that

produced by the second ; or if the distance between the circuits

* Wiechert, Wied. Ann. Ixix. p. 739, 1899.

t- Des Coudres, Vm-luiitdl. d. phiiaikdl. Gcsclhcli. zu Berlin, xiv. p. 86, 1895.

9—2
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is such that the time taken by the rays to pass from one circuit

to the other is equal to one quarter of the period of the currents,

then when the effect produced by the circuit ABCD is a maximum
that produced by A'B'C'D' will be zero.

The arrangement used to apply these principles to determine

the velocity of the cathode rays is represented in Fig. 29 ; ABCD,
A'B'C'D' are the circuits carrying the currents produced by the

discharge of the jars, (7 is a concave cathode, Bj, B^ metal dia-

phragms perforated at the centre, G a screen covered with some

material which becomes phosphorescent when bombarded by the

cathode rays. M is a horse-shoe magnet which deflects the rays

from the hole in the diaphragm B^, so that when no currents are

FiK- '29.

passing through ABCD, A'B'C'D' the cathode rays are stopped by

the diaphragm and the phosphorescent screen remains dark. When
a current passes through ABCD the pencil of cathode rays is de-

flected and swings backwards and forwards like a pendulum ; if

during the swing the pencil strikes the hole in B^ some of the

rays will get through B^ and £.3, and the screen G will be illumi-

nated. The brightness of the illumination will be greatest when

the hole in B^ is just at the extremity of the swing caused by

the current in ABCD, for in this case the pencil is momentarily at
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rest, and the time the pencil remains on the opening is therefore

a maximum. If there is no current in A'BCD' the position

of the phosphorescent spot on the screen will be on the line

joining the holes in the two diaphragms; if a current in the same

phase as that through ABCD is passing through A'B'C'D', then

since the cathode rays that reach the diaphragm are displaced

upwards by the current in ABCD, they will be similarly displaced

by that in A'B'C'D', and the phosphorescent patch will be above

the line joining the holes in the diaphragm, while if the current

in A'B'C'D' is in the opposite phase the patch will be displaced

downwards, the direction of the displacement of the patch will

be reversed by reversing the poles of the magnet. If however

the phases of the currents in ABCD, A'B'C'D' differ by a quarter of

a period, then when the vertical displacement due to ABCD is

a maximum that due to A'B'C'D' will be zero, and the vertical

distribution of the light on the screen G will not be affected by

reversing the magnet M. We can ensure that the rays which

get through the opening in B^ are those which are passing when
the vertical displacement due to the current in ABCD is greatest,

by gradually increasing the deflection of the rays by moving the

magnet M; when we have got M into such a position that any

further increase in the deflection prevents any rays from reaching

the screen, we know that only those which suffer the maximum
deflection come under the action of A'B'C'D' ; if then we move

A'B'C'D' into such a position that the vertical distribution of phos-

phorescence on the screen is not affected by reversing M, we

know that when the rays are passing A'B'C'D' the current in this

circuit differs in phase by a quarter period from the phase of the

ciuTent in ABCD when the rays were passing that circuit. If the

circuits ABCD, A'B'C'D' are arranged so that the currents in them

are simultaneously in the same phase, we know that the rays must

have taken a time equal to one quarter of a period of the currents

to pass from ABCD to A'B'C'D'. The period of the currents can

be determined by Lecher's method *, hence knowing the distance

between the circuits we can determine the velocity of the rays.

The arrangement used to carry out this method is represented

in Fig. 30. CC are two pairs of parallel plates, the upper pair

of plates are connected with the spark gap F, which is also con-

nected with the terminals of an induction coil, the lower pair of

* I.echer, Wied. Ann. xci. p. HoO, 1890.
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plates are connected symmetrically with the circuits A BCD,
A'B'G'D'. The cathode rays are produced by a system in electrical

connection with that producing the alternating currents. L and L

are two Leyden jars whose outer coatings are connected with the

extremities of the spark gap F, the inner coatings of the jars

are connected with the primary coil of a high tension transformer,

the secondary coil of which is connected with the anode and

cathode of the discharge tube. In order to prevent the rays

being scattered to the walls of the tube during their passage

from one circuit to another a magnetising spiral was wound

round the tube producing a magnetic force parallel to the length

Fig. 30.

of the tube ; this concentrated the rays along the axis of the tube

and made the observations easier. With this contrivance it was

found possible not merely to find a position of A'B'G'D', when the

currents differed by a quarter of a period, when the rays passed

through them, but to find the second position when they differed

by three-quarters of a period.

If \ is the distance between the circuits when they differ by

a quarter period, L the wave-length of the electrical waves pass-

ing through these circuits, v the velocity of the rays, and 1'' the

velocity of light, then
V X

V ^ L/l'
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Thus, in one experiment, i = 940 cm., A. = 39, hence v is about

5 X 10^ The pressure was between h and ^ of a millimetre.

V being determined, we get e/m from the value of mv/e, which

is got by measuring the magnetic deflection of the rays. The

determination of v by this method is difficult and we cannot

expect a high degree of accuracy. As the result of his experi-

ments, Wiechert came to the conclusion that the value of e/m

is between 1"55 x 10'' and 1"01 x lO''. The most probable value he

gives as 1*26 x lO"''.

Determination of elm for the negative ions produced when ultra-

violet light falls on a metal plate, the gas through which the

ions pass being at a very loiu pressure.

67. The writer* determined the values of ejm for the negative

ions produced by the incidence of ultra-violet light on a metal plate

by the following method. It is proved on page 114 that when

an ion starts from rest from the plane x = 0, at the time ^ = 0,

and is acted on by a uniform electric field of strength A'', parallel

to the axis of x, and by a uniform magnetic force H, parallel

to z, the position of the particle at the time t is given by the

equations

"^ e H^ [m \m ))

where x and y are the coordinates of the ion. The path of the

ion is thus a cycloid and the greatest distance the ion can get

from the plane a; = is equal to 2mX/eH^.

Suppose now that we have a number of ions starting from

the plane x = 0, and moving towards the parallel plane x = a,

supposed to be unlimited in extent ; if a is less than '2mXleH-

all the ions which start from x = will reach the plane x = a,

while if a is greater than 2mX/eH- none of the ions will reach

this plane. If a; = is a zinc plate illuminated by ultra-violet

light, and thus the seat of a supply of negative ions, and x = a

a metal plate connected with an electrometer, then when a

definite electric intensity is established between the plates, so

that the number of ions which leave the plate in unit time is

* J. J. Thomson, Phil. Mag. v. 48, p. 547, 1H99



136 DETERMINATION OF THE RATIO OF [V

fixed, and if a is less than 2X'm/eH'\ all the ions which start

from x = will reach the plane x = a. Thus the rate at which

the plate connected with the electrometer receives a negative

charge will be the same when there is a magnetic force acting

across the plate as when there is no such force. If however

a is greater than IXmjeH'^, then no ion which starts from a-' =

will reach the plane x = a, and this plate will not receive any

negative charge : so that in this case the magnetic field entirely

stops the supply of negative electricity to the plate connected

with the electrometer. Thus, on this theory, if the distance

between the plates is less than a certain value, the magnetic

force produces no effect on the rate at which the plate connected

with the electrometer receives a negative charge, while when the

distance is greater than this value the magnetic force entirely

stops the supply of negative electricity to the plate. The actual

phenomena are not so abrupt as this theory indicates. We find

in practice that when the plates are near together the magnetic

force produces only an exceedingly small effect, and this an

increase in the rate of charging of the plate. On increasing

the distance between the plates, we come to a stage where the

magnetic force produces a very great diminution in the rate of

charging; it does not, however, stop it abruptly, as there is

a considerable range in which the magnetic field diminishes but

does not entirely stop the supply of negative electricity to the

plate. At still greater distances the current to the plate under

the magnetic force is quite insignificant compared with the

current when there is no magnetic field. We should get this

gradual instead of abrupt decay of the current if the ions

were projected with finite velocity, or if, instead of all starting from

the plane x = 0, they started from a layer of finite thickness t',

in this case the first ions which failed to reach the plate would

be those which started from ^ = 0, this would occur when

a = 2mXJeH'-, some ions would however continue to reach the

plate until a = t-\- 2mX/eH'\ Thus if we measure the distance

between the plates when the magnetic force first begins to retard

the current, we can, if we know the values of X and H, determine

the value of e/m. The finite thickness of the layer from which

the ions start may be explained by the use of a principle which

we shall find of great importance in many other phenomena

connected with the discharge of electricity through gases : it is
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that when ions move through a gas with a velocity exceeding a

certain limit, the ions by their collisions with the molecules of the

gas through which they move produce fresh ions. Thus when the

negative ions which start from the metal surface acquire under the

electric field a certain velocity they will produce new ions, and

thus the ionisation will not be confined to the metal plate but

will extend through a layer of finite thickness.

In using this method of determining ejm it is necessary to

have the gas between the plates at a very low pressure, so low

that the mean free path of the ion is at least comparable with

the distance between the plates ; if this is not the case the resist-

ance offered to the motions of the ions by the viscosity of the gas

prevents the preceding investigation from being applicable.

The mean value of ejm found in these experiments was
7-3 X 10*'. It thus agrees very well with the value 7-6 x 10" found

for the same quantity for the carriers of the negative electricity in

the cathode rays : and proves that the carriers of electricity in the

two cases are the same, or, as we may express it, that a metal

plate emits cathode rays when illuminated by ultra-violet light.

FiK. 31.

68. Lenard* in 1900 also measured the value of ejm in the

case of the discharge of negative electricity through gas at

a very low pressure from a cathode illuminated by ultra-violet

light. The arrangement he used is represented in Fig. 31. A is

* Lenard, Ann. d. Phi/s. ii. p. 359, l'.»00.
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an aluminium plate on which the ultra-violet light shines : this

light comes from a spark between zinc electrodes and enters

the tube through the quartz window B. E is another metal

electrode perforated in the middle and connected with the earth,

it shields the right-hand part of the apparatus from the electro-

static action of the charged electrode A. D and C are electrodes

which can be connected with an electrometer. When A is charged

up a stream of negative electricity goes through the opening in

E, and striking against the plate D, charges up the electrometer

with negative electricity. If the electrometer be connected with

C instead of with D, it will not receive any charge. We can

however give G a charge by deflecting the stream of negative

ions by a magnet until they strike against C. As we still further

increase the magnetic field the ions will be deflected by the field

past C, and the charge communicated to C will fall off rapidly.

The amount of negative electricity received by the electrodes D and

C respectively, as the magnetic force is increased, was in Lenard's

experiments represented by the curves in Fig. 32. The ordinates

are the charges received by the electrodes and the abscissae the

values of the magnetic force. The curve to the left is for the

Fig. 32.

electrode D, that to the right for C. Since the negative ions are

not exposed to any electric field in the part of the tube to the

right of E their paths in this region under a constant magnetic

field will be circles whose radii are equal to mv/eH. Now C will

receive the maximum charge when the circle with this radius

passing through the middle of the hole in E, and having its

tangent at this point horizontal, passes also through the middle

of the electrode C. The radius R of this circle is fixed by the

relative positions of E and C. Hence, if we measure H when

C receives its maximum charge, we have

R^
eH .(1).
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The velocity is determined by the assumption that the work

done by the electric field, when the ion passes from A to E, is

spent in increasing the kinetic energy of the ion (we have already

considered on page 128 the objections which may be raised against

this assumption) : this leads to the equation

hjnv^=Ve (2),

where V is the potential difference between A and E. From
equations (1) and (2) the values of ejin and v can be determined

In this way Lenard found that ejm for the negative ions produced

by the action of ultra-violet light in a gas at a very low pressure

is equal to 1'15 x 10 ^

Reiger* found for the negative ions emitted by glass when
exposed to ultra-violet light values of ejm ranging from 9'6 x 10

to 1-2 X 10^

Value of e/rn for the negative ions produced hy an

incandescent wire.

69. A metal wire when raised to a white heat in a gas at

a very low pressure gives out negative ions ; the writerf has

determined the value of e/m for the negative ions given out by an

incandescent carbon filament in hydrogen at a very low pressure.

The method used was the same as that used by him to determine

the value of e/77i for the ions produced by the action of ultra-violet

light, and which has alread}^ been described on page 135. The
value of e/m found in this way was 8"7 x 10", which agrees within

the errors of experiment with the values found for e/m for the

ions in the cathode rays, and for those produced by the action of

ultra-violet light.

For the particles emitted by a glowing Nernst filament Owen;!:

found e/ni = 5-65 xlO\ and for those emitted by glowing lime

Wehnelt§ found e/m= 1*4 x 10".

Value of ejm for the negative ions emitted hg radio-active

substances.

70. It has been shown by M. and Madame Curie !| that the

* Eeiger, Ann. d. Fhijs. xvii. p. 947, 1905.

t J. J. Thomson, Phil. Mag. v. 48, p. 547, 1899.

J Owen, Phil. Mag. vi. 8, p. 230, 1904.

§ Wehnelt, Ann. d. Phys. xiv. p. 425, 1904.

II
M. et Mme. Curie, Compte.'s lii-ndus, t. 130, p. 647.
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radioactive substance radium emits negative ions. The velocity of

these ions and the value of e/m have been determined by Becquerel*.

The method he employed was to measure the deflections of the

rays produced by an electrostatic and also by a magnetic field.

The experiments were made at atmospheric pressure, and the

resistance offered to the motion of the ions by the gas through

which they pass was neglected: this would not be justifiable in

the case of the ions we have hitherto been considering, but as

the ions emitted by radium are very much more penetrating than

those we have hitherto considered, and are able to travel as far

through a gas at atmospheric pressure as other kinds of ion

travel through a gas at a very low pressure, we shall probably get

approximately the right values for e/m and v for the radium ions

even if we neglect the resistance of the gas. The radium was

placed below two parallel vertical metal plates, about S'S cm. wide

and 1 cm. apart ; above these metal plates was a horizontal photo-

graphic plate protected by a covering of black paper from the action

of light ; a thin slip of mica, symmetrically situated with respect to

the metal plates, was placed over the radium, this cast a shadow

on the photographic plate which when the metal plates were at

the same potential was at the middle of the field ; when a great

difference of potential, 10,200 volts, was maintained between the

plates the position of this shadow was displaced towards the

positive plate. Consider an ion passing between the plates, then

if I is the length of its path between the plates, F the electric

force acting upon it, the displacement of the ion parallel to the

lines of electric force when it leaves the region between the plates

is X , and its direction of motion is displaced through an
2 m V-

angle tan~^ , hence if h is the vertical distance of the photo-
° VI V-

graphic plate above the upper edge of the parallel metal plate,

the point where the ion strikes the plate will be deflected through

a space S parallel to the line of electric force, where 8 is given

bv the equation

^ 1 Fe I' , Fe I

2 m V m V-

m V- (2 )

* Becquerel, Rapports presentis au Congres International de Plnjsique u Paris,

t. iii. p. 47, 1900.
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The magnetic deflection was found in the following way: a

small quantity of radium was placed in a little lead saucer on

a photographic plate ; as none of the rays from the radium reach

the plate the latter is not afifected ; if however a strong magnetic

field, with the lines of force parallel to the plate, acts on the

negative ions coming from the radium, these will be bent round

and will strike the plate, producing a photograph.

To find the boundary of this photograph, let us take the

plane of the photographic plate as the plane of xy, the magnetic

force H being parallel to x ; the equations of motion of an ion are

d-x d-y rj d^ d'^z n dy

the solutions of these equations are, if to = Hejin, and u, A , B
are constants,

X = ut,

y = A{\— cos (x)t) -\- B sin wt,

z = A sin o)t + B (cos cot—l).

If V and lu are the values of dy/dt, dzjdt when ^ = 0, we have

•y = — ( 1 — cos (ot) + - sm wt,
ft) ft)

z = — sin wt -\— (cos (ot — l);
ft) ft)

when the ion strikes the plane we have ^ = 0, hence

tan hwt = ~
.

V

Now if the ion is projected so as to make an angle 6 with

the direction of the magnetic force, and if the plane through the

direction of projection and the axis of x makes an angle with

the plane oi xz, we have, if V is the velocity of projection,

u = Fcos 6, i; = Fsin ^ sin (/>, w = Fsin 6 cos (^,

hence tanift)^ = cot^

= tan (|-</>

thus ft)f = TT - 2(/).
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Substituting this value for t, we find, if f and t] are the co-

ordinates of the point where the ion strikes the photographic

plate,

V

(I)

_2Fsin^cos^

Thus, for the particles projected in a plane through the axis

of CO, the locus of the points where they strike the plate will be

2Fcos(^ , F(7r-2(^) ^
an ellipse whose semi-axes are ana . ror

^
CO (O

the particle projected in the plane of xz, the semi-axes of the

ellipse are 2V/co and ttV/co. An example of such an ellipse is

shown in Fig. 33, which is copied from a photograph by Becquerel.

FiK. aa.

By the measurement of the axes of the ellipse we can deter-

mine F/&), i.e. VmjeH. As the radium emits ions having velocities

extending over a considerable range, the impression on the plate

is not the arc of a single ellipse, but a band bounded by the

ellipses corresponding to the smallest and greatest velocities of

the ions. Becquerel took photographs when the ions from the

radium went (1) through the air at atmospheric pressure, and

(2) through air at very low pressure ; the photographs were found

to be identical, in fact one-half of the photograph represented

in Fig. 33 is produced by ions going through air at atmospheric

pressure, and the other half by ions going through air at a very

low pressure. The identity of the results in the two cases justifies

us in our neglect of the resistance of the air.

A simpler method than the electrostatic one used by Becquerel

to get a second relation between v and e/m, would be to place

the radium on a photographic plate in a little tube so that all

the ions start at right angles to the plate. A uniform magnetic
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field acts parallel to the plate, and that above the photographic

plate , and parallel to it is a metal plate which is connected

with an electric machine ; when this plate is charged with elec-

tricity there will be a strong electric field acting on the ion

parallel to its direction of projection and at right angles to the

magnetic force. If photographs are taken (1) with the plate

uncharged, (2) with the plate charged, the two photographs will

give lis a simple method of finding v and e/m. For let us suppose

that all the ions have the same velocity V, the distance 2R of

the image in the first photograph fi-om the radium is given by

the equation

m V
e H

To find the distance of the image in the second photograph,

let us take the same axes as before, and let Z be the electric

force at right angles to the plate, then the equations of motion

of an ion are

d-z „ „ dym -y-^- Ze — He ~-
,

dt' dt

d"i/ TT d^

The solution of these equations, when z, y, dyjdt vanish when
^ = 0, is

Z f. sinw^, V

Z V
z = -jjr- (1 — cos wt) -\— sin Q)t,

£1(0 (O

where Fis the velocity of projection of the ion.

When the ion strikes the photographic plate z = 0, hence

V
tan h oot = —

ZIH

Substituting this value of t in the expression for y we find, if iij

is the distance from the radium of the point at which the ion

strikes the plate,

but 2 F/ct) = i^, where R is the distance from the radium of the
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point of return of the ion when the upper metal plate is not

charged, hence we have

or ^cot- -^
^ijj,

. V
hence since tan ^ (ot — — ^tjt

we have ^'^"^ ^bT JlH" ZIH ^
^'

an equation by which we can determine the vahie of V/{Z/H).

When V is known, e/rn can be determined from the value of R.

When Z/H is small compared with V an approximate solution

of equation (1) is

Becquerel did not use this method of determining V, but the

electrostatic method previously described; the latter method is

not however in many respects so convenient as the one just given.

As the result of his experiments Becquerel found for one set

of rays given out by the radium

thus the value of ejm is the same for these negatively charged

ions from radium as for the ions in the cathode and Lenard rays,

as well as for those produced by ultra-violet light or by in-

candescent metals. The velocity of the ions is much greater than

any we have met with in the case of ions arising in other Avays,

amounting as it does to more than half the velocity of light;

the ions chosen by Becquerel for this experiment were by no

means the fastest given out by the radium. Becquerel detected

the existence of others whose velocity was at least half as much

again as the velocity of those he measured.

It may be convenient to summarise in a table the results of

the measurements of e/m made by different observers, and with

ions produced in different ways.
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Table of values of ejin.

Source of Ions Observer Date Method of Determination Value of ejm 1)XlO-3

Cathode rays J.J.Thomson 1897 Magnetic and electrostatic

deflection

7-7 X 10« 2-2—3-6

" J.J.Thomson 1897 Magnetic deflection and
heating effect

1-17 X 10' 2-4—3-2

" Kaufmanu 1897-8 Magnetic deflection and
potential difference

1-86x10"

" Simon 1899 Magnetic deflection and
potential difference

1-865 xW
" Wiechert 1899 Magnetic deflection and

velocity of ions

1-01 x 10^—
1-55 X 10"

" Seitz 1901 Magnetic and electrostatic

deflection

6-45 X 10« 7-03

" Seitz 1902 Magnetic and electrostatic

deflection, heating effect

and potential difference

1-87 X 10^ 5-7—7-5

" Starke 1903 Magnetic and electrostatic

deflection

1-84 X 10^ 3-8—12

" Reiger 1905 Magnetic deflection and
potential difference

1-32 X 10"

" Becker 1905 Magnetic deflection and re-

tardation in electric field

1-8 X 10" 10

Lenard rays Lenard 1898 Magnetic and electrostatic

deflection

6-39 X 106

" Lenard 1898 Magnetic deflection and re-

tardation in electric field

6-8 X 10" 3-4—10

Ultra-violet

light

J.J.Thomson 1899 Retardation of discharge

by magnetic field

7-6 X 10«

" Lenard 1900 Magnetic deflection and
potential difference

1-15 X 10"

" Reiger 1905 Magnetic deflection and
potential difference

9-6xl0«—
1-2 X 10^

Incandescent
metals

J. J. Thomson 1899 Retardation of discharge

by magnetic field

8-7 X 10"

Incaudesceut
oxides

Owen 1904 Retardation of discharge
by magnetic field

5-6 X 10*5

n Wehnelt 1904 Magnetic deflection and
potential difference

1-4 X IF

Radium Becquerel 1900 Magnetic and electrostatic

deflection

10" approxi-

mately
2 X 10'"

)) Kaufmann 1901-2 Magnetic and electrostatic

deflection

1-77 X 10^

for small
velocities

Polonium
(slow rays)

Ewers 1906 Magnetic and electrostatic

deflection

1-7 X 107

T. G. 10
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It is to be noted that these large values of ejin for gases only

occur when the pressure of the gas is very low, when in fact there

is very little gas for the ion to get entangled with ; when the

pressure of the gas is high, the ion seems to act as a nucleus

round which the molecules of the gas collect; the ion thus gets

loaded up, and the ratio of ejm is very small compared with

its value at lower pressures.

Value of ejm for the 'positive ions.

71. The number of determinations of the value of ejin for the

ions which carry the positive charge is small compared with those

made for the corresponding quantity for the negative ions. The

first determination of the value of efm for the positive ions was

made by W. Wien*. The positive ions he used were those which

occur in what are known as ' canal-strahlen.' If an electric dis-

charge passes between an anode and a cathode perforated with

a number of holes, then behind the cathode, i.e. on the side of

the cathode opposite to the anode, pencils of light are seen to

ill,^j)t)))„})}m»ii)i)in}>lU)l)jlii!n>:ininniiii,lllir.

penetrate through the holes as in Fig. 34 f, producing phosphor-

escence when they strike the glass. These rays—the canal-

strahlen—have been shown by Wien to consist of positively

charged ions. He exposed a long pencil of these rays coming

through a perforated iron cathode to both an electrostatic and

a magnetic field, and measured the corresponding deflections;

from these he deduced by the method described in § 59, the

values of ejm and v, and found

-y = 3-6 X 10'' cm./sec, while ejin = 300.

The ' canal-strahlen ' or positive rays are only deflected with

great difficulty, and it is necessary to use very strong fields ; this

increases the difficulty of the investigation ; in Wien's experiments

* W. Wien, Wied. Ann. Ixv. p. 440, 1898.

t Wehnelt, Tried. Ann. Ixvii. p. 421, 1899.
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the strength of the magnetic field was 3250. It will be seen that

the velocity of the jjositive ions is very much smaller than that

of any of the cathode rays hitherto measured, while the value of

ejm is of an entirely different order, being only about 1/30000 of

the value for the negative ion ; moreover the value of ejm for the

positive ions in the gas is of the same order of magnitude as the

value of ejin in the ordinary electrolysis of solutions. Thus if m
were the mass of the atom of iron, e the charge carried by an atom

of hydrogen, ejm is about 200, or since iron is divalent the value

of ejm for the ion in the electrolysis of solutions is about 400.

We have not however sufficient data to enable us to determine

whether the can-iers of the positive electricity in the ' canal-

strahlen ' are the atoms or molecules of the metal of the cathode

or of the gas in the tube.

In some later experiments Wien* has measured the value of

ejm for the ' canal-strahlen ' in tubes filled with different gases, he

found that the most deflectible rays gave values for ejm of the

order 10^ i.e. the value for the hydrogen atom, not only when the

tube was filled with hydrogen but also when it was filled with

other gases very carefully prepared : the phosphorescence due to

the most deflectible rays was however much greater in hydrogen

than in air or oxygen. We shall see that a metallic cathode emits

hydrogen with great persistency, so that it is practically impossible

to prepare a tube which does not contain hydrogen near the

cathode. Along with these deflectible rays Wien found in a

tube filled with hydrogen, rays for which ejm was less than 1/650

of the gi-eatest value, 10*. This would imply if we suppose the

particles to retain their charge during the whole of their course

that the mass of these particles is more than 650 times that of the

hydrogen atom : this is enormously greater than the mass of the

hydrogen ion in a weak electric field, while in the strong fields

acting on the ' canal-strahlen ' we should expect the mass of the

ion to be less than in weak fields. These heavy particles may be

pieces of metal torn off the cathode. I observed some time ago

similar differences in the masses of the positive ions emitted by

incandescent metals (see Art. 62).

The energy in the particles forming the positive rays or ' canal-

.strahlen ' is that which they would acquire by a fall through a

potential difference of about 16000 volts. As we knoAV the charge

and the mass of the particles forming the positive rays, we can

* Wien, Ann. der Phi/s. viii. p. 211. 1!)02.

10—2
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compare the energy in the particles due to this difference of

potential with the mean energy possessed at any temperature by

the molecules of a gas, the mass of the molecules being the same

as that of the particles in the positive rays ; doing so we find

that even at the highest attainable temperature the energy of a

molecule in the gas would be quite insignificant in comparison

with that of a jDarticle in the positive rays.

72. The writer has determined the value of e/wi for the positive

ions by the method described on page 135 for the determination

of the value of ejm for the negative ions produced by the action

of ultra-violet light. The positive ions were produced by raising,

by means of an electric current, an iron wire to a red heat in an

atmosphere of oxygen, the pressure being very low. The wire

was parallel to a metal plate connected with an electrometer, the

distance of the wire from the plate was 4 mm. If the wire was

charged positively the plate and the electrometer received a j^osi-

tive charge, the current passing between the plate and the hot

wire being easily measured by the electrometer ; if now the space

between the hot wire and the plate was placed in a very powerful

magnetic field, the lines of force being parallel to the plate, the

rate of leak from the wire to the plate was found to diminish if

the potential difference between the wire and the plate did not

exceed a certain value—just as in the corresponding case of

the negative ions produced by ultra-violet light—but while in the

latter case a comparatively feeble magnetic force is sufficient to

diminish the current, it requires a very powerful magnetic force

to produce the effect with the hot wire ; thus for example in m}^

experiments on the positive ions I used a magnetic field of

strength 12400 c.G.S. units, while in the experiments on the

negative ones a field of 100 was amply sufficient to produce very

appreciable effects. In the case of the hot wire I found that

using a magnetic field of strength 12400 the rate of leak was
less when the magnetic field was on than when it was off, when
the potential difference between the plates was less than 50 volts

;

when it exceeded this value the rate of leak was the same
whether the magnet was on or off. Thus when jSr= 12400 and
X = 50 X 107"4 the critical distance is '4 cm. Hence by the

results given we have

2 X 50 X 10« m
~

-4 X (12400)^7'
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or -- = 400.
Ill

This is about the value for ejin for the ion of iron in electrolysis

:

it does not however prove that the carriers of the positive elec-

tricity are the atoms of iron, for if m were the mass of a molecule

of oxygen and e the charge on a hydrogen ion in the electrolysis of

solutions ejm would be about 310, and the difficulties of the

experiment are so great that we cannot say that this result differs

from that actually found by more than the possible errors of the

experiment.

We see however that for the positive ions ejin is of the same

order as in ordinary electrolysis of solutions, and is variable, while

for negative ions it is of an entirely different order, and is

constant.

The effect of the strongest magnetic fields I have been able to

use on the current when this is carried by positive ions is very

much less marked than the effect of comparatively weak fields on

the current when it is carried by negative ions. In the case of

the positive ions the magnetic force, even in the most favourable

circumstances, only diminishes the current, it does not entirely

stop it : this points to the conclusion that the carriers of the

positive charge are not all of one kind, but that some are much
heavier than others ; thus in the case of the leak of positive

electricity from a hot platinum wire the study of the effect of the

magnetic field on the current leads to the conclusion that

a part of the current is carried by molecules of oxygen and the

rest by molecules of platinum, or perhaps by aggregates of several

molecules. The proportion between the numbers of the different

kinds of carriers seems to vary very largely with the temperature

and state of the surface of the platinum.

Rutherford* has shown that radium emits positively charged

particles moving with enormous velocities, for these })articles

he finds ejm = 6 x 10^ v = 2-5 x 10»; these values are confirmed

by the experiments of Des Coudres, who found

e/m = 6-4 x 10=^, v = 1-65 x 10«.

Recent determinations by Mackenzie f on those particles make
e/m = .5x1 0^

* Kutlierford, Pliil. Maij. G, v. ^i. 177, 1903. Des Coudres, rinjK. Zrit, iv.

p. -183, 1003.

t Mackenzie, Phil. Ma<i. [6], 10, p. .538, 1<J07.



CHAPTER VI.

DETERMINATION OF THE CHARGE CARRIED BY THE
NEGATIVE ION.

73. We have seen that the value of ejm for the negative ions in

gases at a low pressure is more than a thousand times the greatest

value of the ratio of the same quantities for ordinary electrolytes.

The question at once arises, is this due to a difference in the

masses of the ions, or to a difference in their electrical charges, or

to both these causes? to decide these points we must determine

the value of m or e. The writer made in 1898* and 1899t

determinations of the value of e for the ions produced in one

case by Rontgen rays and in the other by ultra-violet light.

The method was based on the discovery made by C. T. R. Wilson

+

(see Chap. VII.) that gaseous ions, whether positive or negative,

act as nuclei for the condensation of clouds even in the absence of

dust ; and that if we have a mass of dust-free gas containing ions

in a closed vessel, and cool the gas by a sudden expansion, then

a cloud will be produced if the ratio of the volume of the

gas after expansion to the volume before is gi'eater than 1-25.

An expansion of this amount is quite incapable of producing

more than very slight condensation in the gas if it does not

contain ions. The water condenses round the ions, and if these are

not too numerous each ion becomes the nucleus of a drop of Avater.

Thus by producing a sudden expansion in a gas containing ions

we can get a little drop of water round each ion ; these drops

are visible, and we can measure the rate at which they fall.

Sir George Stokes has shown that if v is the velocity with

which a drop of water falls through a gas, a the radius of the

* J. J. Thomson, Phil. Mag. v. 46, p. 528, 1898.

t J. J. Thomson, Phil. Mag. v. 48, p. 547, 1899.

+ C. T. K. Wilson, Phil. Trans. A, p. 265, 1897.
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drop, /4 the coefficient of viscosity of the gas, and g the acceleration

due to gi'avity, then

thus if we measure v we can determine a, and hence the volume

of each drop. If q is the volume of water deposited from each

cubic centimetre of the gas, n the number of the drops, we have

q = niira?.

To find q we may proceed as follows : the gas after being cooled

by the very rapid expansion is supersaturated and moisture is

deposited on the ions ; during the condensation of the water heat

is given out which warms the gas, so that the temperature of the

gas rises above the lowest temperature reached during the ex-

pansion before condensation has taken place. Let t^ be the lowest

temperature reached during the expansion, t the temperature

when the drops are fully formed, then if L is the latent heat of

evaporation of water, C the specific heat of the gas at constant

volume, M the mass of unit volume of the gas after expansion,

we have

Lq=CM(t-Q (1);

we neglect the heat required to raise the temperature of the water

in the gas in comparison with that required to raise the tempera-

ture of the gas itself We have further

9 = P,-P>

where pi is the density of the water vapour before condensation

begins, and p the density at the temperature t. Substituting this

value for q in equation (1), we get

fijlf

P = P:-^{t-t.;) (2).

Since p is a known function of t this equation enables us to find

t when to is known.

If X is the ratio of the final to the initial volume of the gas

and T the temperature in degrees centigrade of the gas before

expansion, then since the mass of 1 cubic centimetre of air at the

temperature 0° C. and under a pressure of 760 millimetres of

mercury is "00129 grm., we have

,. -00129 273 P
III z= V

X 273 + r 760
'
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where P is the initial pressure of the gas expressed in millimetres

of mercury.

Again, P'^^'

where p' is the density of water vapour at the temperature T before

expansion; as the air was saturated with water vapour at this

temperature p' can be obtained directly from the Tables of the

vapour pressure of water vapour.

The cooling caused by the adiabatic expansion is determined

by the equation

, 273 + T .^ , ^^.

^^273 + ^:"^^'^ ^^^•

For in such an expansion pv^ is constant, where jj is the pressure

and V the volume and 7 the ratio of the specific heat at constant

pressure to that at constant volume : but pv = R6, where 6 is the

absolute temperature and II a constant, hence we have during an

adiabatic expansion
yy-i = a constant

;

hence if v^d-^, v£o are the initial and final values of v and 6,

we have

or log
^^
= (7-1) log--.

Since 7 = 1--11 this is equivalent to equation (3). From (3) we
determine to, and then since

6'= -167, X = 606,

equation (2) becomes

^^_167 -00129 273 P
^ a; 606^ .f 273 + T 760 ^^ ~ ^•''* ^^^•

As an example of how this equation is applied let us take

a case which occurred in one of the experiments. Here

T=16\ P=760, a; =1-36.

To get t-i Ave have

273 + 16
log

273 + ^^

= '41 log 1-36 = log 1134,

hence 273 + ^ = 254-8, or ^o = - 18°-2.
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We find from the Tables that at 16°

p' = -0000135,

hence equation (4) becomes

p = 99-3x10-^ -2-48x10-^ (^+18-2) (5).

To solve this equation we keep substituting various values for t

until we find one for which the corresponding value of p given by

(5) is the same as the value of the vapour pressure of water

at the temperature t. We find by this process of trial and

error that the solution of equation (5) is t=V2, and the corre-

sponding value of p is 51 "5 x 10~". Substituting this value for p
we find q = 47-7 x 10~' grms.

When we know q and a, n the number of drops is at once

determined by the equation

n = q/^Tra^.

In this way we can determine the number of ions per cubic

centimetre of gas. When we know the number of ions and also

the velocity of the ions under unit electric force, we can very easily

deduce the charge carried by an ion by measuring the current

carried by these ions across each unit of area under an electric

force E. For if n is the whole number of ions of one sign per c.c,

U the mean of the velocities of the positive and negative ions

under unit electric force, the current through unit area is

equal to

neEU,
where e is the charge on the ion ; the electric force E ought to be

so small that the current is proportional to the electric force.

When this is not the case the number of ions is diminished by
the action of the electric field, and depends upon the magnitude
of the electric force.

We can easily measure the current through the ionised gas

and thus determine 7ieE U, and as n, E, U are known we can
deduce the value of e.

74. This method was first applied by the author to determine
the charge on the ions produced by Rcintgen rays. The mothod
used for making the cloud and measuring the expansions is the same
as that used by C. T. R. Wilson*: the apparatus for this and the

* C. T. 1{. Wilson, Proc. Camh. Pliil. Soc. ix. p. 333, 1897.
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electrical part of the experiment is represented in Fig. 35. The

gas which is exposed to the rays is contained in the vessel A
;

'^V^^

ToSAinn'

ToSUCTROMETCU

Fig. 35.

this vessel is connected by the tube B with the vertical tube C,

the lower end of this tube is carefully ground so as to be in

a plane perpendicular to the axis of the tube, it is fastened

down to the india-rubber stopper D. Inside this tube there is

an inverted thin-walled test tube P with the lip removed and the

open end ground so as to be in a plane perpendicular to the axis

of the tube. The test tube slides freely up and down the larger

tube and acts as a piston. Its lower end is always below the

surface of the water which fills the lower part of the outer tube

;

a tube passing through the india-rubber stopper puts the inside of

the test tube in communication with the space E. This space is

in connection by the tube H with a large vessel F in which the

pressure is kept low by a water-pump. The end of the tube H is

ground flat and is closed by an india-rubber stopper which presses
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against it, the stopper is fixed to a rod, and by pulling this rod

down smartly the pressure inside the test tube is lowered and the

test tube falls rapidly until it strikes against the india-rubber

stopper. The tube T, which can be closed by a stop-cock, admits

air into E and allows us to force the test tube back into its place

for another expansion. The tubes R and 8 are for the puqaoses

of regulating the amount of expansion. To do this the mercuiy

vessel R is raised or lowered when the test tube is in its lowest

position until the gauge G indicates that the pressure in A is the

desired amount below the atmospheric pressure. The stop-cock ;S'

is then closed and air is admitted into the interior of the piston

by opening the stop-cock T. The piston then rises until the

pressure in A differs from atmospheric pressure only by the amount

required to support the weight of the piston ; this pressure is only

that due to a fraction of a millimetre of mercury.

If n is the barometric pressure, then Pj, the pressure of the

air before expansion, is given by the equation

P3 = n - TT,

where tt is the maximum vapour pressure of water at the tempera-

ture of the experiment. The pressure of the air P.. after the

expansion is given by

where p is the pressure due to the difference of level of the mercury

in the two arms of the gauge G.

Thus if V.2 is the final and i\ the initial volume of the gas

Vj Po n — TT — jJ
'

The vessel in which the rate of fall of the fog and the con-

ductivity of the gas are tested is at A. It is a glass tube

36 millimetres in diameter covered with an aluminium plate ; to

avoid the abnormal ionisation which occurs when Rontgen rays

strike against a metal surface, the lower part of the aluminium

plate is coated with wet blotting-paper, and the electric current

passes from the blotting-paper to the horizontal surface of the

water beneath. The induction coil and the focus bulb for the

production of the Rontgen rays are placed in a large iron tank,

in the bottom of which a hole is cut and closed bv an aluminium
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window. The vessel A is placed underneath this window and

the bulb giving out the rays some distance above it so that the

beam of rays escaping from the tank is not very divergent.

The intensity of the rays can be reduced to any required degree

by inserting leaves of tinfoil or sheets of aluminium between the

bulb and the vessel.

In these experiments it is necessary to work with very weak

rays, so that the number of ions is comparatively small ; when the

number of ions is large some of them seem to escape from being

caught by the cloud produced by the expansion, and when this

is the case the number of ions deduced from the time of fall of

the cloud will be too small : it is therefore advisable to Avork

with such weak ionisation of the gas that the first cloud clears

away all the ions.

To find the current passing through the gas, the tank and the

aluminium plate on the top of the vessel A are connected with

one pair of quadrants of the electrometer, the other pair of

quadrants is connected with the water surface in the vessel A ;

this surface is charged up to a known potential by connecting-

it with one of the terminals of a battery, the other terminal of

which is connected with the earth. After the surface has been

charged it is disconnected from the battery and the insulation

of the system tested by observing whether there is any leak

when the Rontgen rays are shut off; the insulation having been

found satisfactory, the rays are turned on and the charge begins

to leak from the electrometer ; by measuring the rate of leak

the quantity of electricity which in one second passes through

the gas exposed to the rays can be determined. For suppose

that in a second the electrometer reading is altered by ^; scale

divisions, and that one scale division of the electrometer corre-

sponds to a potential difference V between the quadrants, and
that C is the capacity of the system consisting of the electrometer,

the water surface and the connecting wires, then the quantity of

electricity which passes in one second through the gas exposed

to the rays is pVC. If n is the total number of ions positive as

well as negative per cubic centimetre of the gas, Uo the mean of

the velocities of the positive and negative ions under a potential

gradient of a volt per centimetre, E the potential gradient in

volts per centimetre acting on the ionised gas, A the area of the
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water surface, the current through the gas is equal to A7ieUoE
;

but as this current is equal to j) VG, we have

2)VC = AneuoE,

an equation by means of which we can determine ne, and as from

the experiments on clouds we know the value of n ^ve can at once

deduce the value of e. Proceeding in this way the author found

in 1898 that for the ions produced by Rontgen rays passing through

air, using electrostatic units,

e .— 6'5 X 10~'°gr.^(cm.)5(sec.)~^.

A similar series of experiments on the ions produced by

Rontgen rays passing through hydrogen gave for e the charge

on the hydrogen ion the value

6-7 X 10-1" (gr.)-^ (cm.)^ (sec.)-^

The difference between this and the value of the charge on the

ion in air is much less than the error of experiment, so that the

charges on the ions are the same in these gases. This was shortly

afterwards confirmed by the experiments made by Townsend on

the rates of diffusion of the ions ; an account of these experiments

has already been given in Chapter II.

75. The author in 1901-2 repeated these experiments on the

charges carried by the ions, making some modifications in the

method. In the first place, the ionisation was produced by the radia-

tion from radium instead of by the Rontgen rays ; this was done to

get a more uniform rate of ionisation than is possible with Rontgen

tubes, the irregularity of which gave a great deal of trouble in

the earlier investigation. Secondly, the electrometer used in the

new experiments was much more sensitive than the old one, the

new electrometer was of the Dolezalek type and gave a deflection

of 20,000 scale divisions for a potential difference of one volt.

The measurements made by C. T. R. Wilson* (see Chap. VII.)

show that with expansions between 1'25 and 1'3 negative, and only

negative, ions act as nuclei for cloudy condensation, while with

expansions greater than 1'8 both negative and positive ions are

brought down by the cloud. It was feared that when the expan-

sions were sufficiently large to bring both sets of ions into play the

more active negative ions might have a tendency to monopolise

* C. T. E. Wilson, Phil Trans, cxciii. p. 289.
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the aqueous vapour, and that therefore the Avhole of the positive

ions might not be brought down with the cloud. This fear was

found to be justified, for with the expansion apparatus used in the

earlier experiments it was found that with expansions greater than

1-3 the number of particles in the cloud formed in the ionised gas

was not, as it should have been if all the ions had been caught by

the cloud, twice as great as when the expansion was less than this

value. The apparatus was modified so as to make the rate of

expansion very much more rapid than in the earlier experiments

;

with the new apparatus the number of particles in the cloud when

the expansion was greater than 1'3 was twice as great as when the

expansion was less than this value ; this confirms the view that

with this apparatus all the ions are caught by the cloud. The

result of a number of determinations of e with the new apparatus,

using different samples of radium and different intensities of

radiation, was that

e = 3-4 X 10-i« (gr.)i (cm.)^ (sec.)-i.

76. Another method of finding e has been used by H. A.

Wilson*. C. T. R. Wilson found that clouds could be deposited

round negative ions by an expansion which was insufficient to pro-

duce condensation on positive ions. It is thus possible to adjust the

expansion so as to get a cloud in which all the drops are negatively

charged. H. A. Wilson arranged his experiment so that such a cloud

was formed between two horizontal plates ; these plates could be

maintained at different electrical potentials so that a uniform field

acted between the plates, this field acting on the charged drops pro-

duced a vertical force in addition to that due to the weight of the

drop and so affected the rate of fall.

Let X be the vertical force, e the charge on the drop, v-^ the

rate of fall of the drop under this force, and v the rate of fall when

there is no electric field ; then since the rate of fall is proportional

to the force on the drop, if a is the radius of the drop, p its density

Xe -h f7r/j(7a-' ^ i\

^irpgd' V
'

or Xe = ^irpga'—^ .

* Phil. Mag. vi. 5, p. 429, 1903.
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^ 2 qa-p
But W = n '

y fji

so that Xe = V2 . DttJ^ ^i^^-^
,

Thus if X, V, and Vi are known e can be determined.

By this method Wilson found e = 3'l x 10~" electrostatic units.

Wilson found that some of the drops in the cloud carried a

charge 2e and others a charge Se.

Having founcl the value of e, let us compare it with E the

charge carried by the hydrogen ion in the electrolysis of solutions.

If N is the number of molecules in a cubic centimetre of a gas

at a pressure of 760 mm. of mercury and at 0° C. then we know

as the result of experiments on the liberation of hydrogen in

electrolysis (see p. 77) that

^Y^=l-22 X 10^".

In treatises on the Kinetic Theor}^ of Gases (for example, 0. E.

Meyer, Die kinetische Theorie der Gase) it is shown how by the

aid of certain assumptions as to the nature and shape of the

molecules it is possible to find iV. The values got in this way

vary considerably, the best determinations of iV lying between

2-1 X 10^^ and lO^o ; this would make E lie between 61 x lO-i^ and

1-29 X lO"^*'; the value of e is well between these limits. Hence

we conclude that the charge carried by any gaseous ion is equal

to the charge carried by the hydrogen ion in the electrolysis of

solutions.

This conclusion is also confirmed by the experiments of

Townsend already referred to. In these experiments the charges

on the ions in air, hydrogen and carbonic acid gas were directly

compared with E, and proved to be equal to it (see p. 77).

Starting with this result we can by direct experiment on gases

determine the value of E, and then by the aid of the equation

NE= 1-22 X 10^

the number of molecules in a cubic centimetre of the gas, and

hence the mass of a molecule of the gas
;
proceeding in this way

we avoid all those assumptions as to the shape and size of the
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molecules of the gas, and the nature of the action which occurs

when two molecules come into collision, which have to be made
when the same quantities are determined by means of the Kinetic

Theory of Gases. The value we have found for E makes

iY= 3-9x10".

77. The determinations of e described above have been made
on ions produced by Rontgen or radium rays. The properties of

the ions in gases are the same, however, whether the ions are

produced by Rontgen, radium, Lenard, or cathode rays, or by the

agency of ultra-violet light. Evidence in support of this is

afforded by the fact that, as we have seen, the velocity of the ions

in the electric field is the same in whichever of the above-men-

tioned ways they are produced. We shall see too (Chap. VII.) that

they behave in exactly the same way with respect to their power

of producing condensation of clouds. We have thus strong reasons

for thinking that the charge on the ion does not depend upon

the kind of radiation used to liberate the ion. I have made some

direct experiments on this point, and have made measurements

of the charge on the negative ions produced by the incidence of

ultra-violet light on metals ; the method used was the same as in

the case of the ions produced by Rontgen rays, and the result was

that within the limits of experimental error the charge on the

negative ion produced by the action of ultra-violet light was the

same as that on the ion produced by Rontgen rays*.

The case of the ions produced by ultra-violet light is in-

teresting, as it is the one in which both the values of e and of ejm

(when the pressure is low) have been measured when the ions

are the same in the two experiments.

78. As e is the same as E the charge on the hydrogen ion,

while ejin is about one thousand seven hundred times EjM,
where M is the mass of the atom of hydrogen, it follows that m
is only about 1/1700 of M, so that the mass of the carrier of the

negative charge is only 1/1700 of that of the atom of hydrogen.

79. Let us now sum up the results of the determinations of e

and of ejm which have been made for the ions produced in gases by

radiations of diiferent kinds. We have seen that in all the cases

* J. J. Thomson, Phil 3Iag. v. 48, p. 547, 1899.
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in which e has been determined it has been found equal to E, the

charge on a hydrogen ion in liquid electrolysis. The charge on the

gaseous ion does not, like that on the ions in liquids, depend on

the substance from which the ions are produced ; thus in the case

of the ions produced by Rontgen or analogous radiation, the

charge on an ion produced from oxygen is the same as that on

one produced from hydrogen, though in liquids the charge on an

oxygen ion is twice that on a hydrogen one.

Again, at very low pressures, when the negative ion can

escape getting entangled with the molecules of the gas by which

it is surrounded, the mass as well as the charge of the negative

ion is invariable and much smaller than the mass of the smallest

portion of ordinary matter, i.e. that of an atom of hydrogen,

recognised in the Kinetic Theory of Gases. We shall call each

of these small negative ions a corpuscle, thus negative electri-

fication when the pressure of the gas is low so that there is only

a very small quantity of ordinary matter present, consists of an

assemblage of corpuscles.

On the other hand the positive ions are, as far as we know,

always associated with masses which are comparable with the

masses of the ordinary atoms of the gas in which they occur.

We are at once led by this result to a view of the nature of

electricity which in many respects closely resembles that of the

old ' One Fluid Theory of Electricity.' The ' electric fluid ' corre-

sponds to an assemblage of corpuscles, negative electrification

consisting of a collection of these corpuscles : the transference of

electrification from place to place being a movement of corpuscles

from the place where there is a gain of positive electrification to

the place where there is a gain of negative. Thus a positively

electrified body is one which has been deprived of some corpuscles.

These corpuscles may either remain free or get attached to mole-

cules of matter with which they come in contact ; thus positive

electrification is always associated with ordinary matter, while

negative electrification may or may not be, according as the

corpuscles are or are not attached to molecules of ordinary

matter. Thus in gas at very low pressures the corpuscles are

free, but in gases at higher pressures they get attached to the

molecules of the gas so that there is not much difference between

T. G. 11
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the effective masses of the positive and negative ions ; that this

is the case is indicated by the results of the experiments we have

described on the velocities of the positive and negative ions in

the electric field, for though the negative ion moves faster than

the positive, the difference is not great. We shall return to the

development of this corpuscular theory of electricity in a later

chapter.



CHAPTEE VII.

ON SOME PHYSICAL PROPEETIES OF GASEOUS IONS.

80. One of the most striking effects produced by ions is the

influence they exert on the condensation of clouds. One instance'

of this is the discovery by R. von Hehiiholtz* of the effect

of an electric discharge on a high pressure steam jet. When
steam rushes out fi-om a jet placed near a pointed electrode

connected with an electric machine or an induction coil, a re-

markable change in the appearance of the jet takes place when

electricity is escaping from the electrode. This can conveniently

be shown by throwing the shadow of the jet on a screen; when

there is no escape of electricity the jet is nearly transparent and

the shadow is very slight ; as soon however as electricity begins

to escape, the opacity of the jet increases to a remarkable extent,

the shadow becomes quite dark and distinct, and colours arising

from the diffraction of the light by the small drops of water

make their appearance, the jet sometimes presenting a very

beautiful appearance. For an account of the ways of arranging

the experiments so as to observe these colours to the best ad-

vantage and of a method by which the size of the dro}3s of water

can be deduced from the colour phenomena, we must refer to a

paper by Barus f. This effect evidently shows that the electrifi-

cation makes the steam condense into water drops.

In a later paper by R. von Helmholtz and Richarz;]:, published

after the death of the former, the authors show that a steam jet

is affected by making or breaking the current through the primary

* R. V. Helmholtz, Wied. Ann. xxxii. p. 1, 1887 ; see also Bidwell, Phil. Mag.
V. 29, p. 158, 1890.

t Barus, American JoudiuI of Meteorolorjij, ix. p. 488, 1893,

t B. V. Helmholtz and Kicharz, Jl'ied. Ann. xl. p. 101, 1890.

11—2
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of an induction coil, even when the terminals of the secondary

placed in the neighbourhood of the jet are separated bj- much

more than the sparking distance, and that the effects persist

even when the terminals are wrapped in moist filter-paper so

as to catch any metallic particles that might be given off from

them.

R. von Helmholtz and Richarz {loc. cit.) showed that the

steam jet was affected by gases from the neighbourhood of flames

whether these were luminous or not ; the very cool flames of

burning ether and alcohol are exceptions to this statement.

A platinum wire raised to a dull red heat affected the jet

when electrified, and if raised to a bright yellow heat affected

the jet even when unelectrified, except when the wire was sur-

rounded by hydrogen, in which case the unelectrified wire had

no effect. Coal gas passed through platinum gauze raised to

a dull red heat also influenced the jet.

The jet is also affected by the presence in its neighbourhood

of certain substances such as sulphuric acid, also by gases Avhich

are dissociating or undergoing chemical changes in the air such

as N2O4 or NO.,, it is not affected by ozone or hydrogen peroxide.

If however ozone is destroyed by bubbling through such sub-

stances as solutions of potassium iodide or potassium perman-

ganate, the gas which emerges has the power of affecting the jet;

this gas has also the power of forming clouds when it comes

into contact with moist air, as was first shown by Meissner*;

experiments on this point have also been made by R. von Helm-

holtz and Richarz and by J. S. Townsendf. The action in this

case and in other cases of the effect of chemicals is, as we shall

see, probably due to the formation of some substance which

dissolves in the drops of water and lowers their vapour pressure

;

thus the drops in this case are not formed of pure water, but of

more or less dilute solutions.

Moist air drawn over phosphorus, sodium or potassium also

affects the jet.

Lenard and Wolff | also showed that the incidence of ultra-

* Meissner, Jahresher.f. Chemie, 1863, p. 126.

+ J. S. Townsend, Proc. Camb. Phil. Soc. x. p. 52, 1898.

J Lenard and Wolff, Wied. Ann. xxxvii. p. 443, 1899.
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violet light on a zinc plate or on some fluorescent solutions in the

neighbourhood of a steam jet produced condensation in the jet

;

a similar effect was produced by ultra-violet light passing through

quartz. Richarz* showed that the incidence of Rontgen rays

produced condensation in the jet. There was for some time con-

siderable difference of opinion as to the cause of this behaviour

of the steam jet; the earliest researches on this subject came

at a time when the experiments of Aitkenf, of Coulier| and of

Kiessling § had drawn attention to the great effect produced by

dust on cloudy condensation. These physicists had shown that

the clouds produced by the lowering of temperature resulting

from a small adiabatic expansion of the damp dusty air of an

ordinary room entirely disappeared if the dust were filtered out

of the air: the drops in the cloud were shown to collect round

the particles of dust, the water drops were thus able to start with

a finite radius—that of the dust particle—and so had not to

pass through the stage when their radius was of molecular

dimensions, when, as Lord Kelvin has shown, the effect of surface

tension would lead to such intense evaporation as soon to cause

the disappearance of the drops.

The discovery of the effect of dust on the condensation of

water vapour produced a tendency to ascribe the formation of

clouds in all cases to dust and to dust alone ; in fact, to use the

indication of the steam jet as a measure of the dustiness of the

air; thus, for example, Lenard and Wolff ascribed the effect

which they found was produced by the incidence of ultra-violet

light on metals to metallic dust given off by the metal under

the influence of the light. On the other hand, R. von Helmholtz,

and later Richarz, strongly maintained the view that many of the

effects they observed were not due to dust, but to ions, and

they gave strong arguments and made some striking experi-

ments in support of this view : as however this evidence is

somewhat indirect, and as the truth of their view has been

indisputably proved by the direct experiments recently made by

* Richarz, Wied. Ann. lix. p. 592, 1896.

t Aitken, Ndtiire, xxiii. pp. 195, 384, 1880. Trans. Roy. Soc. Edin. xxxiii.

p. 337, 1881.

X Coulier, Journal de I'harni. et de Chimie, xxii. p. 165, 1875.

§ Kiessling, Naturn\ ]'erein Hamburg-AItona, viii. 1, 1884.
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C. T. R. Wilson*, we shall proceed at once to a description of

his researches.

81. The method used by Wilson was to suddenly cool the

moist gas by an adiabatic expansion, so that the gas which was

saturated with water vapour before cooling became supersaturated

afterwards. One of the arrangements used by Wilson to produce

TlTvmp

Fig. 36.

the expansion is shown in Fig. 36 : the way in which the appa-

ratus works has already been explained (see p. 154). It is very

important in these experiments that the expansions which produce

the cloud should be as rapid as possible, for with slow expansions

C. T. E. Wilson, TUL Tram. 189, p. 265, 1897.
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as soon as the supersaturation is sufficient, for the first drops to

be formed, if these have time to grow before the expansion is

completed, they will rob the air of its moisture, and the super-

saturation will not rise much above the value required for the

formation of the first drops. To ensure this rapid expansion,

the piston P, Fig. 36, should be light and able to move freely

up and down, and the arrangement by which the difference of

pressure between the inside and outside of the cylinder is pro-

duced should work very rapidly,

82. Using an arrangement of this nature, Wilson found that

when dusty air filled the expansion chamber a very slight expan-

sion was sufficient to produce a dense fog ; if this was allowed to

settle and the process repeated, the air by degrees got deprived of

the dust which was carried down by the fog ; when the air became

dust-free no fogs were produced by small expansions. If we

take as the measure of the expansion the ratio of the final to

the initial volume of the gas, no cloud was produced in the dust-

free air until the expansion was equal to 1-25, When the ex-

pansion was between 1-25 and 1-38, a few drops made their ap-

pearance ; these drops were very much fewer in hydrogen than in

air. On increasing the expansion beyond 1-38 a much denser

cloud was produced in the dust-free gas, and the density of the

cloud now increased very rapidly with the expansion. Thus we

see that even when there is no dust, cloudy condensation can be

produced by sudden expansions if these exceed a certain limit.

This limit appears to be independent of the nature of the gas,

as is shown by the following table, which gives the ratio of the

Gas

Rain-like condensation Cloud-like condensation

Final /initial

volume
Super-

saturation

Final /initial

volume
Super-

saturation

Air
Oxygen
Nitrogen
Hydrogen ...

Carbonic acid

Chlorine

1-252

1-257

1-262

1-365

1-30

42
4-3

4-4

4-2

3-4

1-375

1-375

I

1-375

1-375

1-53

1-44

7-9

7-9

7-9

7-9

7-3

5-9

volumes required to produce the first or rain-like stage of con-

densation and the supersaturation, i.e. the ratio of the pressui-e
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of the aqueous vapour actually present when the condensation

begins to the saturation vapour pressure at that temperature :

the third and fourth columns give the corresponding quantities

for the second stage of the condensation, i.e. when the expansion

produces a dense cloud.

The rain-like condensation is absent in hydrogen.

83. The description given above relates to the behaviour of gas

in the normal state ; on exposing the gas to Rontgen rays, Wilson

found that, as in the normal gas, there were no drops until the

expansion was equal to 1'25; on passing this limit however the

density of the cloud was ver}^ greatly increased by the rays, and

if these were strong the few drojjs which were all that were formed

when the rays were absent were replaced by a dense and almost

opaque cloud. The strength of the rays does not affect the expan-

sion required to produce the cloud ; no matter how strong the rays

may be there is no cloud produced unless the expansion exceeds

1*25 : the strength of the rays increases the number of di'ops in

the cloud, but does not affect the stage at which the cloud begins.

The effect of the rays in producing a cloud lasts some few seconds

after the rays have been cut off. Wilson* has shown that the

radiation from uranium and other radio-active substances pro-

duces the same effect as Rontgen rays, as does also ultra-violet

light when incident upon such a metal as zinc : the effects pro-

duced by ultra-violet light are however somewhat complicated and

we shall have to return to them again.

84. That the effect produced by Rontgen and uranium rays is

due to the production of charged ions produced in the gas can be

shown directly by the following experiment. If the ions produced

by the Rontgen rays act as nuclei for the water drops, then since

these ions can be withdrawn from the gas by applying to it a

strong electric field, it follows that a cloud ought not to be formed

by the rays when the air which is expanded is exposed to a strong

electric field while the rays are passing through it. This was

found to be the case, and the experiment is a vevy striking one.

Two parallel plates were placed in the vessel containing the dust-

free air ; these plates were about 5 cm. apart, and were large

enough to include the greater part of the air between them-f*. The

* C, T. R. Wilson, Phil. Trans. 192, p. 403, 1899.

t J. J. Thomson, Phil. Mag. v. 46, p. 528, 1898.
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plates could be connected with the terminals of a battery of small

storage cells giving a potential difference of about 400 volts.

Rontgen rays passed through the gas between the plates ; the gas

had previously been freed from dust. When the plates were dis-

connected from the battery a suitable expansion produced a dense

cloud ; when however the plates were connected with the battery

only a very light cloud was produced by the expansion, and this

cloud was almost as dense when the Rontgen rays did not pass

through the air as when they did.

85. When a dense cloud has been produced by Rontgen rays

by an expansion between 1*25 and 1"38, or by an expansion with-

out Rontgen rays greater than 1*38, then for some little time after

drops can be produced by expansions less than 1'25, and these are

not eliminated by the action of an electric field. A dense fog

apparently leaves behind it little drops of water, which, though

too minute to be visible, act in the same way as particles of

dust, producing cloudy condensation with very slight expansions.

Wilson* has also shown that when electricity is discharged from a

pointed electrode in the expansion chamber, cloudy condensation

is, as in the case of exposure to Rontgen rays, much increased for

expansions between 1-25 and 1'38. When the discharge was stopped

before the expansion took place, it was found that fogs could be

produced for 1 or 2 minutes after the cessation of the discharge

;

the expansion required to produce the fog diminished as the

interval after the cessation of the discharge increased, showing

that some of the nuclei produced had grown during this interval.

This effect is probably due to the formation of some chemical

compound during the discharge, perhaps nitric acid, which by dis-

solving in the drops lowers their vapour pressure.

86. Wilson {he. cit.) showed that the passage of ultra-violet

light through a gas (as distinct from the effects produced when it

is incident on a metallic surface) produces very interesting effects

on the condensation of clouds. If the intensity of the light is

small, then no clouds are produced unless the expansion equals

that (1"25) required to produce clouds in gases exposed to Rontgen

rays. If however the ultra-violet light is very intense, clouds are

produced in air or in pure oxygen, but not in hydrogen, b}' very

* C. T. R. Wilson, PhU. Trau.^. 192, p. 403, ls<)'J.
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much smaller expansions, and the expansion required decreases as

the time of exposure to the light increases ; thus the nuclei pro-

ducing the clouds grow under the influence of the light. If the

light is exceedingly strong, clouds are produced in air or oxygen

without any expansion at all ; these clouds are exceedingly fine

and may last for hours after the light is cut off. Wilson was even

able to produce these clouds in air standing over a 17 "/o
solution of

caustic potash, and which therefore was not saturated with water

vapour; in this case the drops lasted for three hours after the

light was cut off, so that there could be very little evaporation

from the drops ; this, as Wilson points out, shows that the drops

cannot be pure water. These clouds are probably analogous to

those observed many years ago by Tyndall*, when ultra-violet

light passes through air containing the vapours of certain sub-

stances of which amyl-nitrite was the one which gave the most

striking effects. The effects can be explained by the formation

under the influence of the ultra-violet light of some substance

—

Wilson suggests that in his experiments it was H^Oo—which by

dissolving in the drops as they form lowers the equilibrium vapour

pressure, and thus enables the drops to grow under circumstances

which would make drops of pure water evaporate. This explana-

tion is supported by the fact that ultra-violet light does not pro-

duce these clouds in water vapour by itself or in hydrogen : and

also by the fact that, unlike the clouds due to Rontgen rays, these

clouds formed by ultra-violet light do not diminish in density when

a strong electric field is applied to the gas, showing that the nuclei

are either not charged or that if they are charged they are so

loaded with foreign molecules that they do not move perceptibly in

the electric field. Vincentf has observed movements of these drops

in a strong electric field ; he found that some drops moved in one,

others in the opposite direction, while there were some which did

not move at all. Thus some drops are uncharged, others positively

or negatively charged. It would thus seem that the charges have

nothing to do with the formation of these drops, the drops merely

forming a home for the ions produced by the ultra-violet light.

87. Buisson j, who examined this question with great care, could

* J. Tyndall, Phil. Trans. 106, p. 333, 1870.

t Vincent, Pruc. Camb. Phil. Soc. xii. p. 305, 1904.

X Buisson quoted by Perrin, Theses presentees a la Faculte des Sciences de Paris,

p. 31, 1897.

I
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not detect any conductivity in the air through which the ultra-violet

light passed. Lenard* has however shown recently that a certain

kind of ultra-violet light which is absorbed so quickly by the air as

to be extinguished, when the air is at atmospheric pressure, within

a space of a few centimetres, does produce electrical conductivity

in the gas through which it passes, and that a charged conductor

placed in the neighbourhood of air traversed by these rays loses its

charge, and does so much more rapidly when the charge is positive

than when it is negative. Lenard determined the velocity of the

negative ions by a method analogous to that described on page 49

and found this velocity through air at atmospheric pressure to be

3'13 cm./sec. under a potential gradient of a volt per cm. : this is

about twice the velocity of the ions produced by Rontgen rays

;

on the other hand the velocity of the positive ions under the same

potential gradient was not more than '0015 cm./sec, which is only

about one thousandth part of the velocity of the positive ion pro-

duced by Rontgen rays. The greater mobility of the negative

ions explains why the leak from a positively charged body in the

neighbourhood of the ionised gas is so much more rapid than

that from a negatively charged one. We shall return to this point

in the chapter on the effect of ultra-violet light on gases.

88. The results obtained by Wilson and Lenard seem to point

to the conclusion that when gas is exposed to the action of ordinary

ultra-violet light, we have some chemical action taking place,

resulting in the formation of a product which by dissolving

in water lowers the vapour pressure over the drops and thus

facilitates their formation. When these drops are exposed to the

influence of ultra-violet light of the kind investigated by Lenard,

they lose, as so many other bodies do when illuminated by light

of this kind, negative electricity, and it is the negative ions

liberated in this way which produce the electrical conductivity

investigated by Lenard. The difference between the action of

ultra-violet light and Rontgen rays is that the former when very

intense can produce clouds with little or no expansion, while the

latter cannot; this on the theory given above is due to ultra-

violet light being more efficient than Rontgen rays in pn^noting

chemical action : there are many examples of this, e.g. the com-

bination of hydrogen and chlorine.

* Lenard, Ann. der Phijs. i. p. 48(3 ; iii. p. 298, 1900.
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The influence of minute traces of soluble substances in pro-

moting the formation of clouds has been shown in a very straight-

forward way in some experiments made by H. A. Wilson*. The
writer-f- has shown how drops, even if their existence is very

transient, would facilitate the progress of chemical combination

between the gases surrounding them, and how this action would

afford an explanation of the remarkable fact investigated by

Bakerj and Pringsheim§, that the occurrence of some of the best

known cases of chemical combination between gases depends upon

the presence of moisture and does not take place in gases dried

with extreme care.

89. Nuclei from metals. C. T. R. Wilson
||
has shown that

certain metals produce nuclei which cause cloudy condensation

when the expansion exceeds 1-25, although the effects are much
more marked when the expansion is increased to 1"30. The amount
of this effect depends greatly upon the kind of metal used : amal-

gamated zinc gives comparatively dense clouds, polished zinc and

lead also show the effect well ; on the other hand polished copper

and tin produce no appreciable effect. The order of the metals

in respect to their power of producing nuclei for cloudy condensa-

tion is the same as their order in respect to their power of

affecting a photographic plate placed at a small distance from their

surface, a subject which has been studied by Russell t and Colson**.

The effect produced by the presence of a metal on clouds in

hydrogen is very slight.

Although the expansion required to produce cloudy condensa-

tion when metals are present is the same as when charged ions

are produced by Rontgen rays, the metal effect differs from the

Rontgen ray effect inasmuch as it is not diminished by the appli-

cation of an intense electric field. It is possible however that in

still air the ionised gas is confined to a layer close to the surface

of the metal, and that the rush of gas caused by the sudden

expansion detaches the layer and scatters the ions throughout the

• H. A. Wilson, Phil. Miuj. v. 45, p. 454, 1898.

t J. J. Thomson, Phil. Mag. v. 36, p. 313, 1893 ; B. A. Report, 1894.

+ Baker, Phil. Tram. 179, p. 571, 1888.

§ Pringsheim, Wied. Ann. xxxii. p. 384, 1887.

II
C. T. R. Wilson, Phil. Trans. 192, p. 403, 1899.

1[ Russell, Proc. Roy. Soc. Ixi. p. 424, 1897 ; Ixiii. p. 102, 1898.
** Colson, Comptes Rendus, 123, p. 49, 1896.
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volume of the gas. If this be the case, then, since the ions are

only free during the short time the expansion is taking place, they

will not be appreciably affected by the electric field, which cannot

in the short time at its disposal sweep the ions from the gas.

The existence of such a layer of ionised gas next the metal is

rendered very probable by the effects which are known to

accompany the splashing of drops of watei', mercury and many
other liquids. Thus Lenard* showed that when drops of water

splashed against a metal plate, the drops of water became posi-

tively electrified while there was negative electrification in the

surrounding air. Air shaken up in a bottle containing mercury

becomes negatively electrified. Lord Kelvin f has shown that when
air is bubbled through water it comes off charged with negative

electricity. I have recently found that if the air is made to

bubble with great vigour through water then when it leaves the

water it contains positive as well as negative ions, though the

latter are the more numerous ; air treated in this way was found to

discharge a body with a negative charge, though not so rapidly as

one with a positive one. As another illustration of electrification

produced by an agitation at the surface of water we may mention

that Holmgren^ has shown that when two wet cloths are brought

together and then pulled suddenly apart electrification is pro-

duced, the positive electrification being on the cloth, the negative

in the air. He also found that when the area of a water surface

was changing rapidly, as for example when ripples were travelling

over the surface, electrification was produced, the positive elec-

tricity being on the water and the negative in the air. The writer

found§ that when the liquids were surrounded by pure hydrogen

instead of air, the electrification produced by splashing was

exceedingly small : Wilson, as has already been stated, found that

the effect produced by metals on cloudy condensation was exceed-

singly small in hydrogen. These facts are sufficient to show that the

exposure of a fresh surface of many substances is accompanied by

the spread of ions through the adjoining gas. This would naturally

result in the formation of a double layer of electrification at the

* Lenaiil, JVied. Ann. xlvi. p. 584, 189'2.

t Lord Kelvin, Froc. Roy. Hoc. Ivii. p. 335, 1891.

X Holmgren, (S'«r le Developpement de Velectricite an conUtct de I'air et de Vean.

Societe 'physiographique de Land. 1894.

§ J. J. Thomson, Phil. May. v. 37, p. 341, 1894.
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surface, and it is possible that one of the coatings of this layer

might be removed by the rush of air when the expansion takes

place.

We know too that metals emit radiation which can ionise a gas,

and that part of this radiation is rapidly absorbed by the gas, so

that the ionised layer produced by it would be very thin. It is

important to notice that if this layer of ionised gas were very close

to the surface of the metal, the ions in it would not be dispersed

into the surrounding gas even though the metal were charged up

so as to produce an electric field of very considerable strength.

For suppose we have a charge e at a point P at a distance r from

a plane conducting surface, then there will, in consequence of the

electricity of opposite sign induced on the plane, be a pull on the

charge at P towards the plane equal to e-/4r- ; if there is an

external field of strength F tending to make the charged body

move away from the plane, this will not be able to overcome the

attraction towards the plane unless Fe is greater than e-/4<r-, or F
greater than e/4r^ Let us suppose e is equal to the charge on an

ion, 3'4 X 10~^° in electrostatic units, and that the strength of the

electric field is 100 volts per centimetre, which on the electrostatic

system is equal to ^, then we see that the force on the ion in this

strong field will be towards the plate, i.e. the ion will not be driven

into the surrounding gas if r is less than 1'6 x 10~^; we see fi'om

this example that it must be exceedingly difficult to detach very

thin layers of ionised gases by electrical means.

90. The few nuclei that produce rain-like condensation with

expansions between 1*25 and 1"38 in gases not exposed to any

external ionising agent arise from the ionisation which as we have

seen i*s present in all gases shut up in closed vessels. In his earlier

experiments Wilson was not able to detect any diminution in the

number of drops when the expansion took place in a strong electric

field. In some later experiments {Pliil. Mag. June, 1904) in which

he used very much larger vessels he was able to show that an

electric field produced a great diminution in the number of

nuclei. The absence of this diminution in the small vessels is

due to the great diminution in the number of free ions produced

by their diffusion to the walls of the vessel, the diffusion producing

much greater effect in small than in large vessels. This reduction

in the number of the ions not only makes variation in their number
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more difficult to detect on account of the rapidity with which the

big drops formed round them fall, but it also enables very weak

electric fields to remove them from the vessel, so that in small

vessels small accidental differences of potential might have pro-

duced saturation before the external field was applied.

Comjxirative efficiency of iwsitive and negative ions in producing

condensation of clouds.

91. The wa-iter* in 1893 made an experiment with a steam jet

which showed that negative electrification had a decidedly greater

effect in promoting condensation than positive. The following

arrangement was used, A vertical glass tube dipped into the steam

chamber, and to the top of this tube was fused a horizontal cross-

piece, the steam issued from nozzles at the ends of the cross-

piece ; into these nozzles pointed platinum wires were fused, and

these wires were connected with the terminals of a small induction

coil. When the coil was in action there was great condensation in

the two jets, but the jet at the nozzle connected with the negative

terminal of the coil was alwa3's denser than that connected with

the positive ; this was not due to any want of symmetry in the

tubes or differences in the nozzles, fur on reversing the coil the

denser cloud passed from one nozzle to the other. No sparks

passed between the platinum electrodes, the strength of the coil

being only sufficient to give a non-luminous discharge from their

points.

Later in 1898'I' I observed indications of a similar effect when
clouds were produced by expansion, but the subject was first

systematically investigated by C. T. R. Wilson | in 1899. Wilson

investigated the amount of expansion required to make positive

and negative ions act as nuclei for the condensation of water

drops ; he used several methods, the arrangement of the apparatus

in one of these is shown in Fig. 37. The vessel in which the

clouds were observed Avas nearly spherical and about 5'8 cm. in

diameter. It was divided into two equal chambers by a brass

partition (about 1 mm. thick) in the equatorial plane ; the ^^essel

was cut in two and the edges of the two halves ground smooth, to

* J. J. Thomson, Phil. Mar/, v. 36, p. 313, 1893.

t J. J. Thomson, Phil. Mag. v. 46, p. 528, 1898.

X C. T. R. Wilson, Phil. Trans. 193, p. 289, 1899.



176 ON SOME PHYSICAL PROPERTIES OF GASEOUS IONS. [VII

allow them to be easily cemented against the face of the partition.

The latter was circular and had a narrow^ strip of brass soldered

to each face extending all round the circumference except for a

gap at the top. When the halves of the glass vessel were cemented

against these strips, a slit was left at the gap about 4'5 cm. long

Fig. 37.

and 2'5 mm. wide on each side of the partition. This slit was

covered with a thin piece of aluminium cemented to the outer

surface of the glass and to the edge of the brass partition. A
thin layer of air in contact with each surface of the partition

could thus be exposed to Rontgen rays from a source vertically

over the dividing plate. Each half of the apparatus contained a

second brass plate parallel to the central plate and 1"8 cm. from

it. There was room between the sides of these plates and the

walls of the vessel for the air to escape when the expansion was

made. To keep the beam of Rontgen rays parallel to the surface

of the partition a lead screen with a slit 4 mm. wide was placed

about 2 cm. above the aluminium window of the glass vessel

:

this screen was moved until when both plates were kept at the

same potential exactly equal fogs were obtained on the two sides.

The metal plates were covered with wet filter-paper to get rid

of any ions due to the metal. Suppose now that the middle

plate is earthed while the left-hand plate is at a lower and

the right-hand plate at a higher potential. Then it is evident

since the ionisation is confined to a layer close to the middle plate

that under these circumstances the left half of the vessel will

contain positive ions and the right half negative ones. Wilson
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found that with an expansion of 1'28 there wa.s a dense fog in the

half containing the negative ions, and onl}^ a few drops in the

half containing the positive ones, and that this excess of con-

densation in the negative half continued until the expansion was

equal to 1'31, when little or no difference was to be seen in the

clouds in the two halves. Care was taken that the potential of

the positive plate should exceed that of the middle one by the

same amount as this exceeded the potential of the negative

plate.

The difference between the effects produced by positive and

negative ions is shown in the following table, where the time of

fall of the drops is used to measure the number of nuclei which

Expansion Left side Eight side
Ratio of times

negative /positive

n.oo positive .^) negative 16
negative 15 positive 3

3-2)

negative 15 positive 2

,.„/-> positive 5 ! negative 15
negative 10 positive 2

positive 2 i negative 10

7-5 ^

r.-0|"'l

5-OJ

1-31
positive 7 : negative 12
negative 14 positive 7

l""^-8
2-Of

^
"•

1-32

negative 8
})ositive 8
negative 14

positive 12

positive 5

negative 10
positive 8

negative 17

l•6^

!:!U-5
1/

1-4J

1-33

1

negative 12 positive 10
positive 12 negative 13 l:?!'-

1-35
negative 10

positive 10
positive 10
negative 10 i:?h-«

produce condensation ; if this number is small, then the water

drops formed round them will be large and will therefore fall

I'apidly, while if the number of nuclei be large, since there is

only the same quantity of water to be distributed among them,

the drops will be small and Avill fall slowly. In the experiments

referred to in the table there was a potential difference equal

to that due to two Leclanche cells between the middle plate

and either of the outei- (jnes. The words p(jsitive and negative

12T. (.;.
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in the table indicate that the positive or negative ions respec-

tively were in excess in the region referred to.

The difference in the rates of fall of the drops with the

same expansions is due to irregularities in the action of the bulb

used to produce the Rontgen rays. The negative ions begin to

act as nuclei for foggy condensation when the expansion is about

125, corresponding to about a fourfold supersaturation, while we

see from the table that the positive ions do not begin to act

as nuclei until the expansion is equal to 1'31, corresponding to

about a sixfold supersaturation. Wilson has shown that all the

negative ions are caught when the expansion is equal to 1'28,

but that it is not until the expansion reaches 1*35 that all the

positive ions are caught. This is not due to the negative ions

having a larger electrical charge than the positive ; to show this

take an expansion vessel such as that shown in Fig. 36 and ionise

the gas in it by Rontgen rays; first produce a fog with an ex-

pansion of 1"28 (which only brings down the negative ions), and

determine the number of ions from the time of fall in the way

already explained; then with the same intensity of radiation

produce a cloud by an expansion of 1'35 , which brings down both

the positive and negative ions, and again calculate the number
of ions ; we shall find it twice as great as in the first case, thus

showing that the numbers of positive and negative ions are equal.

As the gas as a whole has no charge, the total charge on the

positive ions must be equal to that on the negative, hence as

there are as many positive ions as negative, the charge on a posi-

tive ion must be the same as that on a negative one. We shall

return to the origin of the greater efficiency of the negative

than of the positive ions when we discuss the theory of the

action of ions in promoting condensation. In the meantime we
may point out that this difference between the ions may have very

important bearings on the question of atmospheric electricity, for if

the ions were to differ in their power of condensing water around

them, then we might get a cloud formed round one set of ions

and not round the other. The ions in the cloud would fall under

gravity, and thus we might have separation of the positive and
the negative ions and the production of an electric field, the work
required for the production of the field being done by gravity*.

'' J. J. Thomson, F]iil. Mog. v. 40, p. 528, 1898.
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An action of this kind would tend to make the charge in the air

positive, as more negative ions than positive would be carried

down by water drops : for a further consideration of this effect

we may refer the reader to the papers by Elster and Geitel* on

the ionic theory of atmospheric electricity.

TJieonj of the effect of ions on Condensation.

92. The effect of electrification on the evaporation of drops of

water was investigated by the writer in Applications of Dynamics

to FJiijsics and Cliemistry, p. 165. The general tendency of this effect

can easily be seen from elementary principles: for if we have a drop

of water of radius a, carrying a charge e of electricity, its potential

energy is equal to ^e-/Ka, where K is the specific inductive

capacity of the dielectric siirrounding the drop. Now as the drop

evaporates the electricity remains behind, so that e does not

change while a diminishes, hence the potential energy due to

the electrification of the drop increases as the drop evaporates

;

thus to make the charged drop evaporate more work has to

be available than when it is uncharged, so that electrification

will diminish the tendency of the drop to evaporate, and the drop

will be in equilibrium when the vapour pressure of the water

vapour around it would not be sufficient to prevent the evaporation

of an uncharged drop. The surface tension of the water will, as

was shown by Lord Kelvin, produce the opposite effect ; for the

potential energy due to the surface tension is equal to 47ra-T,

where T is the surface tension ; thus as the drop evaporates

the energy due to surface tension diminishes, so that the work

required to vaporise a given quantity of water in a spherical

drop is less than if surface tension were absent or inoperative, as

it would be if the surface were flat. Thus a curved drop will

evaporate when a flat one would be in equilibrium.

It is shown in Applications of Dynamics to Physics and

Chemistry, p. 165, that when hp, the change in the ^apour pres-

sure due to the electrification and surface tension, is only a small

fraction of the original vapour pressure p,

J^W'^wa:^daV'^^''''^2Kal^^ ^^^'

* Elster and (ieitel, PlnjsU;aliM-he Zeitxchrijt, i, p. 24'), 1000.

12—2
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or when T does not vary Avith a

Bp 1 (-IT e- ) 1 .

p Be [a 87rKa'] a-p'

a is the density of water, p that of the vapour, 6 the absolute

temperature, R the constant which occurs in the equation for

a ' perfect ' gas, p = Rdp ; in the investigation this equation is

assumed to hold for the water vapour. When the change in the

pressure is not a small fraction of the equilibrium vapour pressure

for an infinitely large drop, then the investigation already alluded

to shows that the preceding equation has to be replaced by

^^P a- \ a STrKaV a '

where p and p are the equilibrium vapour pressure and density

for a drop of radius a, P and p the corresponding quantities for

a drop of infinite radius. Since p—p is exceedingly small com-

pared with a, this equation becomes approximately

^^'»g'P = (T-8.4a<)^ <'>

We see from this equation that if e is zero the equilibrium

vapour pressure p for a drop of finite size is always greater than P,

so that such a drop would evaporate unless the vapour around

it were supersaturated ; when however the drop is electrified this

is no longer the case, for we see from equation (1) that in this

case if the vapour is saturated, i.e. if the vapour pressure is P, the

drop will groAV until its radius a is given by the equation

Thus if the drop were charged with the quantity of electricity

carried by a gaseous ion, i.e. 3*4 x 10~^" electrostatic units, and if

the surface tension of the small drop was equal to 76, which is the

value for thick water films, then a Avould be equal to l/3"2 x 10^

and thus each gaseous ion would be surrounded by a drop of

water of this radius; if we call this radius c, then equation (2)

may be w^ritten

P0c\og,jl = 2Ta:{l-,c^) (3),

where a* = c/a. This equation enables us to find the size of a drop

corresponding to any vapour pressure.
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For water vapour at 10^ C, R0 is equal to 1-3 x lO'*. Putting

for c the value previously found and T=7Q, equation (3) becomes

approxim ately

•27 \oge^ = .'v (I -of) (4).

From this equation we see that even in a space far from saturated

with water vapour, i.e. when p is only a fraction of P, drojjs will be'

formed, and that the size of these drops diminishes onh* very slowly

as the quantity of water vapour in the surrounding air diminishes ;

thus if we diminish the quantity of Avater vapour in the air to

1/e, i.e. l/2"7 of that required to saturate it, we see from equation

(3) that the radius of the drops formed round the ions would only

be a little less than 10 11 of the radius of the drop formed in

saturated air: and that to reduce the drop to half the radius

corresponding to saturation, we should have to drj- the air so

completely that jj/P was only about 1/3 x 10'®. We have seen that

there are always some ions in the air, hence if there is any water

vapour in the air some of it will be condensed into fine drops.

It has been suggested that these drops play a part in certain

cases of chemical combination, the preceding numerical example

will show the difficulty of getting the gas dry enough to produce

a substantial reduction in the volume of these charged drops.

Hupersaturation required to riiake one of the charged drops

grow to a large size.

93. As the radius of the drop increases from c to an

infinite size, x diminishes from unity to zero. Now the right-

hand side of equation (4) vanishes at each of these limits, but

between them it reaches a maximum value which occurs when

4.r" = 1 ovx = :,-,„ , when x{l — ar) reaches the value '471 ; hence

we see from equation (3) that for the drops to increase to a large

size \ogep/P must reach the value 1'7 approximately. Hence for

the drops to grow ^j/P must be about 5"3 : this, on the theory we
have given, is the amount of supersaturation required to make
large drops grow round the ions. We have seen fi'om Wilson's

experiment that it actually requires a four-fold supersaturation,

but as in the theory the saturated water vapour was assumed to

obey Boyle's law, and the surface tension was assumed to have

the value it has for thick films, neither of which assumptions
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is likely to be true, the agreement between the theory and the

experiments is as close as could be expected.

94. Wilson showed that even when there is no external ionisa-

tion, a dense cloud the nuclei of which are not charged is produced

by an eight-fold supersaturation : we can by the aid of equation (2)

determine the radii of these nuclei, supposed spherical : putting

in that equation e = 0,T=76, Rd = I'S x 10«, and p/P = 8, we
find that a, the radius of the nucleus which produces this kind

of condensation, is equal to 1/1*9 x 10". This nucleus is thus

slightly larger than the drop which collects round an ion, as we

found that the radius of this drop is l/3'l x 10''. With regard

to the nature of the nuclei which produce the cloud corresponding

to the eight-fold supersaturation, Wilson has proved that the

amount of supersaturation required to produce the cloud is the

same in air, oxygen, hydrogen, and carbonic acid ; the size of

the nuclei is therefore the same in all these gases; it is thus very

improbable that they consist of aggregations of the molecules of

the gas ; it would seem most likely that they are minute drops

of water which are continually being formed from the saturated

vapour and then evaporating, but lasting sufficientl}' long to

enable them to be caught during the sudden expansion, and

to act as the nuclei round which the drops in the cloud condense.

These minute drops of water are not however all of the same

size, for after passing the expansion 1'38 the density of the cloud

increases very rapidly as the expansion increases, showing that

many more nuclei become efficient when the expansion increases.

This behaviour of the cloud indicates that there are little drops

of water of different sizes, the small ones being more numerous

than the larger ones, and that there is a fairly definite limit to

the size of the drop, the number of drops whose size exceeds

this limit being too small to produce an appreciable cloud. This

collection of drops of different sizes is what we might expect if

Ave regard the little drops as arising from coalescence of molecules

of water vapour, and the larger drops from the coalescence of the

smaller ones.

95. The fact that the drops are of different sizes indicates that

they are not in a state of equilibrium with regard to evaporation

and condensation, and the drops have probably a very ephemeral

existence. The following considerations show that on the view of
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the relation between surface tension and the thickness of water

films, to which Reinold and Rlicker were led by their experi-

ments on very thin films, drops of pure water of a definite radius

might be in equilibrium with saturated water vapour even if they

were not charged.

Effect on the condensation of variation of Surface Tension

ivith the radius of the drop.

96. When a liquid film gets very thin its surftice tension

no longer remains constant but depends upon its thickness.

For very thin films theory indicates (see Lord Rayleigh, Phil.

Mag. V. 33) that the surface tension would be proportional to

the square of the thickness, while the experiments of Reinold

and Rlicker show that the surface tension has a maximum value

for a thickness comparable with that of the dark spot in soap

films ; more recent experiments by Johannot have made it probable

that, considering the surface tension as a function of the thickness

there is more than one maximum. Taking for simplicity the case

when there is only one maximvnn the relation between the surface

tension and the thickness is represented by a curve of the character

of Fig. 38, the ordinates representing the surface tension, and the

abscissa the thickness.

o

^ -

R

P

Fifr. 38.

When the surface tension varies with the radius of the dr<^p

equation (1) becomes

^., P 2T dT e^

" 2) r dr ^irKi^

From Fig. 39, taking r to represent the thickness of the film,

2T dT
we see that when r = 0, h y vanishes, and that this (luantitv

/• dr
will attain a maximum ami then diminish as r inci'cases; we shall

take the case when it goes on diminishing until it vanishes and

IT dT
changes sign. Then + , will be represented by a curve of

/' dr ^

the ty})»; of Fig. 39.
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Let us first take the case when the drop is unelectrified.

Equation (5) shows that tlie radius of a drop when the vapour

Fig. 39.

pressure is j) can be got by drawing a horizontal line at a distance

o-JR^loge p above the horizontal axis of coordinates and finding

where it cuts the curve.

We see now when Ave take the variation of surface tension into

account that even the slightest supersaturation will produce some

condensation, but that these drops will be exceedingly small*, and

will evaporate as soon as the supersaturation ceases. Let us

suppose however that we produce enough supersaturation to carry

the drop represented by the point A on Fig. 39. When once the

drop has got past this point the equilibrium vapour pressure gets

smaller as the drop gets bigger, so that water will condense on the

drop and the drop will increase in size, but the bigger it gets the

smaller the equilibrium vapour pressure and the faster it grows,

in fact the region between A and D is unstable, and when once

* Of course drops would not be formed if the radius indicated by theory

were smaller than the radius of a water molecule.
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the drop has got past A it will become large enough to be \isible.

This I think is the explanation of the dense cloud which

C. T. R. Wilson found is produced even in the absence of ions

by an eight-fold supersaturation—this supersaturation is required

to cany the drop past A.

Let us now consider the revei'se process, the evaporation of

a drop already formed. To fix our ideas let us suppose that the

drop is (jriginally in an atmosphere saturated with water vapour and

that the temperature is gradually raised so that the surrounding

atmosphere is no longer saturated. The drop will evaporate until

it gets to the state represented by the point E; now evaporation

becomes more difficult because as the drop gets smaller the equi-

librium vapour pressure gets smaller and to get the drop past

the state represented by the point C will require a finite rise in

temperature (i.e. will require the temperature to be raised until

the amount of water vapour in the air is only a definite fraction of

the saturation amount at that temperature), just as in the reverse

process it required the temperature to be lowered a finite amount

to carry the drop past A. If the rise in temperature is not suffi-

cient to carry the drop past C the drop will not wholly evaporate,

but will be in equilibrium when its radius is between OD and OC,

thus all these residual drops will be within comparatively narrow

limits of size ; wdien the temperature of the drop is the same as

that of the air all these drops will have a radius OD. These small

and invisible drops of water will greatly facilitate the formation of

a cloud when next supersaturation takes place, since these drops to

grow to visibility will only require the supersaturation corre-

sponding to E, while if they were not present to begin with, the

supersaturation required to produce a cloud would be that cor-

responding to A. This explains the well-known fact that when

once a cloud has been formed, it onl}' requires very slight super-

saturation to produce another after a short interval.

So far we have only been dealing with uncharged drops,

when the drops are charged we must use

2T dT_ e'

r dr Stt/T/'-

22' dT
instead of 4- , '

r dr
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the dotted curve represents the graph of this quantity, the super-

saturation required to produce visibility corresponds to A' and is

less than that for an uncharged drop.

The principles of the preceding theory ought to apply to the

phenomena attending the supersaturation of salt solutions ; we see

that only a finite and definite amount of supersaturation could

occur without deposition of salts, and that amount would be

diminished by the presence of ions.

Difference between the action of jJositive and negative wtis

in producing condensation.

97. The production of electrification by the splashing of

drops and bubbling through water suggests that at the surface

of a drop of water there is a double layer of electrification, i.e. a

layer of one sign at the surface of the drop and a layer of

the opposite sign in the gas, the distance between the two layers

being very small. If a layer of this kind existed it would produce

a difference between the condensing powers of positive and negative

ions. Perhaps the easiest way to see this is to notice that by
P

equation (2) crRd log ~ is equal to the excess of pressure at

the surface of the water over the atmospheric pressure ; for 2 T/V

is the pressure due to the surface tension, while -r— or „—,_— is

the tension due to the electric field. If there is a double layer at

the surface of the drop the expression for the tension must be

modified ; if V is the difference of potential between these layers

due to their charges, and d the distance between the layers, then

even when the drop is electrically neutral there is a tension equal to

Stt d""

on the surface of the Avater, so that

aR6\oQ;- = ^ ^^ (6).

Now suppose the drop of water has a charge e, the electric

force at the surface of the water will be

V _e_

d "^ Kr'
'

and the tension on the surface will be

K \V e

Stt \d "^
K)''
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Thus aRd loo: - = ^ - , + -T^

IT 1 e- V e K V
r Stt Kr' 4<7rd ?•'- 87r d~

Comparing this expression with (6) we see that the effect

of the charge is to diminish the right-hand side by

1 e- Ve

Sir Ki^ A^'irdr''
'

Ve . . .

now if ^-1-^2 '^^ positive the effect of the double layer will be to

promote condensation, while if this term is negative the layer will

retard condensation. Thus the layer will make an ion of the sign

which produces at the surface of the drop an electric field in the

same direction as that due to the double layer more effective as

a condenser than an ion of the opposite sign. Thus if the double

layer in the case of water had the negative coating inside, a negative

ion would be more efficient in producing condensation than a

positive one. When a fresh surface of water is exposed to air we
have seen that the air gets negatively electrified ; we ma}^ regard

this as indicating that an equal quantity of positive goes to the

Avater surface to form the outer coating of the double layer, so that

this double layer has the negative side next the water, the positive

side next the air.

We know that in some liquids the electrification produced by

bubbling air through them is positive instead of negative, in such

liquids the outer coating of the double layer should be negative,

and for these the positive ion should be a better condenser than

the negative. Przibram {Wien. Bericht. Feb. 1906) has recently

shown that clouds formed in alcohol vapour condense more easily

on positive ions than on negative.



CHAPTER VIII.

lONISATION BY INCANDESCENT SOLIDS.

98. We shall now proceed to the study of some special cases of

ionisation, beofinnino- with that due to incandescent metals. That

the air in the neighbourhood of red-hot metals is a conductor

of electricity has been known for nearly two centuries ;
the earliest

observations seem to have been made by Du Fay* in 1725, by Du

Tourt in 1745, by Watson^ in 174(J, by Priestley § in 1767, and

by Cavallojl in 1785. Becquerel*[ in 1853 showed that air at

a white heat would allow electricity to pass through it even when

the potential difference was only a few volts. Blondlot** confirmed

and extended this result, and proved that air at a bright red heat

was unable to insulate under a difference of potential as low as

1/1000 of a volt ; he showed, too, that the conduction through

the hot gas was not in accordance with Ohm's law. Kecent

researches have thrown so much light on the causes at work in the

ionisation of gases in contact with glowing solids, that it is un-

necessary to enter into these earlier investigations in greater

detail. Guthrieff seems to have been the first to call attention to

one veiy characteristic feature of ionisation by incandescent metals,

i.e. the want of symmetry between the effects of positive and nega-

tive electrification. He showed that a red-hot iron ball in air

could retain a charge of negative but not of positive electrification,

while a white-hot ball could not retain a charge of either positive

or negative electrification.

* Du Fay, Mem. de VAcad. 1733.

t Du Tour, it/em. de Mathematique et de Physique, xi. p. 24(), IToo.

\ Watson, Phil. Trans, abridged, vol. x. p. 200.

§ Priestley, History of Electricity, p. 579.

II
Cavallo, Treatise on Electricity, vol. i. p. 324.

"H Becquerel, Annales de Chimic et de Physique, iii. 39, p. 3.5j, 1853.

** Blondlot, Comptes Rendus, xcii. p. 870, 1881 ; civ. p. 283, 1887.

ft Guthrie, Phil. Mag. iv. 46, p. 257, 1873.
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99. The i(.)nisation produced by incandescent metals was in-

vestigated systematically in great detail by Elster and Geitel*,

Avho used for this purpose the apparatus represented in Fig. 40.

Battery

To Electrometer

Battery

Fig. 40.

This is a glass vessel C(mtaining an insulated metal plate A,

which is connected with one pair of quadrants of an electrometer.

Underneath this plate there is a fine metallic wire, which can

be raised to incandescence by an electric current passing through

the leads C, D ; to prevent any disturbing effects arising from the

change produced by the current in the electric potential of the

wire, the middle point of the Avire was connected with the earth.

Let us first take the case when the gas in the vessel is air or

oxygen at atmospheric pressure, then, as soon as the glow of

the hot wire begins to be visible, the metal plate receives a

positive charge; this charge increases until the potential of the

plate reaches a value which varies very much with the dimensions

of the apparatus used: in Elster and Geitel's experiments it was of

the order of a few volts. This potential increases as the tempera-

ture of the wire increases, until the wire is at a yellow heat; at

'* Elster and Geitel, Wied. Ann. xvi. p. 19;{, lss2 ; xix. p. WS, 1883 ; xxii. p. I'i.S,

188i ; xxvi. p. 1, 1885 ; xxxi. p. 109, 1887; xxxvii. p. :Uo, 188!». Wkn. 11,'richt. xcvii.

p. 1175, 1889.
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this stage the potential of the plate is a maximum. After passing

this stage the potential diminishes as the wire gets hotter and

hotter, until at a bright white heat the charge received by the

plate is very small.

The electrification on the plate is A^ery much influenced by the

pressure of the gas. Starting at atmospheric pressure and gradually

exhausting the vessel, we find that at first the change of pressure

does not produce any great effect upon the potential of the plate A

,

but when we approach very high exhaustion, such as those in

Crookes' tubes, the potential of the plate begins to diminish, until at

very low pressures it changes sign and may as the exhaustion pro-

ceeds reach a very large negative value. The pressure at which the

change in sign of the electrification of the plate takes place depends

upon the temperature of the wire, the higher the temperature the

higher the pressure at which the reversal of the electrification

occurs. Again, long-continued incandescence of the wire favours

the negative electrification of the plate ; the physical condition of

the platinum wire is changed by long-continued heating, and the

wire becomes brittle. The following experiment, due to Elster

and Geitel*, seems to indicate that the gases absorbed in the

platinum wire and which are gi'adually, but only very gradually

expelled by long-continued heating, play a considerable part in

the electrical phenomena connected with the incandescence of

metals. They found that if the platinum wire was kept glowing

in a fairly good vacuum long enough for the metal plate to receive

a negative charge, the introduction of a very small quantity of

fresh gas reversed the sign of electrification on the metal plate,

and the pressure had to be reduced far below the original value for

the negative electrification to be recovered.

100. The effects are also complicated by the dust and vapour

given off by the glowing platinum, and which form a deposit on the

walls of the vessel. The production of this dust can very easily be

shown by the study of clouds formed by the method described in

Chapter VII. If a fine platinum Avire is fused into the expansion

apparatus, and the air rendered dust-free in the usual way, so that

no clouds are produced by an expansion less than 1'25, dense

clouds will be formed by comparatively small expansions after

a current has been sent through the wire strong enough to raise it

* Elster and Geitel, Wien. Dericht. xcvii. p. 1175, 1889.
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to incandescence*; indeed it is not necessary to make the wire so

hot as to be luminous, an increase in the temperature of the

wire to 200 or SOO"" C. is sufficient to produce the cloud.

The sign of the electrification produced by glowing substances

is influenced by the nature of the substances and of the gas

surrounding them; thus in hydrogen Elster and Geitelf showed

that the plate above the incandescent wire became negatively

electrified even when the hydrogen was at atmospheric pressure.

This electrification continually increased with the temperature.

To get the negative electrification, however, the wire must be at

least at a bright yellow heat ; at lower temperatures the electrifica-

tion is positive ; a clean copper wire, on the other hand, gives a

positive electrification in hydrogen, unless the pressure is very low.

Elster and Geitel showed that the sign of the electrification

in water vapour and the vapours of sulphur and phosphorus was

the same as in air ; they could detect no electrification in mercury

N'apour.

101. The influence of the nature of the incandescent substance

is shown by the fact that with incandescent carbon filaments the

electrification on the metal plate is always negative. It is also

shown clearly by some experiments made b}' Branly:|^. Branly's

method was as follows : he hung up a charged insulated conductor

in the neighbourhood of the incandescent body ; he found that

when the latter was a piece of platinum at a dull red heat the

insulated conductor lost a negative but not a positive charge ; when
the platinum was white hot the conductor was discharged whether

electrified positively or negatively. If the incandescent body was

an oxide and not a pure metal, at any rate if it was an oxide of

one of the metals tried b}^ Branly, viz. lead, aluminium or bismuth,

then it would discharge a positively electrified body but not a

negatively electrified one, which is exactly opposite to the effect

produced by a pure metal at a dull red heat.

102. M'^Clelland§ sucked the gases from the neighbourhood of

the incandescent wire and then investigated their properties. He

* 11. V. Helmholtz, )}'ied. Attn, xxxii. p. 1, 1887. Lodge, Naturf, xxxi. p. '2(')7,

1884.

t Elster and Geitel, If'ied. Ann. xxxi. p. 109, 1887.

+ Brauly, Comptes liemins, cxiv. p. 1531, 18!)2.

§ M'Clelland, Proc. Camh. Phil. Soc. x. p. 241, 1900.
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found that as soon as the Avire began to glow the gas would

discharge a negatively but not a positively electrified body ; when

the temperature of the electrified body was increased by about

400° C. the gas began to discharge a positively electrified body,

though not so freely as it did a negatively electrified one ; when

the wire got to a bright yellow heat the gas discharged both

positive and negative electricity with equal fixcility. M'^Clelland

investigated the laws of conduction of electricity^ through the gas

which had been in contact with the glowing wire ; he found that it

showed all the characteristics of conduction through a gas contain-

ing ions ; thus the relation between the current and the electro-

motive force is represented by a curve like Fig. 5, the current

soon reaching saturation. M'^Clelland also determined the velocity

in an electric field of the ions, produced by the incandescent metal.

He found that their velocity was small comjjared with that of the

ions produced by Rontgen rays, and that the hotter the wire the

smaller was the velocity of the ions.

103. The account we have already given of the effects observed

in the neighbourhood of an incandescent wire shows that the

•electrification produced in this way is a very complicated pheno-

menon, and depends

:

(1) On the temperature of the wire.

(2) On the pressure of the gas around the wire.

(3) On the nature of the gas.

(4) On the nature of the incandescent wire.

We shall simplify the investigation of the cause of this electrifi-

•cation if we study a case in which as many as possible of these

effects are eliminated. Now (2) and (3) are eliminated if we work

with the highest attainable vacuum ; in this case the phenomena

.are greatly simplified and exhibit points of remarkable interest.

To investigate them we may use a piece of apparatus like that

shown in Fig. 41. It consists of a straight piece of fine wire AB,
which can be heated to any desired temperature by an electric

•current led in through the leads CA, DB. Around this wire and

insulated from it is a metallic cylinder, shown in section in EF and

GH ; this cylinder should be longer than, and coaxial with, the

wire. This system is sealed into a glass vessel connected with an

air-pump and the pressure reduced as low as possible, say to
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'001 mm. of mercury. It is desirable to keep the wire red hot for

a very considerable time (I have found a week not too long), in

Fig. 41.

order to expel gases absorbed in the wire ; until these are got rid

of the behaviour of the wire is very irregular. The vessel should

be pumped from time to time while the wire is hot, to get

rid of the gases coming out of the wire ; it will be necessary

to exhaust the vessel from time to time, even after these have

been expelled, as the heat coming from the wire seems to liberate

gas from the walls of the glass vessel and the metal cylinder.

Connect the hot wire to one terminal of a battery and the cylinder

to the other, and place in the circuit a sensitive galvanometer. If

now the wire be made red hot and connected with the negative

pole of the battery, an appreciable current will go through the

galvanometer ; if, however, the terminals are reversed so that the

hot wire is connected with the positive pole of the battery, the

current which passes is too small to be detected by the galvano-

meter ; thus there can be a current through the exhausted vessel

when the negative electricity goes from the hot wire to the cold

cylinder, but not an appreciable one when the positive electricity

would have to go from the wire to the cylinder; the system can

thus transmit a current in only one direction. The current does

not obey Ohm's law : at first it increases with the electromotive

force, but it soon reaches a saturation value beyond which it does

not increase, even though the' electromotive force is increased,

provided the increase in the electromotive force is not sufficient

to enable the electric field itself to ionise the gas.

104. The saturation current increases very rapidly with the

temperature. This is well shown by the curve in Fig. 42, which

T. G. 13
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represents the results of the experiments made by O. W. Richard-

son*, in the Cavendish Laboratory, on the saturation current

between a hot platinum wire and a metal cylinder surrounding it
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in a high vacuum. The temperatures were obtained by measuring

the resistance of the wire. Richardson found that the relation

between the saturation current / and the absolute temperature

6 could be expressed by an equation of the form
_h

I = adU ~\

* 0. W. Richardson, Proc. Cam. Phil. Soc. xi. p. 286, 1902; Phil. Trans. 201,

p. 516, 1903.
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for the curve in Fig. 42,

«=1-.51 xlO-«, h = ^-93x10'.

In the case of this wire the current amounted to about

4 X 10~^ amperes at the temperature 1500" C, which represents

a rate of emission of negative electricity from the hot wire of above

one milliampere per square centimetre of surface. If the same

formula held up to the melting point of platinum, which we shall

take to be 2000° C, the rate of emission of negative electricity

from the glowing wire would be about 1/10 of an ampere per

square centimetre.

The rate of escape of negative electricity from glowing carbon

in some cases greatly exceeds that from glowing platinum. This

is no doubt chiefly owing to the fact that the carbon can

be raised to a much higher temperature than the platinum.

Richardson has obtained from carbon filaments in a good vacuum

currents of the order of an ampere per square centimetre of

surface.

105. This escape of negative electricity from glowing carbon in

high vacua is the cause of an effect observed in incandescent electric

lamps, known as the Edison effect, and which has been studied by

Preece * and in great detail by Fleming i*. The ' Edison effect

'

is as follows : Suppose that ABC represents the carbon filament

of an incandescent lamp, and that an insulated metal plate is

* Preece, Froc. Roy. Soc. xxxviii. p. 219, 1883.

t Fleming, Proc. Roij. Soc. xlvii. p. 118, 1890 ; Phil. Mag. xlii. p. 52, 189().

13-2
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inserted between the filaments ; then if the positive end A of the

filament is connected with a wire D leading from the metallic plate

and a galvanometer inserted between A and D, a considerable

current, amounting in some of Fleming's experiments to three or

four milliamperes, passes through the galvanometer, the direction

of the current being from A to D through the galvanometer. If,

however, the metal plate is connected with the negative electrode

of the lamp and a galvanometer inserted in this circuit, the current

through the galvanometer is exceedingly small compared with that

observed in the preceding case. We see that this is what would

occur if there was a vigorous discharge of negative electricity from

the negative leg of the carbon filament, and no discharge or

a much smaller one from the positive leg; this would tend to

make the potential of the metal plate differ but little from that of

the negative leg of the carbon loop, while the difference of

potential between the positive leg and the plate would be nearly

that between the electrodes of the lamp, and consequently the

current through a circuit connecting the positive electrode to the

metallic plate would be much greater than through one connecting

the negative electrode to the plate.

Fleming showed that when the negative leg of the carbon loop

was surrounded by a cylinder made either of metal or of an

insulating substance, the Edison effect disappeared almost entirely.

Fleming too found, as Elster and Geitel had previously shown by

a somewhat different method, that a current of electricity could

pass between an incandescent carbon filament and a cold electrode,

if the direction of the current was such as to cause the negative

electricity to pass from the hot filament to the cold plate, and that

a current would not pass in the opposite direction. Elster and

Oeitel showed, too, that a plate placed near an incandescent fila-

ment received even in very high vacua a charge of negative

electricity. The behaviour of the hot filament shows that it, like

the incandescent platinum wire, emits negative electrification.

That the emission from the carbon filament is much greater than

that from the platinum wire—great as we have seen the latter to

be—is shown by the fact that although, as Fleming {loc. cit.) has

shown, the ' Edison effect ' can be observed with an incandescent

platinum wire in place of the carbon filament, the effect with

platinum is exceedingly small compared with that with carbon, and
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is only appreciable when the platinum is so hot that it is on the

point of melting.

106. There can thus be no doubt that from incandescent metals

and carbon there is a very rapid escape of negative electricity. The
question arises, What are the carriers of this electrification ? The
answer to this question seems at first sight obvious, for both the

carbon filament and the platinum wire volatilise, or at any rate

give off dust if not vapour at high temperatures. This is shown

by the familiar deposit of carbon on the glass of incandescent

lamps, and of platinum or platinum oxide on the walls of an

exhausted vessel in which a platinum wii'e has been glowing for

a long period. It seems natural, therefore, to regard the carriers

of the negative electricity as the molecules or atoms of carbon

or platinum vapour. We might, however, be led to suspect the

accuracy of this view when we observe the enormous quantities of

negative electricity which can be discharged by a small piece of

very thin wire
;
quantities which are inconsistent with that law of

electrolysis which states that to carry a quantity of electricity E
we require a mass of a substance Ee, where e is the electrochemical

equivalent of the substance.

We can, however, determine by the method of Art. 59 the

ratio of the chai'ge e to the mass m of the carriers of the

negative electricity from an incandescent wire. The results of

this determination, which are given in Art. 59, are conclusive,

for they show that the value of ejm for these carriers is the

same as its value for the carriers of the negative electricity in the

cathode rays, and in the discharge of negative electricity from

metals placed in a good vacuum and illuminated by ultra-violet

light. Thus the negative electricity from the hot wire is carried

by the same carriers as the cathode rays, i.e. by ' coq^uscles,' those

small negatively electrified bodies of constant mass which in all

the cases yet investigated act as the carriers of negative electricity

in high vacua.

We thus are led to the conclusion that from an incandescent

metal or glowing piece of carbon 'corpuscles' are projected, and

though we have as yet no exact measurements for carbon, the rate

of emission must, by comparison with the known much smaller

rate for platinum, amount in the case of a carbon filament at its
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highest point of incandescence to a current equal to several

amperes per square centimetre of surface. This fact may have

an important application to some cosmical phenomena, since,

according to the generally received opinion, the photosphere of

the sun contains large quantities of glowing carbon; this carbon

will emit corpuscles unless the sun by the loss of its corpuscles

at an earlier stage has acquired such a large charge of positive

electricity that the attraction of this is sufficient to prevent the

negatively electrified particles from getting right away from the

sun; yet even in this case, if the temperature were from any

cause to rise above its average value, corpuscles would stream

away from the sun into the surrounding space. We may thus

regard the sun, and probably any luminous star, as a source of

negatively electrified particles Avhich stream through the solar

and stellar systems. Now when corpuscles moving at a high

speed pass through a gas they make it luminous ; thus when the

corpuscles from the sun meet the upper regions of the earth's

atmosphere they will produce luminous effects. Arrhenius* has

shown that we can explain in a satisfactory manner many of the

periodic variations in the Aurora Borealis if we assume that it is

caused by corpuscles from the sun passing through the upper

regions of the earth's atmosphere.

The emission of corpuscles from incandescent metals and

carbon is readily explained by the view—for which we find con-

firmation in many other phenomena—that corpuscles are dis-

seminated through metals and carbon, not merely when these are

incandescent, but at all temperatures; the corpuscles being so

small are able to move freely through the metal, and they may
thus be supposed to behave like a perfect gas contained in a

volume equal to that of the metal. The corpuscles are attracted

by the metal, so that to enable them to escape into the space

surrounding it they must have sufficient kinetic energy to carry

them through the layer at its surface, where its attraction of

the corpuscles is appreciable. If the average kinetic energy

of a corpuscle like that of the molecule of a gas is proportional

to the absolute temperature, then as the temperature increases,

more and more of the corpuscles will be able to escape from the

metal into the air outside.

* Arrhenius, Physikalische Zeitsclirift, ii. pp. 81, 97, 1901.
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Rate at which the corpuscles escape from the metal.

107. We can without much difficulty find an expression for

this quantity if we assume that the corpuscles in the metal behave

like a perfect gas. Let A B, CD represent two planes parallel to

the surface of the metal including between them the region in

which the metal exerts an appreciable force upon the corpuscle.

Let us take the axis of x at right angles to these planes, the posi-

tive direction of x being from the air to the metal ; then if p is

the pressure due to the corpuscles, n the number of corpuscles in

unit volume, X the force acting on a corpuscle, we have when
there is equilibrium

^=Xn ay

but if the corpuscles behave like a perfect gas p = ^6n, where is

the absolute temperature and /3 a constant which is the same for

all gases; substituting this value forp in equation (1), we get

Kr-""" (2);

integrating this equation from CD to AB, we get

, n' w

IV

or n=N€~^^ (3),

where n and N are respectively the numbers of corpuscles in unit

volume of the air and metal, and

w =
I
Xdx

;

thus w is the work required to drag a corpuscle out of the metal.

Equation (3) gives the number of corpuscles in the air when

things have attained a steady state. To find the number of

corpuscles coming from the metal in unit time let us proceed

as follows : regard the steady state as the result of a dynamical

equilibrium between the corpuscles going from the metal to the

air and those going fi'om the air to the metal. If n' is the

number of corpuscles in unit volume of the air, the number which
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in one second strike against unit area of the metal is by the

Kinetic Theory of Gases equal to

00

%udn,

dn being the number of col•pv^scles which have velocities between

u and u -f du, and the summation is to be taken for all positive

values of u. Now if n is the total number of corpuscles in unit

volume

, , /hni , ., ,

dn = n \/— €-'"'"' du,

where m is the mass of a corpuscle : hence

,
/hm

1 n'

_ n'c

where c is the velocity of mean square and is equal to 0L{djm)^,

a being a constant which is the same for all gases : substituting

the value of n from equation (8) we find that the number of

corpuscles coming from the air and striking against unit area of

the metal in unit time is equal to

2 udn = n' \/— e~^""^''udu
V TT Jo

V67rVwiy

if we suppose that all the corpuscles which strike against the

metal enter it, this will be the number of corpuscles entering

the metal, and therefore in the steady state the number leaving it;

the number may be written in the form

a6ie ^:

this number multiplied by e will be the quantity of negative

electricity leaving unit area of the metal in unit time, and

therefore will be the saturation current from a hot wire at

the temperature 6. Richardson's measurements of the saturation

current at different temperatures agree well, as we have seen,

with a formula of this form. From the values of a and b deter-

mined by experiments on the escape of electricity from a hot wire
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we can deduce the values of i\^ and w. Richardson found that for

platinum

a = 1-5 X 10-^'= and h = 4-93 x 10^

;

this gives iV= 1-3 x 10-' and w = 8 x 10~'- ergs.

The pressure due to the corpuscles in the metal would at atmo-

speric temperature be between 30 and 40 atmospheres.

Richardson* has investigated the leak from hot sodium and

found that it is very much greater than that from platinum at the

same temperature, and could be detected at temperatures as low

as 200°—300" C. Wehneltf discovered that the leak from oxides

of the electropositive metals, calcium and barium, is also very much
greater than from platinum at the same temperature, a spot of

lime on an incandescent piece of platinum furnishing a very con-

venient source of an abundant supply of negative corpuscles,

Wehnelt proved that the variation with temperature of the leak

from these incandescent oxides Avas also expressive by an equation

of the type of that on p. 194; Owen| has shown that this

expression holds for the leak from an incandescent Nernst

filament.

Richardson^ gives the following values for h deduced from his

own observations and from those of H. A. Wilson, Wehnelt, and

Owen.

Substance

Carbon
Platinum treated for 24 hoin-s with

nitric acid

Platinum treated for 1 hour with
nitric acid

Platinum in hydrogen at O'OOlSmm.
Platinum in hydrogen at 0'112 mm.
Platinum in hydrogen at 133 mm....
Platinum not specially treated

Nernst filament

Barium oxide on platinum
Calciimi oxide on platinum
Sodium

9-8 X 10* 103*

Observer

Richardson

77'^ X 10*
,

6 X 10-'' i H. A. Wilson

6-55 X 10*

6x10*
4-3 X 10*

1-8x10*
4-93 x 10*

4-41

4-82

4-49x10*1
4-28x10*
3-lGxlO*!

xlO*

6-9 X 10-"

10-''

5-3 X 10'-3

101*

7-5 X 1025

3-5 X 10-*

1-15x1023
7-2 X lO-'"

4-5 X 10-'"

lO-^i

H. A. AVilson

H. A. Wilson
H. A. A\^ilson

H. A. Wilson
Richardson

Owen

Wehnelt
Wehnelt
Richardson

* Eichardson, Phil. Tmns. 201, p. 516, 190.S.

t Wehnelt, Ann. de rhijs. 14, p. 42o, 1904.

+ Owen, Phil. Mitij. [0] 8, p. 230, 1904.

§ Richardson, Jahrhiich fiir PadiO(il;tivitnt 1, p. 308, 1904.
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The accuracy with which the formula
h

adh '

represents the leak may be estimated by the following table,

which gives the leak observed by H. A. Wilson from a platinum

wire treated with nitric acid and those calculated from the

expression 6-9 x 10" x ^ie-«-o5xioVfl

.

Temperature in degrees Leak per sq. cm. Leak calculated
Centigrade observed

1375 1-57x10 1-49x10
1408-5 3-43 X 10 3-33 X 10

1442 7-46x10 7-18x10
1476 15-2 xlO 15-3 XlO
1510-5 32-3 xlO 31-8 xlO
1545 63-8 xlO 64-5 xlO
1580 128 X 10 128-5 xlO

The factor e-tJssxiove in this expression represents the term

e ^^, hence we find that w, the work required to detach a corpuscle

from the platinum, is that required to drag its charge through

a potential difference of about 5-6 volts. A small change in the

amount of this work such as would be produced by a double layer

of electricity at the surface uf the wire would produce enormous

changes in the amount of negative electricity coming from the

wire. Thus taking the case given above, we see that at a tem-

perature of 1000° absolute the exponential term is e-*^l Suppose

now that a double layer of electricity were set up at the surface

of such a sign as to help the corpuscles to escape from the metal,

and suppose that the potential difference between the coatings of

the double layer were 1 volt. The extra work required to

detach a corpuscle would be that corresponding to 4-6 instead
4-6

-- Q^ X ~7^

of .5'6 volts; this would make the exponential factor e
^'^

or e-^^ instead of e-'^\ thus the effect of the surface layer would be

to increase the current e^'- or more than 150,000 times.

H. A. Wilson* has shown that the negative leak from a hot

platinum wire is enormously increased by the presence of small

quantities of hydrogen, since platinum absorbs hydrogen the wire

* H. A. Wilson, Phil. Trans. 20'2, p. 243, 1903.
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itself is a source of this gas ; by boiling the wire in nitric acid so

as to eliminate the hydrogen from it he was able to reduce the

leak to 1/250,000 of its value from a wire not so treated. He
found too that the leak from a hot wire in hydrogen at low

pressures was proportional to the pressure, whereas in air and

water vapour the leak at low pressures is independent of the

pressure provided the electric field is not intense enough to

produce ionisation by collision. He also found that when the

pressure of the ion was altered time was required for the wire to

give the leak appropriate to the new pressure, indicating that the

leak depends more upon the hydrogen absorbed by the platinum

than on that outside the wire. He concludes from his experiments

that the negative leak from hot wires depends almost entirely

upon the presence of traces of hydrogen and if these were removed

the leak would, if it did not vanish altogether, be very greatly

reduced. On one occasion when a little phosphorus accidentally

got on the wire the leak was enormously increased. In all cases

however he found that the variation of the leak with the tem-

perature was expressed by a relation of the form given on p. 194.

The enormous effects produced by hydrogen on the rate of

leak may be due, at any rate in part, to the production at the

surface of the platinum of double layers of electrification helping

the corpuscles to escape from the metal. We shall find when we

consider in Chapter X, Photo-electric effects, that the presence

of hydrogen facilitates the escape of the corpuscles when the

platinum is exposed to ultra-violet light, and that this can also be

explained by the formation of a double layer of electricity at the

surface of the metal.

I recently observed another instance of the effect of hydrogen

on the escape of corpuscles from sodium. A bright surface of

sodium was produced in a highly exhausted vessel which con-

tained a well insulated electroscope, this vessel was placed in

a chamber from which all light was carefully excluded and which

was so dark that a sensitive photographic plate was not fogged

after an exposure of 48 hours, under such circumstances the

electroscope very slowly lost a positive charge but ivtained a

negative one ; when however a trace of hydrogen was sent into

the vessel in the dark chamber, the electroscope began to lose

its positive charge much more rapidly, there was no leak if the
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electroscope was negatively charged ; the increased leak from the

positively charged electroscope lasted for a few minutes and then

disappeared, it could however be renewed by letting in fresh

hydrogen and this process could be repeated time after time.

This leak was stopped when the electroscope was placed in a

magnetic field, showing that it was due to negative corpuscles

coming from the sodium while the metal was absorbing hydrogen.

No leak of the electroscope occurred if oxygen or carbonic acid

gas was admitted into the vessel instead of hydrogen.

108. The double layer at the surface of the metal might in

part be due to the same causes as those which produce the contact

potential difference between two electrolytes of different concen-

trations. If two electrolytes are in contact and in one of them

there is strong ionisation and in the other weak, there is a difference

of potential between them proportional to Rd log — , where R is

the gas constant, 6 the absolute temperature and p^ and p. the

pressure of the ions in the two solutions. Now some metals,

platinum and sodium for example, absorb hydrogen and this is

ionised in the metal, thus the metal and the surrounding space are

analogous to two electrolytes in contact in one of which there is

strong ionisation, while there is very little in the other, there will

thus be a difference of potential and therefore a double layer of

electrification at the surface ; in addition to this source of the

double layer there may be that which gives rise to the Volta

contact difference of potential. The existence of double layers

from causes such as these, though not affecting the form of the

expression for the leak in terms of the temperature, would affect

the physical meaning to be given to the constants, and would for

example make it illegitimate to deduce fi-om the value of the

constant a in the formula on page 194 the number of free

coi*puscles in each cubic centimetre of the metal.

109. The emission of the negative corpuscles from heated sub-

stances is not, I think, confined to the solid state, but is a property

of the atom in whatever state of physical aggregation it may occur,

including the gaseous. The emission of the negative corpuscles

from the atoms is well shown in the case of sodium vapour; if

a little sodium be placed in a tube from which all gas has as far

as possible been exhausted there will be in the dark no leak from
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a charged conductor sealed in the tube, if however the tern])era-

ture is raised to about 300^ C. in the dark a considerable leakage

of electricity from the charged conductor will occur, whether the

charge be positive or negative ; the leak in the former case is

however greater than in the latter. It might be thought that

the leak is due to the corpuscles given out by the solid sodium in

the tube, these however would be negatively charged and could

not discharge a negatively charged conductor; nor is it due to

sodium condensed on the charged conductor itself, for there is no

leak on cooling down to the temperature of the room and ex-

posing the charged conductor when negatively electrified to light

;

if sodium had condensed on the charged metal the leak would

have been very perceptible.

If the atoms of sodium vapour emit negative corpuscles they

will be positively charged and so should be attracted by a negatively

electrified body. The following experiment which I have recently

tried shows that this is the case Sodium was heated in a highly

exhausted vessel, placed in a dark chamber; two glass tubes

b, c fused in the vessel had electrodes running down them

which could be maintained at different potentials by connecting

them with the terminals of a battery of storage cells. These

tubes were at a slightly lower temperature than the lower part

of the vessel so that the sodium vapour condensed in them.

If the wires were not charged the deposit of sodium was about

equally dense in the two tubes, if however a difference of potential

of about 300 volts was maintained between the tubes the deposit

of sodium was found to be almost entirely confined to the tube

containing the negatively electrified wire ; this was not due to any

want of symmetry in the tubes, because the deposit could be

obtained on either tube by charging its wire negatively.

The emission of the negatively electrified corpuscles from

sodium atoms is conspicuous as it occurs at an exceptionally low

temperature ; that this emission occurs in other cases although at

very much higher temperatures is, I think, shown by the con-

ductivity of very hot gases, and especially by the very high

velocity possessed by the negative ions in these gases ; the

emission of negatively electrified corpuscles from atoms at a

very high temperature is thus a property of a very large number

of elements, possibly of all.
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The emission of corpuscles ft-om the atom must play a very

important part in the decomposition of the molecules of a com-

pound by heat, if the forces which bind the atoms together in

the molecule are mainly electrical in their origin. For imagine

a molecule consisting of two atoms, one, A, positively, the other,

B, negatively electrified, and suppose that the temperature is raised

until the point is reached when the negatively electrified atom

begins to discharge the negatively electrified corpuscles : when

this stage is reached B loses a corpuscle. Let us suppose that

under the electric field this coi-puscle finds its way to the positively

electrified A neutralising its charge, so that momentarily A and B
are without charge, the attraction previously existing between

them is annulled and there is no longer anything to prevent their

drifting apart. It does not follow however that the molecule is

necessarily permanently split up, for A has now no positive charge

to prevent the negative coi'puscles ft'om escaping, and as it is the

electropositive element in the compound it would under similar

conditions lose corpuscles more readily than B ; thus A will soon

regain its positive charge. B being without charge cannot dis-

charge negative corpuscles as easily as it did previously when it

was negatively electrified, thus some time may elapse before B
emits a corpuscle, and in the interval it may get struck by a

negative corpuscle and thus acquire a negative charge, recombina-

tion might then occur between it and the positively charged A,

this combination being dissolved again by the process we have

already sketched. We should thus get to a state in which there

is statistical equilibrium, the number of recombinations in unit

time being equal to the number of atoms dissociated in that time

:

the proportion of the free to the combined atoms will depend upon

the properties of each of the atoms ; the more easily A loses its

corpuscles by heating and the greater the difficulty of getting

the corpuscles out of B, the smaller will be the proportion of fi-ee

atoms. These considerations show that heat may produce dis-

sociation in other ways than the more commonly recognised one

of increasing the kinetic energy until the centrifugal force is great

enough to overpower the attraction.

110. The emission of corpuscles by hot bodies will make all such

bodies conductors of electricity, and the conductivity will increase

very rapidly with the temperature. If we take for example a piece
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of lime which as Wehnelt has shown gives off large quantities of

corpuscles at high temperatures, then when the lime is hot it will

contain a large supply of free corpuscles which will move under an

electric field and make the lime a conductor. Experiments are

being made at the Cavendish Laboratory by Dr Horton to see

whether the conductivity which bodies, such as glass, acquire at

high temperatures is not due to the emission of corpuscles from

the molecules of the hot substance.

111. We thus see that from an incandescent wire corpuscles are

projected at a rate sufficient to produce a very large rate of leak

when the pressure of the gas surrounding the wire is very low

;

at such pressures there is very little gas to hamper the motion of

the corpuscles, which consequently can move with very high

velocities ; as soon as a corpuscle emerges from the incandescent

surface it travels away from it towards the cylinder surrounding

the wire, and when the current between the wire and the cylinder

is saturated none of the coi-puscles diffuse back again into the wire.

When however the pressure of the gas surrounding the wire

is considerable the corpuscles cannot travel so freely, they tend to

accumulate in the neighbourhood of the wire and some of them

diffuse back into it again. The density of the corpuscles in the

neighbourhood of the wire cannot exceed a definite value, given

by equation (3), p. 199: just as in the case of the evaporation of

a liquid, the pressure of vapour in contact with the liquid cannot

exceed a definite value depending upon the temperature.

Relation between the current and tJie potential difference.

112. Let us consider the case of two parallel plates at right

angles to the axis of x, then if only one of the plates is incandescent,

or if both are incandescent but the temperature is so low that only

positive ions are produced at the surface of the plates, then the ions

carrying the current between the plates will be all of one sign and

we may apply the results of Art. 50. Hence if X is the electric

force, k the velocity of the ion under unit electric force, we have,

if i is the current,

dX_47n^
dx k

hence if k is independent of x we have



208 lONISATION BY INCANDESCENT SOLIDS. [VIIl

If n is the number of ions per cubic centimeter

dX = 47rne,
ax

thus n

=

ek /STri

A/'

Thus the density of the ions at the hot plate when x = is

equal to

ek^^G'

Now suppose that the quantity of electricity emitted by the

hot plate per second is /, the quantity of electricity passing

through unit area of the gas between the plate is i : the difference

I — i must equal the charge carried back to the plate by the

corpuscles striking against it. We showed on page 200 that if

n is the number of corpuscles per unit volume in the gas near the

plate, the number striking unit area of the plate per second is

where c is the velocity of mean square of the corpuscles. Since

n = i/ekC^,

the charge given to the plate by the corpuscles which strike

against it is

ic

To^kCi

'

as this is equal to I — i we have

r . ic1—1 =

If y is the difference of potential and I is the distance between

the plates, V = Xdx, and since

x=|?^'..+cr,

12771 (^ + (7r-6'?
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or substituting the value previously found for C

V= ^ I'SttU c" i- \^ cH
+

127^^LV k i^irt- {I - %)-J {iJTrf-h?{I-if_
...(1).

This gives the relation between the current and the potential

difference. / is the saturation current.

The quantities are supposed to be measured in electrostatic

units.

We shall consider two particular cases of this equation ; the

first is when i is so small compared with / that

(iTrA;- (/ - if

is small compared Avith — .—
.

Then equation (1) becomes

9k V-
or ^ = o9 ,1 (-)•

oZTrr

Thus the current increases more rapidly than the potential

difference, and diminishes rapidly as the distance between the

plates is increased.

This equation has been tested by Rutherford*; we cannot

however expect the theory to be in very close agreement with the

facts, for in deducing equation (1) we have made several assump-

tions which are not satisfied in practice ; in the first place we
have assumed that k is independent of a:, this will only be true

when the temperature is uniform between the plates, it will not

be true when one plate is hot and the other cold, for the velocity

of the ion depends upon the temperature. Thus H. A. Wilson f has

shown that in a flame at a temperature of about 2000° C. the

velocity of the negative ion under a potential gradient of 1 volt

per cm. is about 1000 cm./sec, that of the positive ion under the

same gradient 62 cm./sec; in hot air at a temperature of about

1000° C. the velocity of the negative ion is only about 2() cm./sec,

* Rutberford, Physical Review, xiii. p. 321, I'JOl.

t H. A. Wilson, Phil. Tram. A, 192, p. 499, 1899.

T. G. 14
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that of the positive about 7"2 cm./sec. M'^Clelland* found that the

ions from an incandescent wire when they got into the cold air at

some distance from the wire travelled with velocities as small as

'04 cm./sc, and that the velocity diminished as the ions got further

from the wire and could be increased again by warming the ions

;

thus k varies rapidly with the temperature and therefore with x.

The increase of k with the temperature makes the current

increase rapidly with the temperature of the hot plate. We
see from equation (1) that the current for a constant small

difference of potential does not depend upon the amount of ioni-

sation near the plate f, so that the increase of ionisation at the

higher temperature would not explain the increase of current when
the wire gets hotter ; a satisfactory explanation of this increase is

however afforded by the increase of k with the temperature.

When the temperature of the hot plate is high enough for

negative as well as positive ions to exist near the plate, the

leak between the hot plate and a cold one will be greater when
the hot plate is the negative electrode than when it is the positive:

for in the former case the current is carried by negative ions, in

the latter by positive, and equation (1) shows that with the same

potential difference the current is proportional to the velocity of

the ion by which it is carried. Now the velocity of the negative

ion is always greater than that of the positive, and the ratio of the

velocity of the negative to that of the positive increases rapidly

with the temperature ; thus the experiments of H. A. Wilson on

the leak through gases mixed with the vapours of salt {I. c.) show

that this ratio at 2000^ C. is about 17 while at 1000' C. it is only

about 3'5. At ordinary temperatures for the case of ions drawn

from the neighbourhood of the hot Avire, M'^Clelland's experiments

show that this ratio is only about 1*25. The great increase of

current produced by changing the sign of a very hot electrode

from + to — is a very well-marked phenomenon ; one striking

example of it is furnished by an old experiment of Hittorfs;|:. In

this experiment a bead of salt was placed in a flame between

glowing electrodes : the increase in the current was much

* McClelland, Phil. Mag. v. 46, p. 29, 1899.

t It must be remembered that equation (1) only applies when the current is

small, so that X—0 when a:= 0; when the current approaches saturation it increases

rapidly with the amount of ionisation at the plate.

+ Hittorf, Pogg. Ann. Jubelband, p. 430, 1874.
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greater when the bead was placed close to the negative electrode

than when it was placed near to the positive. These results, it

must be remembered, are only true when the currents are very

small compared with their saturation values ; the saturation values

do not depend upon the velocities of the ions but only upon the

number of ions produced in unit time at the surface of the hot

metal.

The velocity of an ion under a constant electric force increases

as the pressure of the gas diminishes, hence we see from equation

(1) that the current when small will increase when the pressure

diminishes.

/

</

/ Outer tut e Negative xlO

£y
Fig. 44.

400 CeUs

(= 800 Volts)

113. A well-marked feature of the discharge from incandescent

metals is the very rapid increase of the current, when this is small,

with the electromotive force, an increase much more rapid than

that given by Ohm's law. This has frequently been observed ; thus,

for example, Pringsheim* gives as an empirical formula for the

current i in terms of the potential difference Y for the discharge

between two pointed electrodes in a hot gas

. V + aV-

where a and w are constants. The rapid increase in the current is

* Pringsheim, Wied. Ann. Iv. p. 507, 1895.

14—2
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well illustrated by the curve in Fig. 44 given by H. A. Wilson*

for the case of the current between a hot platinum wire and a hot

platinum tube outside it ; in this curve the ordinates represent

the current and the abscissae the potential differences, the curve

for the case when the tube is negative illustrates too the ' satura-

tion ' of the current under high electromotive forces. This rapid

increase of the current is accounted for by equation (1), which

shows that the current is proportional to the square of the

potential ditference.

The equation (1) will however, except at very low pressures,

only hold when the current is an exceedingly small fraction of the

saturation current, for in deducing it we have assumed that

67rk^ {I - if

is small compared with —r-
•

Now c is the velocity of mean square of the corpuscles so that

if the temperature of the hot plate is 1000° C. cr will be of the

order 9 x 10^-, k is the velocity of the ion through the gas under

unit electrostatic force, i.e. 300 volts per centimetre ; thus if the

air is cold and at atmospheric pressure k will be about 4'5 x 10-

and k- about 2 x 10^ ; thus c-jk- will be exceedingly large, and it

is onl}^ when i is very small compared with / that the above

condition is fulfilled.

The other case we shall consider is when

GttA;- {I-if

is large compared with —.—
.

In this case V= —= -r-n-—^.-, I,

^/Q^r k(I-i)

VI
1 =

V Gtt k

This equation shows that i now increases less rapidly than

V
the potential difference, it approaches saturation when y k is large

compared with c/VGtt, i.e. when the electric field is so strong that

* H. A. Wilson, Phil. Trans. A, 197, p. 415, 1901.
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the velocity given to an ion by the field is large compared with

the velocity of mean square of a corpuscle at the temperature of

the hot plate ; we see from the numbers given above that it W(ndd

require a jjrodigious field to saturate the current from a hot wire

through a gas at atmospheric pressure, in fact it would be im-

possible to saturate the current at all, for the field required to do

so is greater than that required to spark through the gas.

Emission of Positive Electricity by Hot Metals.

114. Hot metals emit positive as well as negative electricity,

indeed in many cases until the temperature gets ver}- high the

metal emits more positive than negative electricity. The emission

of positive electricity can be detected at much lower temperatures

than that of negative. Strutt* has detected the emission of

positive electricity from copper and silver wires at a temperature

less than 200° C.

The rate of emission of positive ions from a hot wire depends

to a very large extent on the previous history of the wire.

On first heating a wire it emits a large quantity of positive

electricity, if the wire is kept hot the rate of emission rapidly

decays until it falls to a small fraction of its original vah;e. This

large initial leak cannot be due to dirt on the surface of the wire

for it occurs with platinum wires which have been boiled in nitric

acid. It is not confined to metals, for Oweni* has shown that it is

well marked in a Nernst filament ; he found that the filament

after heating did not recover its power of giving a large initial

leak after exposure to air at atmospheric pressure for several days.

The evidence as to the recovery of such a leak in platinum wiivs

after exposure to air is somewhat conflicting, as H. A. Wilson and

Richardson, who have each made important investigations on the

leak from hot wires, have arrived at opposite conclusions. Wilson

thinking that a short exposure to air is suflicient to restore the

original leak, while Richardson attributed the increase which he

obtained not to the air but to the accidental presence of a complex

vajiour, probably that of phosphorus, as he has found;]: that the

exposure of a platinum wire to a small quantity of phosphorus

will for a time produce an enormous increase in the positive leak

from the wire.

* Strutt, Phil. Mail. « 1, P- ''^. 1902.

+ Owen, Phil. Mag. G. 8, p. 230, iy04.

+ Richardson, Phil. Mag. 6. 9, p. 407, 190.5.
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Richardson found that a wire which had been strongly heated

could be kept in a vacuum for more than three weeks without

any recovery of its power to give a large positive leak. It would

be of great interest to see if any recovery took place after a rest

in a vacuum of much longer duration, and so determine whether

the large initial leak is due to some foreign matter absorbed by

the wire or whether, like the emanation from a radio-active

substance, it arises from something produced by the metal itself

which gradually accumulates in the wire.

Richardson has made the very interesting discovery* that when
a wire has by heating lost its power of giving a large positive

leak, it can regain the power by being made the cathode for the

electric discharge through a gas at low pressure, or even by being

placed near such a cathode ; in the latter case the recovery of

this power does not take place if an obstacle is placed between

the cathode and the wire. We cannot tell without farther ex-

periments whether this recovery is due to the bombardment of

the wire by corpuscles or positive ions, or to some matter deposited

on the wire by the discharge ; this point could be tested by placing

the wire in a stream of cathode rays in a highly exhausted tube,

arranged so that none of the metal torn off from the cathode can

reach the wire.

It is important to settle this point because some substances

after exposure to cathode rays show what is known as thermo-

luminescence, which is in some respects analogous to the behaviour

of the wire. The substances showing thermo-luminescence when
heated after exposure to cathode rays become luminous, as the

heating continues the luminosity gradually fades away and finally

• disappears, and does not recur until the substance has been again

exposed to cathode rays. The luminosity of these substances thus

shows analogies with the leak of positive electricity from hot wire.

The small permanent leak which remains after the temporary

one has been eliminated by preliminary heating increases rapidly

with the temperature, and can like the negative leak be repre-
A.

sented by an expression of the type 6^ e «. It does not however

increase so rapidly with the temperature as the negative leak,

so that at high temperatures the latter is much the more

prominent.

* Eichaidson, Phil. Mag. 6. 8, p. 400, 1904.
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The facts just mentioned suggest that the gas absorbed by the

platinum and slowly given off when heated plays an important

part in the carriage of the electricity from the wire, and we can

easil}^ understand how this gas, coming straight from the midst of

a good conductor, would be ionised and able to carry the current.

The emission of absorbed gas from the platinum is however,

according to Berliner*, closely connected with the disintegration

of the platinum wire which takes place when the wire is kept

glowing and which is made evident by a deposit of platinum or

platinum oxide on the walls of the tube and a diminution in the

weight of the hot wire : the carriers of the electricity might thus

be the dust or vapour of platinum escaping from the wire. This

disintegration of the platinum has been studied by Berliner*,

Elster and Geitelf, Nahrwold:]:, and Stewart§: who have shown

(1) That the amount of disintegration produced in a given

time by the incandescence of a platinum wire diminishes after

prolonged heating.

(2) That the amount of this disintegration is very much
increased by the presence of oxygen. It is exceedingly small in

nitrogen and hydrogen ; indeed, some of the experiments suggest

that there would be no disintegration of a glowing platinum wire

in these gases if every trace of oxygen could be removed from

them. We may suppose that where oxygen is present slight

oxidation takes place, producing a ^veathering of the surface

which facilitates the disintegration of the metal.

The disintegration of the platinum can be easily shown by

the effect of the incandescence of the wire on the condensation-

of clouds in the air in its neighbourhood. We owe this method

to Aitkenjl. One simple way of showing this effect is to have

a fine platinum wire fused in the expansion chamber in the cloud

apparatus (Fig. 36). If the air be made dust-free when the wire

is cold, then on sending a current through the wire so as to raise

it to a red heat and then letting it cool, a dense cloud is produced

by a very small expansion ; as this expansion is much smaller tlian

that required to produce a cloud on ions, there must be particles

* Berliner, IVied. Ann. xxxiii. p. 289, 1888 ; xxxv. p. 7!tl, 1888.

t Elster and Geitel, Wied. Ann. xxxi. p. 109, 1887.

+ Nahrwold, Wied. Ann. xxxi. p. 448, 1887 ; xxxv. p. 107, 1888.

§ Stewart, Phil. Mag. xlviii. p. 481, 1889.

II
Aitken, Trans. Hoy. Hoc. Edin. xxx. p. 337.
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much larger than molecules in the neighbourhood of the wire.

Unless the wire is very carefully cleaned an increase of tem-

perature much less than that required to produce luminosity is

sufficient to produce a cloud. This depends apparently upon dirt

or moisture deposited on the wire, and Aitken's experiments

show that this effect disappears when the wire has been cleaned

b}' long-continued incandescence ; no amount of incandescence

seems however to destroy the cloud when the temperature of

the platinum wire is raised to that corresponding to a red heat.

Mr Owen*, who has recently made experiments in the Cavendish

Laboratory on this point, finds that when the platinum wire is in

air or oxygen there is, even after long-continued incandescence of

the wire, always a cloud when the temperature of the wire is raised

to about 300 C. In pure hydrogen however the wire has to be

raised nearly to a red heat before this cloud is formed.

115. There is a close similarity between the laws of disintegra-

tion of the wire and those of the leak of positive electricity from it.

We have already alluded to the effect of long-continued heating

on the leak ; the presence of oxygen has also a very marked effect.

This can be shown in a striking way by observing the pressure

at which a plate in the neighbourhood of the hot wire begins

to acquire a negative instead of a positive charge. If the wire

be not too hot, then at high pressures the plate will be charged

positively ; on exhausting the vessel a point will be reached where

the positive charge begins to decrease, then it vanishes and finally

is replaced by a negative charge. This change in the sign of the

charge on the plate occurs at much higher pressures in hydrogen

and nitrogen than in oxygen, where this reversal is difficult to

obtain unless the wire be very hot. When the reversal of sign

has been obtained in hydrogen or nitrogen the addition of a

surprisingly small quantity of oxygen is sufficient to make the

charge on the plate positive again. It is possible that part of

the diminution in the positive leak produced by long-continued

heating at low pressures may be due to the burning up of the

oxygen, or when there is any grease present to the replacement

of oxygen by the vapours of hj'drocarbons liberated by the con-

tinuous heating. The increase in the positive electrification

produced by oxygen is easily explained if there is any oxidation

of the metal at a red heat ; for in the oxide thus formed the
* Owen, Phil. Mag. [G], G, p. 306, 1903.
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oxygen carries the negative, the metal the positive charge; thus

if the oxygen in the neighbourhood of the platinum wire got

ionised by the heat, the platinum by combining with the negative

but not with the positive oxygen ions would leave an excess of

positive ions in the neighbourhood. That chemical action has

a considerable effect on the electrification is confirmed by the

observation of Branly that the oxides of metals give off at a dull

red heat negative electricity, whereas metals give off positive ; in

the case of the oxides the chemical action which takes place is the

dissociation of the oxide into the metal and oxygen, the oxygen

ions carrying the negative charge and thus producing negative

electrification round the wire. A similar explanation applies to

the following result which I observed with the arc discharge

:

when the arc passed between terminals of bright copper there

was an excess of positive electricity in the gas round the ter-

minals ; if however the terminals were thickly coated with oxide

and placed in hydrogen the electrification in the gas was negative

until the oxide was reduced ; when this had been accomplished

the electrification became positive.

116. A ver}' small amount of chemical action is suflicient to

produce very intense electrification, so that it might be urged that

even in the best attainable vacuum there is sufficient gas to produce

the electrification ; that this positive electrification occurs in very

good vacua is certain ; in a vacuum so good that it was hardly

possible to get any discharge through it with an induction coil

giving an 8-inch s})ark, I have got the positive electrification

from a red-hot platinum wire which had been kept glowing at

a much higher temperature 8 hours a day for a week. Stronger

evidence that the positive electrification is not due entirely to

chemical action on the wire is aftorded by a determination of the

nature of the carriers of this charge; if the charge arose from

chemical action we should expect the carriers to be the atoms

or molecules of the gas. The following experiments show that

although there are a few carriers of this character the majority

of them are much larger and are probably molecules, or even

larger masses of platinum. The method used to determine the

mass of the carriers was the same as that used (see p. 135) to

determine the mass of the negative carriers at high tempei-aturos,

inasmuch however as the mass of the positive cari-iers turns out
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to be enormously greater than that of the negative ones, it is

necessary in dealing with the positive leak to employ very much

greater magnetic forces than those used in the previous ex-

periments, and this involves some modifications in the conditions

of the experiment. The arrangement used is shown in Fig. 45.

To Electrometer

Battery

Fig. 45.

A is an insulated metal plate placed in the middle of a brass

tube about 5 mm. in diameter; this plate is connected with a

quadrant electrometer. 5 is a piece of platinum foil parallel to

the plate and about 3 mm. from it ; this foil can be raised to

incandescence by an alternating electric current passing through

the leads C, D. The current was produced by making the circuit

connecting these leads loop round a transformer. By this method

the hot wire and its leads could be easily insulated ; the hot wire

and the brass tube were connected with one terminal of a battery

of small storage cells, the other terminal of which was connected

with the earth. The current to the plate A from the hot wire was

measured by the deflection produced in the electrometer in a given

time ; this deflection was measured for various potentials of the hot

wire, with the magnetic field both on and off; the highest potential

at which a given magnetic field produces an appreciable diminu-

tion gives, as is explained in Art. 67, the means of determining

mje—the ratio of the mass of the carrier to its charge. In the

investigation of Art. 55 it was assumed that the electric force

was uniform in the region in which the ions were moving ; in the

case of the hot wire there are so many ions all of one sign

carrying the current that they disturb the potential gradient

and make the force vary from point to jjoint. We can easily
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prove however that this inequality in the electric field will not

impair the validity of the method. If the field is not uniform

the paths of the ions will not be cycloids ; the ions however,

whether the field is uniform or not, after receding a certain

distance d from their source, will be turned round by the mag-

netic force and begin to move back, thus they will never get

further than d away from the source. Now if the plate on which

the ions are received is at a distance greater than d from the hot

metal which is the source of the ions, the magnetic field will

produce a diminution in the current flowing into the plate, while

if the distance is less than d, the magnetic field will produce no

diminution in the leak. This critical distance d can be de-

termined by comparing the currents with the magnetic field on

and off: it is evidently the distance from the source at which

the velocity of the ion parallel to the electric force vanishes.

If X is the distance of an ion from the hot plate. A" the electric

force acting on the ion, H the magnetic force supposed to be

uniform and parallel to the axis of z, then we have

»§=^*+^''s (i>>

d-ij „- dx .

"'lie
— "'dt

^-*

dy ^
or m -^ = — Hex,

dt

since ^ = 0, when x = 0; substituting this value for -f- in

equation (1) we get

d'-x H~e- -i^m -^j— H X = A e.

dt- in

Integrating with respect to x from .^' = to a; = d, we have, since

dxjdt vanishes both when x = and when x = d,

^ = e A dx

;

" m Jo
[''

if V is the difference of potential between the plates V = Xdx

;

hence h d' = V
" tn

III H-d-

and thus even when the field is not uniform efm is given by the

same equation as in Art. (i7.
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In applying this method to the case of the leaking of positive

electricity from a hot wire we find that enormously greater

magnetic forces are necessary to produce any diminution upon

the leak than were required to produce the
.
same effect on the

leak of negative electricity from a hot wire : and even with the

greatest magnetic forces obtainable the effects of the magnetic

field upon the rate of leak are sometimes scarcely appreciable.

The effect of a magnetic field upon the positive leak, like the

positive leak itself, is irregular, even when the temperature of the

wire and the pressure of the gas are kept as constant as possible,

small changes in conditions which it is very difficult to control or

even to specify, producing great changes in the leak and in the

effect of the magnetic field upon it. It is probable that these

changes correspond to a change in the nature of the carriers of

the electricity. In some cases the leak is not affected by the

magnetic field even of 19000 units. When, however, the discharge

is sensitive to the magnetic field the general nature of the effects

observed with the apparatus already described and with a field

of 19000 units is as follows, the pressure of the gas (air) being

about '007 m. ; the numbers given are only approximate as the

irregular variations in the leak are so large as to make accurate

measurement impossible. When the potential difference between

the hot metal and the plate connected with the electrometer was

small, say 3 or 4 volts, the leak was very nearly stopped by the

magnetic field ; with a potential difference of 10 volts the leak was

reduced by the magnetic field to about one-quarter of its original

value, the effect of the magnetic force upon the leak diminished as

the potential difference increased but was appreciable until this

reached about 120 volts. Thus in this case we see that while some

of the carriers can reach the plate under a difference of potential

of 10 volts, there are others which require a potential difference

of 120 volts to do so. If ei//»i be the ratio of the charge to the

mass of the first carrier, e-^jnu that of the second, then putting in

equation (3)

H = 19000, d = -3 and F= ]0 x 10« and 120 x lO^, we get

^ = 60,

-^ = 720;
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if ^1, e. were the same as the charge on a hydrogen ion, then 7}ii

and 7»„ would be respectively about 170 and 14 times the mass of

the hydrogen atom ; these are limiting values of e/m, there are also

intermediate values. These results indicate that the electricity is

carried both by atoms of the metal (in this case platinum) and of

the gas, the former predominating. The fact that in certain cases

the rate of leak is not affected by the magnetic force even when
the potential difference is reduced to one volt or less shows that in

these cases the carriers have much larger mass than the molecule

of platinum, they are probably platinum dust.

Rutherford* from experiments on the velocity of the ions

through air at atmospheric pressure also came to the conclusion

that carriers of very different kinds were at work in carrying the

positive electricity from a hot metal.

Though the effect of the magnetic field on the rate of leak

diminishes when the potential difference is increased and at one

stage disappears, yet on still further increasing the potential a

stage is reached where the magnetic force again produces a very

considerable diminution in the rate of leak. This stage is closely

connected with the way in which the rate of leak varies with

potential difference ; if we represent the rate of leak by the ordi-

nates, the potential difference by the abscissge of a point on a curve,

then, as M'^Clellandf has shown, the curve is of the type represented

in Fig. 46 showing three well-marked stages : in the first the

current increases rapidly with the potential difference, in the

second the current is saturated and is independent of the potential

I I

—

-

80 120 160 200 240 280 320

Fig. 46.

* Kutherford, Pliyskal Review, xiii. j). 321, 1901.

t M'^Clelland, Froc. Caml. Phil. Soc. xi. p. 29(5, 1902.
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difference, in the third stage the current again increases rapidly.

This increase is as we shall see due to the formation of fresh ions

by the motion through the gas of ions coming from the hot plate

;

there are in this stage negative as well as positive ions between

the electrodes. It is in the third stage that the magnetic field

again produces a diminution in the rate of leak, the explanation

of this is I think that the magnet stops the motion of the negative

ions which are now helping to carry the current and wdiich, as we

have seen, are very much hampered by a magnetic field.

Elster and Geitel* found that the rate of positive leak was often

indeed in their experiments generally increased, not diminished,

by the magnetic field ; with the apparatus described and arranged

as on page 218, I only observed an increase in one case, i.e.

when the temperature was high and the potential difference small.

At a very high temperature negative as well as positive ions are

produced at the plate ; these negative ions are projected with great

velocity, so that even if the plate has a small positive charge the

negative ions coming from the plate will exceed the positive ones

and a conductor in the neighbourhood will receive a negative

charge. If the potential of the plate be raised until this conductor

gets a positive charge, then the application of a magnetic field will

often considerably increase the positive charge on the conductor

;

this increase is, however, due to the retardation of the stream of

negative ions and not to the acceleration of the positive ones. If

the metal tube in which the hot plate (Fig. 45) is contained is

not connected with the hot plate but with the earth, then a mag-

netic field will often increase the rate at which the plate acquires

a positive charge ; this, however, is merely the diversion of positive

ions from the tube to the cold plate by the magnetic field.

117. We could determine the value of ejni for the carriers of

electricity by the following method, which does not require the

application of a magnetic field, and which is applicable when the

current is carried by ions of one sign and when the pressure of

the gas is so low that we can neglect the resistance of the gas to

the motion of the ions. Let us consider the case of a current

between two parallel plates, one of which is the hot plate or other

source of ions. Take the axis of a; at right angles to the plate, let

* Elster and Geitel, Wied. Ann. xxxviii. p. 27, 1889.
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V be the difference of potential between the hot pkite and a point

whose coordinate is cv, p the density of the electricity. Then

.(1).

If V be the velocity of the ion at x, v^ its velocity when starting

from the plate, m its mass and e its charge, then

^m{v'-v-^)=Ve (2);

but since all the ions are of one sign, i the current through unit

area is equal to vp, hence from (1) and (2)

m J \ ax-
•(3);

integrating this equation we have, if we write X for dVjdx,

Z'^=C +
8772," . Ill

m )

hence if A' is the value at the cold plate, A'o that at the hot, V the

potential difference between the plates, and C the constant of

integration,

we have Z^-AV- =
m

if A"' and Ay', i' and V are corrresponding values in a second

experiment we have

T'-— Y'- — Stti' . m
m

hence if

w^e have

(X- - AVVStt/ = I, (
A'-^ - X:-')/87ri' = f

,

m- m m

m- m m

m ^r(^-r)=2(rr-T^'i) •(4),

an equation by which we can determine elm w^hen we know

^) f ', y, 'ind v. To determine ^ and ^' we require to know the

value of A'^ at the two plates. This can be done as follows : as

the pressure is very low we can produce by independent electrodes

cathode rays in the vessel in which the leak is taking place ; if we

arrange these electrodes so as to allow a small pencil of these rays
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to pass close to first one plate and then the other and measure

the electrostatic deflection of the rays, we can from this deflection

deduce the electric force and then by equation (4) the value of

e/m.

Effect of the Gas on the rate of leak.

118. We have seen that in the best vacua we can produce, a

metal when first it begins to glow gives off positive electricity

and then at considerably higher temperatures negative electricity

as well, the rate of emission of negative electricity increasing more

rapidly with the temperature than that of the positive, so that at

very high temperatures the negative is greatly in excess of the

positive. Thus to make a metal emit positive electricity we have

to communicate a certain amount of energy to its surface, a larger

amount being required to make it give out negative electricity.

When the incandescent metal is surrounded by gas at an appre-

ciable pressure we find that the nature of the gas has a very

distinct effect upon the amount of leak. The author* has shown

that gases such as the vapours of iodine and bromine, chlorine,

hydriodic acid gas, hydrobromic acid gas, hydrochloric acid gas,

the vapours of potassium iodide, sal-ammoniac, sodium chloride,

potassium chloride, which are dissociated by heat conduct elec-

tricity on quite a different scale from those which like air,

hydrogen or nitrogen do not suffer any dissociation ; in the latter

case the leak is not greater than could be accounted for by the

emission of ions from the electrodes, in the former case it is very

much greater, showing that the gas itself is ionised.

The vapours of many metals conduct very well ; of the metals I

tried, sodium, potassium, thallium, cadmium, bismuth, lead, alumi-

nium, magnesium, tin, zinc, silver and mercury ; sodium and

potassium had the highest conductivity ; while the conductivity

of the vapours of mercury, tin, thallium, did not seem any greater

than that of air ; so that the small conductivity actually observed

might have been due to the presence of air and not to the vapour

of the metal.

* J. J. Thomson, Fhil. Mag. v. 29, pp. 358, 441, 1890.
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The distribution of potential near Glowing Electrodes.

119. We shall confine ourselves to the ease when the current

passes between two parallel plane electrodes. If one of these be

hot and the other cold—too cold to emit either positive or

negative ions— the current will be carried entirely by ions of

one sign, the electric force will therefore increase continuously

from the hot plate to the cold one, and (see p. 207) the dis-

tribution of potential will be represented by a curve similar to

that in Fig. 47, the lower electrode being the hotter of the two.
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Similar cur\es will represent the distribution of potential when

both plates are hot provided the temperature of the negative plate

is not high enough for negative as well as positive ions to be

emitted by the plate, for it is evident that in this case the current

has to be carried entirely by positive ions. The shape of the
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curve will change when both plates are hot enough to emit ions

and the negative so hot that negative as Avell as positive ions are

T. G. 15
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emitted. For, when the field is strong most of the positive ions

will be driven from the positive plate and the negative ions from

the negative plate ; there will be an excess of positive ions at the

negative plate, so that in its neighbourhood the potential curve

will be concave, and an excess of negative ions at the positive,

which will make the potential curve convex. The potential curve

will be like the higher curve in Fig. 48, the straight part in the

middle showing that except close to the plates there are approxi-

mately equal numbers of positive and negative ions present.

Curves similar to this have been obtained by H. A. Wilson* and

Marxf.

When the hot plates are made of different materials, Pettinelli

and Marolli:[: have shown that the magnitude of the current

depends upon which metal is used as the cathode, thus with

electrodes of carbon and iron the current when the carbon was

cathode was three or four times the current when the iron

was cathode ; they state that the current is greatest when the

more porous substance is used as the cathode. These effects are

much more marked at high than at low temperatures ; it is pro-

bable that they do not commence until the temperature is high

enough to produce negative ions,

120. The difference in the velocities of the ions produces

very marked unipolar effects in the current, i.e. the current with

the same electromotive force is very much greater in one direction

than the opposite ; we can very easily see the reason for this, for

take the case where only one electrode is hot enough to emit

ions, then we see from equation (2), p. 209, that the current

is proportional to the velocity under unit force of the ion carrying

the current. As the velocity of the negative ion is greater than

that of the positive, the current will be greater when it is carried

by the negative ions than when it is carried by the positive. It

must be remembered that the ratio of the velocities of the ions

produced by an incandescent metal depends very largely upon the

temperature. Thus M'^Clelland^, who measured the ratio in air at

the ordinary temperature (the ions having been blown from the

* H. A. Wilson, Phil. Trans. A, 192, p. 499, 1899.

t Marx, Ann. der Phijs. ii. p. 768, 1900.

X Pettinelli and Marolli, Atti della Accad. del Lincei, v. p. 136, 1896.

§ M-^Clelland, Proc. Camh. Phil. Soc. x. p. 241, 1899.
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incandescent wire to the place of observation), found that the

velocity of the negative ions was only about 25 per cent, greater

than that of the positive ; while H. A. Wilson*, who measured this

ratio for the ions produced when salts were volatilised in flames

at high temperatures or in hot air, found that at 1000° C. the

velocity of the negative ion was for the salts of the alkali metals 3"6

and for those of the alkali earths seven times that of the positive.

At 2000'^ C the velocity of the negative ions for the alkali metals

was seventeen times that of the positive. The absolute values

were still more different ; thus McClelland found for the velocity

under a potential gradient of a volt per cm. values ranging from

•006 cm./sec. to -03 cm./sec, while Wilson at 1000° C. found

26 cm./sec. for the negative, and 7*2 cm./sec. for the positive; at

2000° C. the values were respectively 1030 cm./sec. and 62 cm./sec.

* H. A. Wilsou, Phil. Trails. A, 192, p. 499, 1899.

15—2



CHAPTER IX.

lONISATION IN GASES FROM FLAMES.

121. It has been known for more than a century that gases

from flames are conductors of electricity : a well-known applica-

tion of this fact—the discharge of electricity from the surface of

a non-conductor by passing a flame over it—was used by Volta in

his experiments on Contact Electricity. We shall not attempt

to give any historical account of the earlier experiments on this

subject, because the conditions in these experiments were generally

such that the interpretation of the results obtained is always ex-

ceedingly difficult and often ambiguous : the reason of this is

very obvious—to investigate the electrical conditions of the flame

wires are generally introduced, these become incandescent and so

at once add to the electrical phenomena in the flame the very

complicated effects we have been discussing in the last chapter.

The gases which come from the flame, even when they have

got some distance away from it and have been cooled by the

surrounding air, possess for some time considerable conductivity,

and will discharge an insulated conductor placed within their

reach. The conductivity can be entirely taken out of the gas by

making it pass through a strong electric field, this field abstracts

the ions from the gas, driving them against the electrodes so that

when the gas emerges from the field, although its chemical com-

position is unaltered, its conducting power is gone. This result

shows too that no uncharged radio-active substances, such as

emanate from thorium and some other substances, are produced

in the flame ; these would not be taken out by the field, so that if

they existed the conductivity of the gas would not be destroyed

by the field. If not driven out of the gas by an electric field the

ions are fairly long lived. Thus in some experiments Giese
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noticed that the gas retained appreciable conductivity 6 or 7

minutes after it had left the flame. The ions stick to any dust

there may be in the air and then move very slowly so that their

rate of recombination becomes exceedingly slow. McClelland* has

shown that the velocity of the ions under a given electric force

decreases very much as they recede from the flame ; thus close to

the flame the velocity under the force of a volt per centimetre

was "23 cm./sec, Avhile some distance away from it the velocity

was only "04 cm./sec.

In order that a conductor should be discharged by a flame it

is not necessary that it should be placed where the gases from

the flame would naturally strike it—thus for example it will be

discharged if placed underneath a Bunsen flame. The explanation

of this is that the electric field due to the charged conductor

drags out of the flame and up to the conductor ions of opposite

sign to the charge.

This ionised gas is produced by flames of coal gas whether

luminous or not, by the oxy-hydrogen flame, by the alcohol flame

of a spirit lamp, by a flame of carbonic oxide ; it is not however

produced in very low temperature flames such as the pale lambent

flame of ether. Thus to produce the ionised gas high temperatui'e

as well as chemical combination is required. That chemical com-

bination alone is insufficient to produce ionisation is shown by the

case of hydrogen and chlorine which do not conduct even when

combining under ultra-violet light f. Braun:|: has shown that

in the explosive wave produced in the combination of certain

gases there is ionisation, but in this case there is also very high

temperature.

In the coal-gas flame the part where the gas comes in contact

with the air and where there is most combustion is positively

electrified, while the interior of the flame is negatively elec-

trified ; this accounts for the eftect produced by holding a

negatively electrified body near the flame, the luminous part

turns to the negative body, and if this is near, stretches out until

it comes into contact with it ; if the flame be placed between two

* McClelland, Phil. Mag. v. lU, p. 29, 1898.

t J. .T. Thomson, Proc. Camb. Phil. Soc. xi. p. 90, 1901.

X Braun, Zcitsclirift f!ir Phyxiknlii^cJie Cheiiiie, xiii. p. l-w, 1894,
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oppositely charged plates the bright outer portion of the flame

is attracted towards the negative plate while the inner portion

moves, but less markedly, towards the positive plate. This effect

is illustrated by Fig. 49 taken from a paper by Neureneuf*. In

Fig. 49.

some experiments made by Holtzf, one of which is figured in

Fig. 50, the flame was divided by the electric field between the

+

Fis 50.

plates into two sheets ; the reader will find many other interesting

experiments on the effect of an electric field on the shape of

flames in the papers by Neureneuf and Holtz. It appears from

these results that in the bright portion of the flame where combus-

tion is taking place there is an excess of positive electricity, while

in the unburnt coal gas there is an excess of negative, a fact

discovered a long time ago by PouilletJ. If the hydrogen and

oxygen were ionised by the heat, then since negative ions of

oxygen combine with positive ions of hydrogen to form water, the

* Neureneuf, Annales de Cliim. et de Phys. v. 2, p. 473, 1874.

t Holtz, Carl Bepert. xvii. p. 269, 1881.

X Pouillet, Ann. de Chim. et de Phys. xxxv. p. 410, 1827.
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negative oxygen ions and the positive hydrogen ones would get

used up, and there would be an excess of positive electricity in

the oxygen and of negative in the hydrogen. It is possible too

that at a temperature corresponding to that of vivid incandescence

in a solid the molecules of a gas may like those of a solid give out

the negative corpuscles, on this account there would be a tendency

for the hotter parts of the flame to be positively, the colder

negatively, electrified. When as in luminous flames we have

small particles of solid carbon raised to the temperature of vivid

incandescence the electrical effects are complicated by those due

to incandescent solids which as we have seen in the last chapter

are very considerable.

When two wires connected together through a sensitive

galvanometer are placed in different parts of the flame currents

flow through the galvanometer ; suppose one of the wires is

placed in the cool inner portion of the flame where there is an

excess of negative electricity, while the other wire is placed at

the outside of the flame where there is an excess of positive

electricity, there will, neglecting any ionisation due to the wire,

be a current from the hot outer portion of the flame to the cool

inner portion through the galvanometer : the Avire in the outer

portion will however certainly be raised to incandescence, if its

temperature keeps so low that only positive ions are produced at

its surface, then there will on this account be a current of

electricity from the hot to the cool part of the flame through the

flame and thus in the opposite direction to the previous current.

If however the wire got so hot that it emitted more negative

than positive ions the effect of the incandescence of the wires

would be to increase instead of diminishing the current due to the

flame itself Thus we see that these currents will vary in a

complex way with the temperature. For an account of the

currents which can thus be tapped from a flame and for other

electrical properties of flames we must refer the reader to the

papers of Erman*, Hankelf, Hittorf|, Braun§, Horwigli, and

* Erman, Gilbert. Ann. xi. p. 150, 1802; xxii. p. 14, 1806.

t Hankel, Pogg. Ann. Ixxxi. p. 213, 1850; cviii. p. 140, 1859.

J Hittorf, Pogg. Ann. cxxxvi. p. 197, 1869; Jubelbd. p. 430, 1874.

§ Braun, Pogg. Ann. cliv. p. 481, 1875.

II
Herwig, Wied. Ann. i. p. 516, 1877.
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especially of Giese*, who was the first to suggest that the

conduction of electricity through flames and hot gases Avas due

to the motion of charged ions distributed through the gases:

there is a very complete account of these researches in Wiede-

mann's Elektricitdt, Bd. iv. B, chap. 4.

Conduction of electricity through flames.

122. The passage of electricity through flames has been

investigated by Arrheniusf, H. A. Wilson:]:, Marx§, Starke||,

MoreauH, Stark**, Tufts ft, and Tufts and Stark ++. The most

important phenomena of flame conduction are as follows.

Distribution of electric intensity between the electrodes.

There is a very intense electric field close to the negative

electrode and a weak uniform field between the electrodes, the field

Anode Cathode

Fig. 51.

* Giese, Wied. Ann. xvii. pp. 1, 236, 519, 1882; xsxviii. p. 403, 1889.

t Arrheuius, Wied. Ann. xliii. 18, 1891.

+ H. A. Wilson, Phil. Trans. A, 192, 499, 1899 ; Proceedings Physical Society.

§ Marx, Ann. d. Phys. ii. 768, 798, 1900; Verh. d. D. Phys. Ges. v. 441, 1903.

li
Starke, Verh. d. D. Phys. Ges. v. 364, 1903 ; vi. 33, 1904.

IT Moreau, Ann. de Chimie et de Physique, vii. 30, p. 1, 1903.

** Stark, Physik. Zeitschr. v. 83, 1904.

tt Tufts, Physik. Zeitschr. v. 76, 1904.

XX Tufts and Stark, Phrjsik. Zeitschr. v. 248, 1904.
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near the positive electrode although not nearly so intense as that

close to the negative is stronger than that at some distance from

either electrode. The distribution of electric intensity is of the

type shown in Fig. 51.

Fig. 52 represents the distribution of electric potential measured

by H. A. Wilson betAveen electrodes 18 cm. apart in a long flame

from a quartz tube burner. The difference of potential between

the electrodes was 550 volts and it will be noticed that a drop of

450 volts occurs quite close to the cathode.
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If A" is the electric intensity at a point .r, q the amount of

ionisation per unit volume, k^, k.2 the velocities of the positive and

negative ions under unit force, m, n the number of positive and

negative ions per unit volume, we have by equation (7), p. 86,

'^'^'
^ W

~d^ = ^'^'^'^

Since X is constant along the flame -J—r vanishes, hence

q = anm.

Thus the ionisation balances the recombination ; as recombina-

tion of the ions is certainly taking place in the flame it follows that

there must be ionisation throughout the flaine. In the first edition

of this book the view was taken that by far the greater part of the

ionisation took place in the immediate neighbourhood of the
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glowing electrodes. Some of the results obtained by H. A. Wilson,

especially the fact that even with large potential differences the

current was almost independent of the distance between the elec-

trodes, were readily explained on this view; while assuming that the

large potential difference was able to saturate the current they were

inconsistent with the existence of uniform ionisation throughout

the flame, with such ionisation the saturation current would be

proportional to the distance between the electrodes. It appears

however from the preceding results that even when the potential

difference is large the electric field is weak except close to the

cathode, so that there is no approach to saturation throughout the

flame. We investigated in Art. 48 the relation between the current

and the potential difference when the velocity of the negative ion

is very much greater than that of the positive ; as this is the case

in flames, we have by equation (7) of Art. 48

where z'o is the number of corpuscles coming from unit area of the

incandescent cathode per second, x is the distance from the cathode

of the jilace where the electric intensity is A".

This equation represents a distribution of the electric intensity

of the same kind as that found in flames, the first term on the

right-hand side of the equation represents the uniform field, the

second term the variable part near the cathode; since k^, the

velocity of the positive ion under unit force, is very small compared

with ko, the velocity of the negative ion, we see that unless ?o is

nearly equal to i the electric force at the cathode when x =
will be large compared with that in the uniform part of the field.

If we compare this formula with the results of H. A. Wilson's*

experiments we are led to the conclusion that so far from there

being an excess of ionisation close to the cathode the ionisation is

less there than in the body of the flame. Let us take as an

example the case represented by the curve in Fig. 52. Here the

electric force in the uniform part of the field was about 8 volts

per cm., or, as the quantities in equation (1) are supposed to be

expressed in electrostatic units, 8/300. The current between the

* H. A. Wilson, Phil. Mag. [G], 10, p. 476, 1905.
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electrodes, which were discs 1 cm. in diameter, was 270 x 8'8 x 10~"

amperes, so that the current per unit area in electrostatic units

4
was — X 270 X 8'8 x 3. Thus we have

4 = {",}-.ti 270x8-8x3,

so that
qe-J L 4 x 27 X 10^

approximately.

The index of the exjxjnential term is
^

—

^-^ x ; substituting

the values of i and <x\qe", we find that this is equal to
324 X 10«

h-,

— X.

Now Wilson has shown that the velocity of the negative ion

under a force of a volt per centimetre is about 1000 cm./sec. ; A;., is

the velocity under unit electrostatic force, i.e. 300 volts per centi-

metre, i.e. k.2 is about 3 x 10''. Substituting this value for h we

find that the exponential term is e"^''^"^, with this value of the

exponential term the field would become practically uniform at

a distance not exceeding a very small fraction of a millimetre from

the cathode. An inspection of Fig. 52 shows that the variable

part of the field extends to quite 1 cm. from the cathode, a result

quite inconsistent with its representation by the term e"^"^*^. We
have assumed that the q occurring in the exponential term is

equal to that in the constant term, if however the ionisation is

variable from point to point this will not be the case, the q

occurring in the exponential term refers to the ionisation near

the cathode, if this is less than the q in the body of the flame

the index of the exponential term will be less than the value

we have calculated. Now the electrode will conduct heat from

the flame and will therefore cool it. The process of ionisation

is however analogous to the dissociation of a diatomic gas into

atoms, and the expression for the amount of this dissociation

a

contains a factor e ^ where is the absolute temperature, so

that this factor varies very rapidly with the temperature. Thus

a comparatively slight cooling of the gas near the cathode would

produce a great diminution in (j, this diminution in q would



236 lONISATION IX GASES FROM FLAMES. [iX

diminish the index in the exponential term in equation (1) and

thus increase the thickness of the variable part of the electric

field.

We have seen on page 97 that equation (1) leads to the

following relation between V the potential difference between the

plates, i the current through unit area and I the distance between

the electrodes

:

il \ ci]h i\/i{i-i,) 1 /a\^
.^,

^-A-,|g4^ kM 87rl(/e^J
^^>-

When I'o is small compared with i, this equation becomes

^ -hXqeV '^
STTk^kAq^)

^'

\

The first term represents the fall of potential in the body of

the flame, this is proportional to the current; the second term

represents the drop of potential at the cathode, this is proportional

to the square of the current. H. A. Wilson has shown that the

relation between the potential difference and the current can be

expressed with great accuracy by an equation of the type

Conductivity of Gases containing Salt Vapours.

123. When the vapours of salts are introduced into a flame

the conductivity between metallic terminals is very greatly in-

creased, and the electrical properties are simpler and more regular

than in pure flames; the laws of the flow of electricity through

these salt-laden flames have been investigated by Arrhenius*

and H. A. Wilson f. The method—devised by Arrhenius and

adopted by Wilson—of introducing the salt into the flame was

as follows : a dilute solution of the salt was sprayed into ex-

ceedingly fine drops by a Gouy sprayer, the spray got well mixed

with the coal gas on its way to the burner, and in the flame the

water evaporated and the salt vaporised. The amount of salt

supplied to the flame in unit time was estimated by determining

* Ariiieuius, Wied. Ann. xlii. p. 18, 1891.

+ H. A. Wilson, Phil. Trans. A, 192, p. 499, 1899.
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the rate at which a bead of salt introduced into an equal and

similar flame so as to produce the same coloration as that pro-

duced by the spray in the original flame burnt away. The salts

used were chiefly the haloid and oxy-salts of the alkali metals

and earths. The conductivity due to the salt was determined by

subtracting from the current observed when the salt was in the

flame the current with the same electromotive force in the pure

flame. It was found that when the concentration of the solutions

is small, equivalent solutions* of all salts of the same metal

impart the same conductivity to the flame. With large concen-

tration this is no longer the case, the oxy-salts giving greater

conductivity than the haloid salts. According to Arrhenius all

the salts in the flame are converted into hydroxides, so that what-

ever salts are used, the metal in the flame always occurs in the

same salts. The relation between the current and the electro-

motive force is represented by Fig. 53 taken from Wilson's paper.

In a later paper Wilson has shown that these curves are parabolas.

20 40 60 80 100 120 140 160 180 200 CeliS.

(200 cells = 360 volts)

Fig. 53.

When the salt vapour is put into the flame by means of a bead

of salt on a platinum wire, very little eftect on the current is

produced when the bead is inserted in the body of the flame,

whereas a very large increase in the current occurs when the bead

is put close to the cathode. This does not however necessarily

mean that the salt vapour is not ionised except close to the cathode,

for we have seen on page 99 that this would occur if the ionisation

were the same at all parts of the flame provided, as is the case in

* Etiuivalent solutions are those in which the weight of salt per litre is pro-

portional to the molecular weight of the salt.
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flames, the velocity of the negative ion is very much greater than

that of the positive. When this is the case the distribution of the

electric force is such that increased ionisation produces little effect

except close to the cathode. That there is increased ionisation

when the salt is placed in the body of the flame is shown very

clearly by an experiment made by H. A. Wilson ; he measured the

potential difference between two neighbouring points a and h in

a pure flame and found that the electric force was about 1'6 volts

per cm., he then introduced between a and h a bead of salt and

found that though the current was not appreciably altered the

electric force between a and h had fallen to a very small fraction

of a volt per cm. ; since the electric force is equal to

i Id

this result would indicate that the value of q in the salted flame

must be some hundreds of times its value in the unsalted.

If we write equation (3) in the form

,, il / a \h / i\- \ f a

we see that when V is constant ijq^ must increase as q increases,

and that for large values of i, i will vary approximately as </*.

Since ijq^ increases with q we see that for a constant difference of

potential the electric force in the body of the flame will increase

with q while the fall of potential at the cathode will diminish.

Thus the potential gradient in the uniform part of the flame will

be steeper in a salted flame than in a pure one, while the cathode

fall will be less; w^e see too that the thickness of the layer near the

cathode where the electric force is variable is thinner in a salted

than in a pure flame, so that the uniform part of the field comes

closer to the cathode.

Tufts* has shown that if the cathode is covered with lime the

fall of potential is very much reduced ; this is doubtless owing to

the fact that incandescent lime, as Wehnelt has shown, gives out

* Tufts, Plnjsik. Zeitschr. v. 76, 1904.
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a copious sui:)ply of corpuscles, so that ?'„ in equation (2), p. 236,

may be comparable with /, and therefore the potential fall at the

cathode small compared with the fall when ?o = 0.

The conductivity given to the flame by the salts of the different

alkali metals under the same condition as to temperature,

potential difference and concentration.

124. The Csesium salts conduct the best, and then follow in

order the salts of Rubidium, Potassium, Sodium, Lithium, and

Hydrogen. The order of the conductivities is thus the same as that

of the atomic weights of the metals ; the difference between the

metals is very large, as is shown by the following table given

by H. A. Wilson:

Chlorides Nitrates

Potential Difference

CfBsium

5^60

123
41 ^4

21 •O

3-49

1-29

•75

•795

Current

60-5

26-4

13-4

2-45

•87

•237

22^2

113
5^75

1^15

•41

•27

5-60

303
213
68^4

3^88

•795

Current

115
82^4

29^3

2^67

•99

•237

36^6

25^9

9-35

132
•53

Rubidium
Potassium
Sodium
Lithium
Hydrogen

On the Variation of Conductivity with the strength of the

Solution.

125. Arrhenius came to the conclusion that, using the same

salt, the conductivity was proportional to the square root of the

concentration, while H. A. Wilson considered that the application

of this simple law was restricted in the case of the oxy-salts to

extremely dilute solutions, and that although the range of its

application was more extended in the case of the haloid salts, the

agreement was only approximate. If we refer to the theory of

the conduction just given we find that the conductivity when

the current is fiir from saturation is pro})ortional to q-, while for

large currents it is proportional to <f, where q is the number of

ions produced per second in a cubic centimetre of the gas. In the

case of the salt vapour q will be proportional to the number of

molecules of salt in a cubic centimetre of the gas, and will thus be
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proportional to the strength of the sohition. Curves given in

Fig. 54 taken from a paper by Sraithells, Dawson and Wilson*

show the variations of the current with the strength of the

solution for a series of salts.
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Velocity of the Ions.

126. The velocity of the ions in flames containing salt vapours

has been determined by H. A. Wilson f, who used a method of

which the principle is as follows. Suppose that in a flame we
have two electrodes one vertically over the othei-, and that we
introduce a bead of salt just underneath the upper electrode, the

vapour from this bead will be carried along by the upward rush

of gases in the flame, and unless the ions in the salt vapour are

driven downwards by the electric field between the electrodes,

none of them will reach the lower electrode. If however the ions

from the salt do not reach the electrode the current between the

electrodes will be unaffected by the presence of the salt. Thus

* Smithells, Dawson and Wilson, Phil. Trans. A, 193, p. 89, 1900.

t H. A. Wilson, Phil. Trans. A, 192, p. 499, 1899.
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when the potential difference between the electrodes is small the

current will not be increased by the introduction of the salt, but

as soon as the electric force between the electrodes is sufficient to

drive one of the ions against the blast in the flame, the current

will be increased by the bead of salt. This is illustrated by the

curve in Fig. 55 taken from Wilson's paper; we see that when
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the upper electrode was positive the current was not increased by

the bead until the potential difference between the electrodes was

about 100 volts, while for greater differences of potential the bead

produced a substantial increase in the current. Thus when there

was a difference of 100 volts between the electrodes, the smallest

electric force in the space traversed by the ion must be just

sufficient to give to the positive ion a downward velocity equal

to the upward velocity of the gas in the flame. Since the

electric field is not uniform between the electrodes (see p. 225), it

is necessary to measure the distribution of potential between the

electrodes in order to determine the minimum electric force

;

when this and the upward velocity of the gas in the flame are

known we can determine the velocity of the ions in a flame

under a given electric force. By this and similar methods Wilson

deduced the following values for the velocities of the ions under

an electric force of a volt per centimetre.

In a flame whose temperature was estimated to be about

2000° C, the velocity of the negative ion, whatever salts were put

in the flame, was about lOOOcm./sec.

The velocities of the positive ions of salts of Ca'sium, Rubidium,

T. G. 16
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Potassium, Sodium, and Lithium were all equal, and were about

62 cm./sec.

In a stream of hot air whose temperature was estimated at

1000° C. the following results were obtained for the velocities

under a potential gradient of 1 volt per cm.

Negative ions ... ... ... 26 cm./sec.

Positive ions of salts of Li, Na, K, Rb, and Cs 7 '2 cm./sec.

Positive ions of salts of Ba, Sr, and Ca ... 3'8 cm./sec.

The absolute numbers must be regarded as only approximately

true, the relative values are probably much more accurate.

The velocities are very much less at 1000° C. than they are

at 2000° C, but we notice that while the negative ion at the

lower temperature moves at only 1/40 of its pace at the higher, the

velocity of the positive ion is by the same fall in temperature only

reduced to about l/8'5 of its value.

These determinations of the velocity throw some light on the

character of the ions ; for suppose e is the charge of electricity on

the ion, X the electric force acting upon it, the mechanical force

acting on the ion is equal to Xe ; if X is the mean free path of

the ion, v its velocity of translation, then the time between

two collisions is X/v, and in this time the force acting upon

it will give it a velocity in the direction of the force equal to

Xekjvm, where m is the mass of the ion; the average velocity

parallel to X due to the electric force will therefore be XeX,/2vm :

and this will be the velocity with which the ion will, under the

electric force, move through the gas. The equal velocity of all

negative ions from whatever source they may be derived might

at first sight seem to indicate that, as Arrhenius supposed, all the

salts were converted to hydroxides in the flame, and that the

negative ion was in every case the radicle OH : let us calculate

what on this supposition would be the velocity of the negative

ion at a temperature of 2000° C. We do not know the free path

of OH through a mixture of coal gas and air, but as the free path

of the molecule H2 through hydrogen at 0° C. and at atmospheric

pressure is 1*8 x 10~^cm., and the free path of O., through oxygen

under the same circumstances is 1'06 x 10~^cm., we may as a

rough approximation take for the mean free path of OH through
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the mixture the value 1-4 x 10"^ cm. at O^C; at 2000° C. \ the

mean free path would be this value multiplied by 2273/273, i.e.,

1"2 X 10~^ To get the value of v we remember that mv^ is the

same for all gases at the same temperature, while at different

temperatures it is proportional to the absolute temperature.

For O, at 0°C. v = 4-25 x lO^cm./sec, hence for OH at 0° C.

v = 5-6xl0^cm./sec., and for OH at 2000° C. v = l-6xlO«: e/m

for OH is equal to I'l x 10^, hence substituting these values in the

expression XeX/2vm and putting X=10'' we find for the velocity

under the potential gradient of one volt per cm. 37 cm./sec: the

actual velocity is as we have seen 1000 cm./sec: hence we con-

clude that the radicle OH cannot be the carrier of the negative

charges. The great velocity of the negative ions at these high

temperatures points to the conclusion that the negative ions

start as corpuscles and gradually get loaded by molecules con-

densing round them ; at temperatures as high as 2000" the time

they exist as free corpuscles is an appreciable fraction of their life

;

while they are free corpuscles they have an exceedingly large

velocity, so that though this is enormously reduced when they

become the nucleus of a cluster, their average velocity is very

considerable. At low temperatures condensation takes place

much sooner, so that the average velocity is lower.

The fact that under an electric field the velocities of the

positive ions of all the salts of the univalent metals are the same,

shows that these too become the nucleus of a group whose size only

depends upon the charge on the positive ion ; since the velocities

of the positive ions for the divalent metals while equal among
themselves are less than those of the monovalent metals, we con-

clude that these divalent ions become the centres of clusters more

complex than those which collect round the monovalent ions.

Determinations of the velocities of the ions in flames have also

been made by Marx*, he finds for the velocity of the negative

ion the same value as Wilson, i.e. 1000 cm./sec. under a potential

gradient of a volt per centimetre ; he gets however for the positive

ions under the same gradient considerably larger values than

Wilson, i.e. 200 cm./sec. instead of 62 cm./sec. A calculation

similar to that just given for the velocity of the radicle OH

* Marx, Ann. der rhyg. ii. p. 768, 1900.

IG—

2
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shows that a velocity of 200 cm./sec. is of the same order as the

velocity at 2000° C. of an atom of hydrogen in an electric field.

Moreau * has also determined the velocities of the ions in flames

at temperatures from 1600 to 1700 C, he finds the velocity of the

positive ion 80 cm./sec. under a force of one volt per cm. The

velocity of the negative ion he finds to be greater the lower the

atomic weight of the salt in the metal, unless the quantity of salt

in the flame is very small.

Transverse Electromotive Force produced hy a magnetic field

acting on a flame carrying a current.

127. If an electric current is flowing through a flame parallel

to the direction x, and a magnetic force at right angles to this

direction, say parallel to the direction y, is applied to the flame

a transverse electromotive force is produced which is at right

angles to both x and y. This electromotive force has been detected

and measured by Marx-f. The general explanation of this effect,

which is analogous to the ' Hall ' effect in metals, is easy ; the

calculation of its magnitude except in a few special cases is

however beset by difficulties.

As there is a current parallel to x flowing through the flame,

the average direction of the positive ions will be along, say, the

positive direction of x, that of the negative ions in the opposite

direction. Let V be the average velocity of the positive ions,

V that of the negative, if these are moving in a magnetic field

where the magnetic force H is parallel to y, they will be subject

to mechanical forces tending to move them in the same direction,

this direction being parallel to z, at right angles to both x and y.

The magnitudes of the mechanical forces acting on the positive

and negative ions are respectively ^eFand HeV, where e is the

charge on an ion. The displacement of the ions under these

forces will (if V is not equal to V) produce a current of electricity

through the flame parallel to z; if however the ions cannot

escape in this direction the current will soon stop, as the accu-

mulation of ions will produce a back pressure and an electrostatic

* Moreau, Journal de Plnjsique [4], ii. p. 558 ; Ann. de Chemie ct de Phys. [7],

XXX. p. 5.

t Marx, Ann. der Phys. ii. p. 798, 1900.
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field which will balance the effect of the mechanical forces arising

from the magnetic field.

We shall now proceed to deduce the equations which give the

disturbance produced by the magnetic field ; these equations are

not limited to the case of flames, but apply to all cases of the

conduction of electricity through a gas containing ions.

Let the direction of the primary current, i.e. the current before

the magnetic field is applied, be taken as the axis of x, let the

magnetic force act downwards at right angles to the plane of

the paper: then the force on the ions will be in the plane of

the paper and at right angles to the axis of x ; we shall take the

axis of 2 in this direction.

Let H be the intensity of the magnetic force,

X, Z the components of the electric force parallel to the

axes of X and z respectively,

II, V the velocities of the positive and negative ions under

unit electric force,

p^, p^ the pressures at any point due to the positive and

negative ions respectively,

m, 71 the number of positive and negative ions per cubic

centimetre at any point.

We shall assume that these ions behave like a perfect gas, so

that 2?! = -R^n, jj2 = i???, where iJ is a constant proportional to the

absolute temperature.

Let us consider first the positive ions, their velocity parallel

to the axis of x is Xu, hence the mechanical force on an ion

parallel to z due to the magnetic field is eiiXH, the force on the

ion due to the electric field is Ze, and the force on the ions in unit

volume due to the variation in the pressure at different points in

the field is — dpijdz, hence the total force parallel to z on the

positive ions in unit volume is equal to

-^ + me{uXH+Z),

and the number crossing in unit time one square centimetre of

surface at right angles to z is equal to

u

e
\^-'^^^ + me{uXH + Z)y,
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similarly the flux parallel to x is equal to

H{_|. + »,(_„^ff + X)};

if we neglect terms depending upon H- the term uZH may be

omitted, and the flux parallel to x is then

e [ dx
j

Similarly the flux of the negative ions parallel to z is equal to

and the flux parallel to ^ to

e \ dx J

Let q be the number of ions produced in one cubic centimetre

of the gas in one second, anm the number of ions which recombine

in one second in unit volume ; then by the equation of continuity

we have, when things are in a steady state,

we have also, using electrostatic units,

dX dZ ^ ^
-J—I- ^- = 4776 (m — n),
dx dz ^

, dX dZ ^
and -J i— = 0.

dz dx

Since p^ = Rin, p.2 = Rn, we have as many equations as there

are variables, p^, p^, m, n, X, Z. The solution will however depend

very greatly upon the boundary conditions ; thus one solution

is Z=0, j)i and p.j constant, and X independent of z and the

same as when the magnetic force is zero : this, however, involves a

transverse flux of positive ions equal to mu-XH and' of negative

ions equal to nv^XH, and is not consistent with a steady state

unless there is some means for this transverse stream to escape.

If there is no way of escape for the transverse streams of ions
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the flux of the ions parallel to z must vanish at the boundaries of

the gas. Let us suppose that it vanishes throughout the gas, then

we have

-^' + me(:uXH+Z) = (1),

--£' + ne(vXH-Z) = (2).

Fntting j)^ — Rm, p.^ = Rn and {iu — n)e = p we get from (1)

and (2)

- -^ = eXH (mu - nv) + Ze(m + n) (3)

;

e dz

and since, changing to electromagnetic units,

dz F-Vrf^^ dz'

where V is the velocity of light, (3) becomes

+ -J—] = eXH {mu - nv) + Ze (m + n) (4),
4!7reV"\dx" dz\

an equation to find Z. In the terms on the right-hand side, we

may put for A'^, m, n the values when H = 0, if we are content to

neglect terms in H'.

Since F- = 9xlO-°, e = l'lxlO~-" (in electromagnetic units),

R = 5 X 10~", for a gas at 0° C, we see that (4) may be written

4 X 10-i« (^ + ^) = eXH (mu -nv) + Ze (m + n).

If the sum of the partial pressures due to the positive and

negative ions were 1 atmosphere e{m + n) would be about "5, hence

we see that if the pressure of the ions is large compared with

10~^^ atmospheres and if Z does not vary exceedingly rapidly

with X, a very approximate solution of (4) will be

„ XH(nv — mu) .^.Z= ^ (o).m + n

This may be written

^^H (in - ip)

e(vi + n)

where i,^ and ip are respectively the currents carried by the negative

and positive ions.
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At a place where there is no free electricity in = n ; in this

case (5) becomes
Z = ^XH{v-u).

This is the formula usually employed, but we see from the

preceding work it is only applicable in a very special case.

When solutions of KCl of various strengths were sprayed into

a flame Marx* found values of ZjXH varying fi-om 10"18 x 10"*^

for the pure flame to 3'7 x 10"*^ when a saturated solution of

KCl was sprayed into it, the sign of the result showing that

the velocity of the negative ion is greater than that of the

positive. If we apply the preceding formula we find, on the

supposition that the measurements were made in a part of the

flame where there was no free electricity, that the difference

between the velocities of the negative and positive ions under an

electric force of one volt per centimetre, i.e. 10^ units, would vary

from 2036 cm./sec. for the pure flame to 740 cm./sec. for the

flame containing the concentrated solution; the value 940 found

by H. A. Wilson by direct experiment is between these limits.

If the electric and magnetic forces are considerable there will,

when there is no escape for the transverse flow of ions, be very

considerable variations in the number of ions in the gas ; for putting

^1 = Rm, P2 = -Rw, we get from equations (1) and (2),

B-j-log mil = eXH {u + v),

or mn = Ce'^^"^^'^,

where C is a constant. To see what variation this implies

let us take the case of air ionised by Rontgen rays, the pressure

being 1/1000 of an atmosphere, then since u + v at atmospheric

pressure is 3 x 10~* cm./sec, at the assumed pressure it will be

3 X lO"'', and if X is 10 volts a centimetre, i.e. 10^ and H = 10",

then since eJR = 4 x 10"'', we see that

7nn — Ce^''^^
;

thus in the space of a centimetre parallel to 2, mn will about triple

in value : this variation in the number of ions will affect the

distribution of the current parallel to x, the current will be

greatest where there are most ions and will therefore no longer

* Marx, Ann. cler Phijs. ii. p. 798, 1900.
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be independent of" z : this variation in the current may affect the

distribution of potential between the electrodes and thus introduce

fresh sources of disturbance into the problem.

In the case when there are only ions of one sign present, say

the negative, there is a very simple solution of the preceding equa-

tions, for we see that Z = eHXv, p.. constant and X the same as

when there is no magnetic force, satisfies these equations.

Maximum current that can he carried hy the vapour of a Salt.

128. H. A. Wilson* has made an exceedingly important set

of experiments on the maximum current that can be carried by a

given amount of salt vapour; in these experiments the solution

containing the salt vapour was not sprayed into a flame, but into

air heated by passing through a long platinum tube raised to

bright yellow heat by a furnace ; a smaller central tube was

placed along the axis of the outer tube and the current between

the inner and outer tubes measured. When solutions of the

strength 1/lOth normal were sprayed and the temperature of the

tubes raised and the potential difference increased, a stage was

reached when neither an increase in the temperature nor in the

potential difference produced any increase in the current. Wilson

measured this limiting current and found that it was equal to the

current which when passing through an aqueous solution of the

salt would electrolyse in one second the same quantity of salt as

was sprayed in that time into the hot air; thus if the salt had

been supplied to water at the same rate as it was supplied to

the hot air the maximum current that could be sent through

the aqueous solution would be the same as that which could be

sent through the air; this was proved for the following salts of

the alkali metals: CsCl, CsCOs, Rbl, RbCl, Uh.jCO,, KI, KBr,

KF, K,C03, Nal, NaBr, NaCl, Na.CO,, Lil, LiBr, LiCl, Li.COa.

* H. A. Wilson, Phil. Maij. vi. 4, p. 207, l'JO'2.



CHAPTER X.

lONISATION BY LIGHT. PHOTO-ELECTRIC EFFECTS.

129. The discovery by Hertz* in 1887 that the incidence of

ultra-violet light on a spark gap facilitated the passage of the

spark, led immediately to a series of investigations by Hallwachsf,

Hoorj, Righi§ and Stoletow
||
on the effect of light, and especially

of ultra-violet light, on charged bodies. It was proved by these

investigations that a newly cleaned surface of zinc, if charged with

negative electricity, rapidly loses this charge however small it may
be when ultra-violet light falls upon the surface ; while if the

surface is uncharged to begin with, it acquires a .positive charge

when exposed to the light, the negative electrification going out

into the gas by which the metal is surrounded ; this positive

electrification can be much increased by directing a strong air-

blast against the surface. If however the zinc surface is positively

electrified it suffers no loss of charge when exposed to the light

:

this result has been questioned, but a very careful examination

of the phenomenon by Elster and GeitellT has shown that the

loss observed under certain circumstances is due to the discharge

by the light reflected fi-om the zinc surface of negative electrifica-

tion on neighbouring conductors induced by the positive charge,

the negative electricity under the influence of the electric field

moving up to the positively electrified surface.

* Hertz, Wied. Ann. xxxi. p. 983, 1887.

t Hallwachs, Wied. Ann. xxxiii. p. 301, 1888.

X Hoor, Repertorium des Physik, xxy. p. 91, 1889.

§ Eighi, C. R. cvi. p. 1349; cvii. p. 559, 1888.

II
Stoletow, C. R. cvi. pp. 1149, 1593 ; cvii. p. 91 ; cviii. p. 1241 ; Physikalische

Revue, Bd. i., 1892.

IT Elster and Geitel, Wied. Ann. xxxviii. pp. 40, 497, 1889 ; xli. p. 161, 1890

;

xlii. p. 564, 1891 ; xliii. p. 225, 1892 ; lii. p. 433, 1894 ; Iv. p. 684, 1895.
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The ultra-violet light to produce these effects may be obtained

from an arc lamp, or by burning magnesium, or by sparking with

an induction coil between zinc or cadmium terminals, the light

from which is very rich in ultra-violet rays. Sunlight is not rich

in ultra-violet rays, as these have been absorbed by the atmosphere,

and it does not produce nearly so large an effect as the arc-light,

Elster and Geitel, who have investigated with great success the

effects produced by light on electrified bodies, have shown that

the more electropositive metals lose negative charges even when

exposed to ordinary daylight. They found that amalgams of

sodium or potassium enclosed in a glass vessel lose a negative

charge in the daylight, though the glass would stop any small

quantity of ultra-violet light that might be left in the light after

its passage through the atmosphere. When sodium or potassium

by themselves instead of their amalgams were used, or, what is more

convenient for many purposes, the liquid alloy formed by mixing

these metals in the proportion of their combining weights, they

found that the negative electricity was discharged by the light

from a petroleum lamp ; while with the still more electropositive

metal rubidium the negative electricity could be discharged by

the light from a glass rod just heated to redness. They found,

however, that the eye was more sensitive to the radiation than

the rubidium, for no discharge could be detected until after the

radiation from the glass rod was visible. I have lately found

however that electropositive metals like rubidium give off negative

electricity in the dark, especially if a trace of hydrogen is present,

Elster and Geitel arrange the metals in the following order

with respect to their power of discharging negative electricity :

Rubidium.

Potassium.

Alloy of Potassium and Sodium.

Sodium.

Lithium.

Magnesium.

Thallium.

Zinc. •

For copper, platinum, lead, iron, cadmium, carbon, and mer-

cury the effects with ordinary light are too small to be measurable.
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The order of the metals for this effect is the same as in Volta's

series for contact-electricity, the most electropositive metals

giving the largest photo-electric effect. Many substances besides

metals discharge negative electricity under the action of ultra-

violet light : lists of these substances will be found in papers by

G. C. Schmidt* and O. Knoblauch
-f.

Among the more active

photo-electric solids are, fluor-spar, the various coloured varieties

of which vary greatly in the degree to which they possess this

property ; the sulphides of antimony, lead, arsenic, manganese,

silver, and tin (the sulphates do not possess this property);

hydroxide of tin, iodide of lead, many aniline dyes in the solid

state.

Pure water is not photo-electric, and a thin film of water over

the surface of a metal destroys the effect due to the metal. The

solutions of many substances are however very photo-electric,

especially solutions of fluorescent substances such as eosine,

fuchsine, cyanine, hydrochinone, congo-red
;
potassium nitrate and

formic acid also show this effect. Among well-known substances

which do not show this effect we may mention solutions of sulphate

of quinine, potassium permanganate and phenol.

Photo-electric properties of Gases.

130. With gases the action of light may be expected to mani-

fest itself in a different way from that occurring in the case of solids

and liquids ; we cannot expect to get a separation of electricity

of such a kind that one region of the gas becomes positively,

another negatively, electrified. If a molecule of a gas loses,

like a piece of metal, negative electricity when exposed to ultra-

violet light, then this molecule will behave like a positive ion, and

the negative corpuscle it has lost will attach itself to some other

molecule of the gas which will act like the negative ion ; thus if

ultra-violet light produced on the molecules and atoms of a gas

the same effect as it does on a mass of metal we should expect

this effect to show itself as ionisation of the gas. In the case of

sodium vapour, light produces a decided increase in the conduc-

tivity ; it is not necessary that the light should be ultra-violet, the

* G. C. Schmidt, Wied. Ann. Ixiv. p. 708, 1898.

t 0. Knoblauch, Zeit.f. Physikalische Chemie, xxix. p. 527, 1899.
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light from a petroleum lamp is sufficient to produce well-marked

effects ; we have seen that sodium when in the solid state is

peculiarly sensitive to the action of light. Experiments have been

made on other gases; thus Henry* who tried the effect of ultra-

violet light on iodine vapour, which absorbs a good deal of light,

could not detect any increase in conductivity when the gas was

illuminated : Buissonf was unable to detect any conductivity in air

through which ultra-violet light was passing: recently, however,

Lenard+ has described an effect due to a very easily absorbed

kind of ultra-violet light produced when sparks from an induction

coil pass between aluminium terminals ; this light is so easily

absorbed by air that its effect becomes inappreciable after it has

passed through a few centimetres of air at atmospheric pressure.

Quartz is more transparent than air to this light ; coal-gas is very

much less transparent than air, while hydrogen is more so. If

the aluminium terminals were placed behind a quartz window

in a metal plate, then a charged conductor placed on the far side

of the plate near to the gas illuminated by these rays was found

to lose its charge rapidly if positively electrified, very much more

slowly if negatively electrified. In order to avoid spurious effects

due to the light falling on metal surfaces in the neighbourhood

Lenard covered these with soap and water, which he found pre-

vented any discharge of electricity due to light falling on a metal

plate. The much greater loss experienced by the plate when the

charge was positive than when it was negative indicates that the

velocity of the negative ions is much greater than that of the

positive. Lenard measured, by a method used by Zeleny and

described on p. 49, the velocities of the ions ; he found that

under a potential gradient of a volt per centimetre the velocity

of the negative ions through air at atmospheric pressure is 3"13

cm./sec. : this is considerably greater than (almost double) the

velocity found by Rutherford for the negative ions produced by

ordinary ultra-violet light incident on a metal plate : the velocity

of the positive ions was found by Lenard for a gradient of a volt

per centimetre to be only "0015 cm./sec, that is only about 1 2000'

of the velocity of the negative ions. The exceedingly small velocity

* Henry, Proc. Camb. Phil. Soc. ix. p. 319, 1897.

t Buisson, quoted by Perrin, Ann. de CIninie et de Plii/sique, vii. 11, p. 520,.

1897.

X Lenard, Drude's Ann. i. p. 480 ; iii. p. 298, 1900.
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of these positive ions raises the question as to whether they are

not particles of dust or minute drops of impure water, rather than

gaseous ions. It is essential to show that they are not of this

nature if these experiments are to demonstrate the ionisation of the

air by the ultra-violet light, for the enormous discrepancy between

the velocities of the positive and negative ions is exactly what we

should expect if dust possessing photo-electric properties were

exposed to the influence of ultra-violet light ; such particles would

emit negative electricity, while the positive electricity would

remain behind on the dust ; the comparatively large dust particles

would move very slowly in an electric field, while the negative

ions being free from dust might be expected to move with much

greater velocity. Lenard discusses this interpretation of his

results and rejects it for reasons which do not appear to us abso-

lutely convincing. He considers that the negative ions produced

by the action of ultra-violet light on air are essentially different

from those produced when the light falls on a metal, and that

while the latter are able to produce condensation in a steam jet,

the former are unable to do so. The evidence for this is as follows :

though the gas under direct illumination by the ultra-violet light

produces vigorous condensation in a steam jet, yet if the negative

ions are pulled out of the illuminated gas by a positively charged

plate placed at some distance away no condensation of the jet takes

place in the region between the plate and the gas exposed to the

light, though the leak of positive electricity from the plate shows

that this region is being traversed by negative ions. To make

the experiment conclusive, however, we require to know the

sensitiveness of the steam jet, i.e., the minimum number of ions

per cubic centimetre it is capable of detecting, and also to be sure

that the number of negative ions in the neighbourhood of the jet

exceeds this minimum : the second point is one that requires

very careful attention, for if the electric field in the neighbourhood

of the plate is intense the negative ions will be moving at a very

high speed and a very small number of ions in each cubic centi-

metre would be sufficient to produce a very appreciable leak ; in

fact if this leak is ' saturated ' we see that the density of the ions

will be inversely proportional to the strength of the field, so that

by increasing this strength sufficiently we could certainly stop the

condensation of the steam jet. Thus this experiment does not

prove that the negative ions are incapable of acting as centres
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of condensation : to make the proof valid we should require to

know that the number of ions in each unit volume was so large

that condensation would take place if these ions had the property

of the normal negative ion.

131. C. T. R. Wilson* has studied the action of ultra-violet

light on gases from the point of view of the effect produced by the

light on the formation of clouds. His results with intense light

have already been described in Chapter VII., we shall only consider

here the effects he got with very feeble light, as the effects have a

direct bearing on the question of the ionisation of air by ultra-

violet light, though they do not touch the question as to the effects

produced by the extremely absorbable light studied by Lenard.

Wilson found that with very feeble ultra-violet light clouds were

produced by expansion when this exceeded a definite amount, just

as in the case of a gas ionised by Rontgen rays, and that the

amount of expansion required was just the same for the ultra-

violet light as for these rays : this at first sight looks as if the

ultra-violet light ionised the gas. Wilson, however, found that the

clouds produced by ultra-violet light differed from those produced

by Rontgen rays, inasmuch as the former were not affected by

strong electric fields, whereas the formation of the latter was

almost entirely prevented by such fields. If the clouds due to

ultra-violet light had been due to the ionisation of the gas the

ions would have been removed by the field and the clouds stopped.

At the same time the coincidence between the expansions required

for the formation of clouds under ultra-violet light and when ions

are present is so remarkable that it makes us very reluctant to

believe that the nuclei are different in the two cases ; it seems to

me that an explanation which is in harmony with the facts is that

charged ions do form the nuclei of the drops formed by weak

ultra-violet light, but that these ions are produced during the

expansion of the gas and are not present when the gas is at rest

;

these ions might arise in the following way : we have seen in

Chapter VII. that under the action ofstrong ultra-violet light visible

clouds are formed without expansion, these clouds being probably

due to the formation of hydrogen peroxide, which mixing with the

water lowers the vapour pressure ; now when the light is very

feeble it seems probable that there may still be a formation of

* C. T. R. Wilson, Phil. Trans. 192 A, p. 403, 1899.
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drops of water which, however, in consequence of the very small

amount of hydrogen peroxide produced by the feeble light, never

grow large enough to be visible. Thus we may regard the air

exposed to the ultra-violet light as full of exceedingly minute

drops of water ; when the expansions take place the air will rush

violently past the drops and we get a state of things which in

many respects is analogous to the bubbling of gas through water

;

when, however, air bubbles through water there is, as Lord Kelvin*

has shown, negative electricity in the air and positive in the water

;

thus when the air rushes past the water drops we should expect

the air to contain negative ions, the positive ions being on the

drops ; the ions once formed would act as nuclei for clouds if the

expansion exceeded the value 1'25. If this view is correct, then

we should expect the number of ions produced by an expansion

greater than 1'25 to increase with the expansion, for in this case

the expansion has to produce the nuclei as well as deposit the

clouds, and the more vigorous the expansion the greater would be

the number of nuclei produced.

There are some other considerations which may have a bearing

on this question; we have seen (p. 187) that the formation of a

fresh water surface is accompanied by the liberation of ions ; when
the cloud of small drops is formed by the weak ultra-violet light

there is a creation of new surfaces of water and the probability of

the liberation of ions, the positive ions being carried by small

water drops would only move very slowly under an electric field

and so might not be cleared out by any field it is practicable to-

apply.

Vincentt has made experiments on the clouds formed without

expansion by ultra-violet light, he finds that some drops are

charged positively, others negatively, while others were without

charge. He was not able to detect the presence of hydrogen

peroxide.

It is an important meteorological question whether direct

sunlight can produce a cloud in the atmosphere without expan-

sion. Wilson was not able to get a cloud in a closed vessel in

sunlight with less than the normal expansion 1"25. He points,

* Lord Kelvin, Proc. Roy. Soc. Ivii. p. 335, 189i.

t Vincent, Proc. Camb. Phil. Soc. xii. p. 305, 1904.
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out, however, that the conditions in the open air are more favour-

able to the production of clouds than those in a closed vessel, for in

a closed vessel the drops might diffuse to the sides before they had

time to grow to a visible size, while in the atmosphere this way of

escape would not be open to them.

Photo-electric effects involve an absolution of Light.

132. Stoletow* at an early stage in the history of this subject

called attention to the connection between the photo-electric

effects and the absorption of the ultra-violet light; he pointed

out that water which does not give photo-electric effects does not

absorb many of the visible or ultra-violet rays, while solutions

such as those of methyl-green or violet, which are photo-electric,

show strong absorption. Hallwachsf, who investigated the

subject in greater detail, found in all the photo-electric liquids

which he tried strong absorption for the ultra-violet light, but

that strong absorption was not always accompanied by photo-

electric effects ; thus for example the aqueous solution of fuchsine

is photo-electric, while the alcoholic solution is not, and yet

the alcoholic solution absorbs more ultra-violet light than the

aqueous one.

The effects of increased absorption are shown in a very

beautiful way by the experiments of Elster and Geitel j on the leak

of negative electricity from surfaces of sodium, potassium, and

rubidium under different coloured lights. The experiments, the

results of which are shown in the following table, were made as

follows : the rate of escape from the three metals when exposed to

the white light from a petroleum lamp was measured ; these mea-

surements are given in the table under the heading ' white light.'

The light from this lamp was then sent through an ammoniacal

solution of copper oxide and the metals exposed to the blue light

thus obtained ; this sohition was replaced by one of potassium

chromate to get yellow light, by one of potassium bichromate to get

orange light, and by a plate of deep red glass to get the red light.

Thus we see from this table that though for white and blue

* Stoletow, Physikaliache Revue, Bd. i. 1892.

t Hallwachs, Wied. Arm. xxxvii. p. 666, 1889.

+ Elster and Geitel, Wicd. Ann. Hi. p. 433, 1894.

T. G. 17
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lights potassium is much more photo-electric than sodium, it is

much less so for yellow and orange light, owing to the strong ab-

sorption of these rays by the sodium. The very great sensitiveness

Colour of Light

Eate of leak of uegative electricity

Na K Kb

White
Blue
White

21-0

7-8

22-6

8-2

21-9

3-1

21-9
•2

531
30-3

52-9

3-5

53-9

2-2

62-9

0-1

537-0
86-8

527-7

339-7

552-3

182-0

527-7

21-0

Yellow
White
Orange
White
Red

of rubidium to light of long wave-length is another instance.

Thus while the ratios of the leaks for rubidium and potassium

under blue light were only 3 to 1, the ratio for yellow light was

about 100 to 1.

Connection between the rate of leak and strength of Electric Field.

133. The first measurements on this subject were made by

Stoletow *, who used the following arrangement : the light from

an arc lamp passed through a hole in a metal screen, and after

passing through a perforated plate C fell upon a parallel metal

plate D ; these plates were connected together through a battery,

the negative pole of the battery being connected with D, the plate

illuminated by the light. The current passing between the plates

was measured by a very sensitive galvanometer. By means of this

arrangement Stoletow measured the relation between the current

and the potential difference between the plates, making experi-

ments with the plates at distances apart varying from about 2-5

millimetres to 100 millimetres ; the results of these experiments, in

which the gas between the plates was air at atmospheric pressure,

are represented by the curves of Fig. 56 ; the abscissae represent

the potential differences between the plates, the unit being

1-43 volts (the electromotive force of a Clark's cell) ; the ordinates

represent the current passing between the plates, the unit being

* Stoletow, Journal de Physique, ii. 9, p. 468, 1890.
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8*6 X 10~'^ amperes ; the symbol on the curve, for example a) + 25,

indicates that the distance between the plates was x + 25 milli-

metres, where x is a small distance, about 1'5 mm., that was not
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Fig. 56.

very accurately determined ; the diameter of the plates was 22 mm.
An inspection of the curves shows that when the distance between

the plates is small and the electromotive force large the current

increases much more slowly than the electromotive force ; it is,

however, evidently far from saturation ; while when the plates

are separated by distances greater than 25 mm. there is no

approach to saturation. The curves corresponding to the greater

distances between the plates show that under small electromotive

forces the current increases more rapidly than the potential differ-

ence. As far as the measurements represented in the figure go

i is approximately the same at all distances d, provided V is pro-

17—2
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portional to d, V being the potential difference, i.e., i is a function

of the mean value of the electric force between the plates ; this

law, as Stoletow showed in a later paper*, does not apply for any

great range of potential differences, at lower pressures especially,

the departures from it are soon very apparent.

Since in this case the ions are all of one kind we may (see

p. 207) apply the equation,

^irix

where k is the velocity of the ion under unit electric force,

i the intensity of the current, X,, and X the values of the electric

force at the plate and at a point distant x from it.

To form an estimate of the variation in the electric field which

is produced by the presence of the negative ions between the

plates, let us take one of Stoletow's experiments in which under an

electric field of 150 volts per cm. the current was 3'3 x 10~"

amperes. The velocity of the negative ions produced by a field

of 1 volt per centimetre has been shown by Rutherford to be about

1*5 cm./sec. Hence using electrostatic units, X and Xo being

the values of X at places a centimetre apart, we get, putting

t=10~\ i^ = 4"5 X 10-, X + Xq = 1, in the preceding equation,

X—Xo = 1/180 or a little less than 2 volts per cm., thus the

variation in the strength of the field is comparatively small.

Stoletow, who determined the intensity of the field between two

parallel plates one of which was illuminated by ultl'a-violet light,

was not able to detect any variation in the intensity. Schweidler-j*,

who investigated this point at a later period, found that the distri-

bution of potential between the plates when the ultra-violet light

was in action, was not quite uniform ; his results are shown in

Fig. 57, where the curved line represents the distribution of

potential when the light was shining, the straight one when it

was not. The curvature of the potential curve in the light is all

in one direction, indicating the presence of an excess of negative

ions in every part of the region between the plates. The varia-

tion in the intensity of the field between the plates has also been

observed and measured by Buisson;]: and used by him to determine

* Stoletow, Journal de Physique, ii. 9, p. 469, 1890.

t Schweidler, Wien. Ber. cvii. p. 881, 1898.

X Buisson, Comptes Boidus, cxxvii. p. 224, 1898.
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the velocity of the negative ions ; he finds that under a pbtential

gradient of a volt per cm. this velocity is about 2"2 cm./sec.
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Schweidler* has also made experiments on the relation between

the current and the strength of the electric field over a wider
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Schweidler, Winx. Iln: cviii. p. 273, 1899.
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range than in Stoletow's experiments : his results for air at atmo-

spheric pressure are shown by the curve (Fig. 58). It will be

noticed that when the strength of the field approaches the value

5730 volts, which is the strength required to produce a spark

in the dark across the plates which were 3 mm. apart, there is

a very great increase in the current.

This rapid increase of the photo-electric effect in the neigh-

bourhood of the sparking potential was first observed by Kreusler*.

The relation between the leak from plates of iron, aluminium,

copper, zinc, silver and amalgamated copper, and the strength of

field are represented in the curves given in Fig. 59 : the abscissae

Fig. 59.

measured from represent the difference between the electromotive

force applied and that required to produce discharge in the dark.

The increase in the leak is so great that it cannot be adequately

represented in a moderately sized figure, a better idea in the case

of the zinc plate can be derived from the following table given by

Kreusler. V is the potential difference and i the current, the

potential required to produce a spark was 4060.

* Kreusler, Aim. der Phijs. vi. p. 398, 1901.
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These figures also show evidence of an effect often observed

when using ultra-violet light—the decrease of sensibility with the

time ; thus of the two readings taken with the greatest potential

difference the later one was very appreciably less than the earlier

Y i (1 = 10-10
Y i (1 = 10-10

Y i (1 = 10-10

Amp.) Amp.) Amp.)

4040 136-39
I

3050 0-19 3300 0-36

3970 25-67 2540 0-09 3440 . 0-58

3780 5-88 1760 0-06 3640 1-36

3700 2-40 1170 0-05 3710 1-98

3590 1-39 1760 0-06 3760 3-88

3440 0-70 2530 0-08 3970 21-09

3300 0-40 3060 0-17 4040 80-51

one. This ' fatigue ' of the plates is probably due to oxidation, it

does not take place in hydrogen nor at very low pressures, nor

when platinum is used instead of zinc.

The increase in the rate of leak when the electric field ap-

proaches a certain strength is also very evident when the gas is at

lower pressures. The effect of altering the pressure of the gas was

first investigated by Stoletow*, and subsequently by Schweidler-f"

and Lenard;]:. Stoletow showed that as the pressure was dimi-

100 -

^ =0-83 m/m y^^^ ~—-—_joo cZ

eo y/
^^~~"

60

40 yS—- 60C^

20 ^ll______^
20 Cl

o
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* Stoletow, Journal de Phijaique, ii. 9, p. 408, 1890.

t V. Schweidler, Wien. Ber. cviii. p. 273, 1899.

X Lenard, Ann. der Phys. ii. p. 359, 1900.
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nished, starting from atmospheric pressure, the current slightly

increased, the change in the current being small compared with

that in the pressure ; on carrying the reduction of pressure still

further, a stage was reached (if the strength of the field was not

too small) when the current increased rapidly as the pressure

diminished ; this went on until the current reached a maximum
value, after which it began to decline, but at the lowest obtainable

pressures it had a finite value which was independent of the

strength of the electric field.

The variation of the current with the pressure when the

potential difference remains constant is exhibited in the curves

(copied fi'om Stoletow's paper) shown in Fig. 60 ; the distance

between the plates was "S-S millimetre and the figures on the

curves indicate the potential difference expressed in terms of

Clark's cells (1 Clark's cell = 1-4 volts).

The values of the current at a series of pressures when the

distance between the plates was 3'7l mm. and the potential

difference about 90 volts are shown in the following table

:

Pressure in
, ^

millimetres

Pressure in

millimetres
Current

Pressure in

millimetres
Current

754
152
21
8-8

3-3

8-46

13-6

26-4

32-2

48-9

2-48

1-01

0-64

0-52

0-275

74-7

105-8

108-2

102-4

82-6

0-105

0-0147

0-0047

0-0031

65-8

53-8

50-7

49-5

We see by an inspection of the curves in Fig. 60 that the

pressure at which the current is a maximum increases with the

electric force between the plates : Stoletow has shown that ^,„

,

the pressure at which the current is a maximum, is proportional

to E/d, where d is the distance and E the potential difference

between the plates; this law may also be expressed by saying that if

A, is the mean free path of a molecule at the pressure for maximum
current, when the electric force is X, then X\ is constant. The

curves in Fig. 60 show that at very low pressures the current

is independent of the strength of the electric field, i.e. is

saturated. This is also well shown by the following numbers taken
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from Lenard's paper. V is the potential difference in volts and i

the current, the vacuum was the best obtainable, the pressure being

less than '002 nnn. of mercury.

V i V i

45000 24-5 X 10--1" Coulomb/sec. 500 23-4 X 10-10 Coulomb/sec.

25000 26-6 120 21-9

8900 22-5 14 19-9

4100 24-8 9 15-9

3110 24-5 1 7 )) ))

1300 24-5 4

The critical pressure is of the same order of magnitude as the

pressure at which the electric field would be able to produce

a discharge in the dark ; in this region of pressure Stoletow has

. 30
foCfnfXo

ISO idoC^lk
= 360 tfolt«

Fig. 61. Distance between electrodes 3-5 mm. Gas hydrof^eu.

shown that the current does not depend merely upon the value of

Ejd, where E is the potential difference and d the distance between
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the plates, for with a constant value of Ejd the current at these

pressures increases rapidly with the distance between the plates.

V. Schweidler* has given curves representing the relation

between the current and the potential difference at several

pressures. Similar curves have lately been obtained by Varleyf* at

the Cavendish Laboratory, some of these are reproduced in Figs.

61 and 62. The curves show three distinct stages ; the first when
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Fig. 62. Distance between the electrodes 3-5 mm. Gas air.

the electric force is weak, then the current increases rapidly with

the electric force, the rate of increase gradually dies away as the

electric force increases, and the second stage is reached when the

current only varies slowly, at some pressures hardly at all, with

* V. Schweidler, Wien. Ber. cviii. p. 273, 1899.

t Varley, Phil. Tram. A, 202, p. 439, 1904.
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the electric field ; with still larger electric forces a third stage is

reached when the current increases rapidly with the electric force

and also with the distance between the electrodes.

Theoretical considerations relating to the connection between the

current and the strength of the electric field.

134. It will be convenient to confine our attention in the first

place to electric fields which are weak compared with those required

to produce discharge in the dark. The view we take of the action

of the ultra-violet light is that under the action of this light the

metal emits from each unit area in unit time a certain number

of corpuscles ; that these corpuscles soon, when gas surrounds the

metal, get attached to one or more molecules of the gas and form

negative ions.

The negative ions accumulate in the space between the plates

and since like the molecules of a gas they are moving about in all

directions some of them will strike against the negative plate and

give up their negative charges to it : the steady state will be

reached when the negative electricity given out by the plate struck

by the ultra-violet light, minus the quantity of electricity given up

to the plate by the ions striking against it, is equal to the current

through the gas.

To express this condition mathematically let us take the case

of two parallel plates one of which is illuminated by ultra-violet

light ; let X be the electric intensity at right angles to the plates,

the illuminated plate being at the lower potential, n the density of

the negative ions between the plates*, k the velocity of the negative

ion under unit electric force, e the charge on an ion, i the current

through unit area, then
i = nekX.

The number of negative ions which in unit time strike against

unit area of the plate is, see p. 200, equal to —= ,
where c is the

VOTT

average velocity of translation of the negative ions. If / is the

* These ions start as corpuscles but soon cling to molecules of the gas and

become ions.
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number of corpuscles emitted by unit area of the plate in unit
time, then

J-
cue

VbTT

or since i = nekX,

r Ci
le = ~=^ h I,

^jQirkX

le \/6'7rkX
01 ^ = ;=— .

c + \/67rkX

When X is so small that kX is small compared with c, i.e. when
the velocity of the ion due to the electric field is small compared
with the mean velocity of translation of the ion,

i = le s/Gtt kX -
.

c

Thus when the electric force is small the current obeys Ohm's
law. For larger values of the electric force the rate of increase of

the current with the electric force diminishes and the current ap-

proaches the saturation value le.

omce k = ,

2 m c

m being the mass of the ion and X its mean free path, we have

leX

and when X is small

X + ._
\e vOtt

. leX s/QtrX
'I ^

2mc^

Since mc" only depends upon the temperature, the rate of

increase of the current with the electric force will be proportional

to the mean free path of the ion and so will be greater at low

pressures than at high ones. If the pressure of the gas remains

constant while the temperature varies, since both X and mc- are

proportional to the absolute temperature the ratio of the two will

be independent of the temperature, and the variation of i with the

temperature will depend solely upon the variations of /.
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135. Even when there is no external electric field the diffiision

of the ions will produce a small current due to the drift of the

negative ions from the illuminated electrode. If n is the density

of the negative ions at the illuminated electrode, n that at the

other electrode, the gradient of density is —-— when I is the
V

distance between the electrodes ; hence if D is the coefficient of

diffusion of the negative ions, i the current through unit area,

We have also le t= = i,

v67r

1 cn'e
and —1=^ = %.

wGir

Hence le 7=- -r: = 2i,

or

^/67^-0

le

V67r^

136. Elster and Geitel* and Stoletowf found that, with the

strength of electric field used by them, the rate of escape of

electricity through carbonic acid gas was much greater than that

through air or oxygen. Breisig^ on the contrary found that the

rate was less through CO.. than through air : and that it was

exceptionally large through the vapours of ether and alcohol. The
rate of leak varies so much with the potential difference that

a comparison of the rates of leak for the different gases with

only one value for the potential difference is not satisfactory and

gives little information. What is really wanted is a comparison

for the different gases of the curves representing the relation

between the current and the potential difference. This has been

done by Varley§, one of whose curves is given in Fig. 63. It will

be seen that the current due to the photo-electric effect is with

* Elster and Geitel, Wied. Ann. xli. p. IGl, 1890.

t Stoletow, C. R. cvii. p. 91, 1888.

X Breisig, Bonn. Diss. 1891; Wied. Beibldttcr, xvii. p. GO.

§ Varley, Fhil. Tram. 302, p. 439, 1904.
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weak electric fields greater in air than in hydrogen, with strong

fields it is greater in hydrogen than in air. It would also be

desirable to have these curves drawn for ultra-violet light of

different wave-lengths. The different gases might also cause the

currents to differ by altering the surface of the metal either by

combining with it or by condensing on its surface.
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137. We shall now go on to consider the sudden increase in

the current which occurs when the electric field approaches the

intensity required to produce a discharge in the dark. We can,

I think, explain this by means of some considerations first advanced

by the author* to explain the ionisation produced when a strong

electric field causes a discharge to pass through a gas. When
cathode or Lenard rays pass through a gas, the gas becomes a

conductor, i.e. it is ionised ; hence we see that when very rapidly

moving ions pass through a gas and come into collision with its

molecules the gas is ionised, the energy required for the ionisation

* J. J. Thomson, Proc. Camb. Phil. Soc. Feb. 5, 1900; Phil. Mag. v. 50,

p. 278, 1900.
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coming from the kinetic energy of the rapidly moving ions.

Inasmuch as the ionisation of a molecule of a gas requires the

expenditure of a finite amount of work, a moving ion cannot

ionise a molecule against which it strikes unless its kinetic energy

exceeds a certain critical value, but when its energy does exceed

this value then a certain fraction of the number of collisions

between the ions and the molecule will result in ionisation. Now
when the ions are moving in an electric field, the kinetic energy

acquired by the ions will increase as the strength of the field

increases, and when the field is strong enough to make the kinetic

energy of the ions exceed the critical value, the ions by their

collisions will give rise to new ions, and thus there will be an

increase both in the number of ions and the current through the

gas : it is this increase which is so marked a feature of the

currents produced by ultra-violet light when the electric field is

strong.

If I is the mean free path of an ion, X the electric force, e the

charge on the ion, then the mean kinetic energy given to the ion

by the electric field is Xel ; when therefore Xel exceeds a certain

critical value, ionisation will take place in a certain fraction of the

collisions ; let us denote this fraction by f{Xel), f{u') being a

function of x which vanishes when cc is less than a certain value.

If there are n ions per cubic centimetre, then the number
of collisions in unit time is equal to Jiv/l, where v is the average

velocity of translation ; hence the number of ions produced in

unit tnne per unit volume is ~rf{Xel). A certain number of

collisions may result either in the recombination of the ion, or

the attachment of the ion to the system against which it collides,

so that the ion ceases to be available for carrying the current ; let

a fraction /3 of the collisions result in the destruction of the ion as

an ionising agent, then the number of these ions which disappear

from a cubic centimetre of the gas in unit time is y3 . *, hence the

excess of the ions produced over those which disappear is equal to

nv
-[f(Xel)-l3} (1).

* We have here neglected tlie loss of ions due to the recoinbiiiation of positive

and negative ions in conii)arison with that due to the collision of the ions with

the molecules.
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We have by the equation of continuity, if ti is the average

velocity of translation parallel to the axis of cc,

I+s('"'>=t1/<^^')-''1
<2).

Now when the ions are moving so rapidly that they have

sufficient kinetic energy to act as ionising agents, their velocity

must be mainly due to the electric field, since when this field is

absent no ionisation is produced. Hence we have approximately

V = u.

When things are in a steady state we have by (2)

^Jnu)=''^{fiXel)-^];

integrating we get

]nf{Xe!)'P)dx
nu = Ce'' ,

or if as a first approximation we regard X as constant we have

nu = Ue'

If the current has reached the saturation stage before ionisation

begins, then nu — I when x = 0, w being measured from the

illuminated plate, hence

f(/(Xrf)-^)
7iu = ie^ ;

if d is the distance between the plates, then i the current is the

value of nue when w = d, thus

i = rf>«'"-'^' (3).

When this additional ionisation sets in, the current with a

constant value of X increases with the distance between the

plates ; this effect has been observed by Stoletow*. As long as the

ionisation is confined to that produced at the metal plate by the

ultra-violet light, the current is determined by the electric force,

i.e. i is a function of X and not of d ; when however the secondary

ionisation occurs i is a function of both X and d.

* Stoletow, Journal de Physique [2], ix. p. 468, 1890.
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The point at which the secondary ionisation begins is when
Xel has a certain definite value ; as I the mean free path of an ion

is inversely proportional to the pressure, the value of X required

to start the secondary ionisation will be directly proportional to

the pressure; the curves given by v. Schweidler* for the relation

between the current and electromotive force at different pressures

show that his experiments are in fair agreement with this result,

he only gives approximate values for the pressures, and there

are hardly sufficient points determined on the curve to enable

us to fix with accurac}- the points at which the secondary

ionisation commences ; but from an inspection of his curves

I should say that at a pressure of 750 mm. secondary ionisation

began when the difference of potential between his plates, whose

distance apart is given as between 3— 5 mm., was equal to

4700 volts; at 130 nnn. to 1150 volts, and at 17mm. to about

140 volts.

It is evident that the current cannot go on continually in-

creasing as the pressure diminishes, for, when the free path

gets comparable with the distance between the plates, there

will be very few collisions, and therefore little if any secondary

ionisation ; in the limit when the pressure is indefinitely reduced,

the number of ions reaching the plate not exposed to the light

must equal the number leaving the illuminated plate, hence

with our previous notation the limiting current will be equal

to le.

The value of the free path at the pressure when the current

is a maximum is by equation (3) determined by finding the

value of ^ which makes [f{Xel) — ^]ll a maximum, this condition

gives f (Xel) Xel =f(Xel) — /3, an equation to determine Xel;

thus when the current is a maximum XI has a constant value,

this coincides with Stoletow's result that if p^ is the pressure

at which the current is a maximum Xjp^^ is constant.

138. We shall see later on that the positive ions can act as

ionisers when their kinetic energy exceeds a certain ^'alue which

is much greater than that required to give this propoi'ty to the

negative corpuscles. To calculate the effect of the ionisation pro-

duced by the positive ions we may proceed as follows, let m be

* V. Schweidler, Wien. Her. cvii. p. 273, 181)'.).

T. G. 18
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the number of positive ions per cubic centimetre, w the velocity

of the positive ion, V the mean free path of this ion, F{Xel') the

ft-action of the collisions which result in ionisation, then neglecting

the recombination of the ions which in the intense fields we are

considering will be small, we have, from the equations of continuity,

x is measured in the direction of motion of the positive ions, the

rest of the notation is the same as before.

When things are in a steady state -j- and -7- vanish and since

e {nu + mw) = i, we have

(m , V 6711.1 /t , -^-^ 7, % ^ &ftii T-- , -XT- T/v

di
(«^^') = -r/(^^^) + J' ^ (^^^ ) '

the solution of this equation when X can be regarded as constant is

a —

7

where a and 7 are written forf(Xel)/l and F{Xel')!l' respectively,

and G is the constant of integration. To determine G we have

mu = / when x = 0, hence

a —

7

lid is the distance between the plates then when x = d, enu =i, or

/e('i-v)f/(a-7)

— A/c(a-v)rf

If the distance between the plates is a large multiple of the free

path of a corpuscle, then with these intense fields e(<^-v)'^ is very

large, thus it would only require a very small value of 7 to make
y^{a-y)d eqi^ial to a, in this case i would become infinite and a spark

would pass, thus when once the stage is reached when ionisation

by the positive ions begins a very small increase in the field will

produce an enormous increase in the current culminating in the

passage of a spark.

139. The velocity with which the corpuscles are projected

from the illuminated metal is a matter of great importance, for if



138-139] PHOTO-ELECTRIC EFFECTS. 275

this velocity exceeded a certain value the corpuscles would, near

the surface of the plate, ionise the gas even though the electric

field were so weak that the kinetic energy given by it to the

corpuscles was too small to make the corpuscles act as ionisers.

The velocity at emission of the corpuscles has been measured by

Ijenard*, he found that in the very high vacua the illuminated

surface continued to give off negative corpuscles even when there

was a small charge of positive electricity on the illuminated plate,

showing that the corpuscles were projected with sufficient energy

to make their way against a small retarding force ; by measuring

the differences in the number of corpuscles projected as the

positive charge on the illuminated plate was increased, he was able

to calculate the number of corpuscles which at projection possessed

any assigned velocities. He found that the corpuscles were not all

emitted with the same velocities. The distribution in the velocities

of the particles emitted by platinum, aluminium and carbon is

given in the following table, the velocities are those at right angles

to the surface of the metal.

Carbon Platinum Aluminium

Corpuscles emitted with velocities

between 12 and 8 x 10^ cm. /sec. ...

Corpuscles emitted with velocities

between 8 and 4x iCcm./sec. ...

Corpuscles emitted with velocities

between 4 and x 10" cm. /sec. ...

Corpuscles only emitted with the help
of an external electric field

0-000

0-049

0-67

0-28

0-000

0-155

0-65

0-21

0-004

0-151

0-49

0-35

1-00 1-00 TOO

Part, at any rate, of the difference in the velocities of the

corpuscles may be due to the fact that, as Ladenburgf has shown,

the corpuscles come from a layer of finite thickness, thus those

which come from the deeper parts of the layer will, when they

emerge, have made more collisions with the molecules of the metal

than those which come from the shallower parts, and so will have

had their velocities more reduced before they emerge from the

metal.

* Lenard, Ann. der Phi/s. viii. p. 149, 1902.

t Ladeuburg, Ann. der Phys. xii. p. 558. 1903.

18—2
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140. To get clear of a conducting surface the corpuscles must

start with very considerable velocities. For the negatively charged

corpuscle when near the surface will in consequence of electrostatic

induction be attracted towards the surface, and will be dragged

back into the surface unless its velocity of projection exceeds a

certain value. If r is the distance of the corpuscle from the metal

surface when it starts, then ^mv" the initial kinetic energy must be

greater than e-/4r in order that the corpuscle should escape from

the surface, here e is the charge and m the mass of the corpuscle.

If 7- = 10~*cm., then since ejm = 5'1 x 10^' (in electrostatic units),

6 = 3-4 X 10~^'\ V must be greater than 9 x 10''cm./sec. The velo-

cities measured by Lenard were those possessed by the corpuscle

after it had escaped from the electrostatic attraction of the metal

surface.

This dragging back of the corpuscles by electrostatic induction

will be diminished if at the surface of the metal there is a double

layer of electrification, such as might arise from a film of con-

densed gas, with the positive coating outside and the negative one

next the metal; in this case the electric field between the coatings

will help to pull the corpuscle away from the metal. We have

very considerable evidence in favour of the existence of such layers,

and the fact observed by Wulf* that the photo-electric stream

from platinum could be increased almost tenfold by charging its

surface electrolytically with hydrogen, suggests that these layers

may produce exceedingly large effects.

This is what we should expect from the values of the velocities

of projection obtained by Lenard ; an inspection of the table shows

that in the case of carbon 95 per cent, of the corpuscles are

projected with velocities less than 4 x 10'' cm./sec, this velocity is

that acquired by the fall of the corpuscle through a potential

difference of '5 volt. Thus a gas film at the surface of the carbon

with a potential difference of *5 volt (the negative coating being

outside) would practically entirely stop the emission of corpuscles

from the illuminated carbon.

141. The greatest velocity of projection found by Lenard was

that corresponding to the fall of the electric charge on the

corpuscles through a potential difference of about 5 volts, from his

experiments he came to the conclusion that a corpuscle did not

.
* Wulf, Aim. der PJnjs. ix. p. 946, 1902.
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produce ions by collision with molecules unless its velocity were

at least that due to the fall of its charge through a potential

difference of 11 volts. It is evident however that these rapidly

moving corpuscles, just expelled from the metal, will require less

energy to bring their velocities up to ionising point, than those

corpuscles in the body of the gas which have had their velocities

reduced by repeated collisions with the molecules of the gas, so

that a comparatively weak electric force close to the plate will

cause ionisation to take place in that region. The ionisation by

collision in a case like this differs from that previously investigated,

inasmuch as it is confined to the region close to the illuminated

surface, and does not take place in the rest of the field. The effect

of this increased ionisation close to the surface in the current is

much the same as if the number of coi'puscles emitted by the

surface were increased. An inspection of the curves given by

Varley, Figs. 61 and 62, suggests that something of this kind must

take place ; we see from these that when the pressure is low, but

not too low, say about 1 mm., the current under an electric field

too small to give a corpuscle starting from rest enough energy to

make it act as an ioniser is greater than the saturation current in

the highest vacuum, the latter, if no surface films are removed by

the reduction of pressure, is the measure of the number of cor-

puscles given out by the illuminated surface. Since in the gas at

1 mm. the current is greater than this saturation current, even

when the electric field is comparatively weak, there must be more

ions than are given out by the metal plate, these on this view are

produced by collisions close to the electrified plate.

It is interesting to notice how small the amount of energy

carried away by the stream of corpuscles ejected by the ultra-

violet light is in comparison with that emitted by ordinary

thermal radiation. In Lenard's experiments quoted on page 263

the saturation current was about 25 x 10~^" coulombs/sec. If the

corpuscles were all ejected with the velocity due to a fiiU of their

charge through 5 volts (this is considerably above the a^•erage)

the number of ergs emitted per second would be 5 x lO^x 25 x 10~^°

or 1*25. The illuminated surface had an area of about 7 sq. cm.,

so that the number of ergs emitted from 1 sq. cm. per second was

only "18. The number of ergs radiated per sq. cm. per second

from a black body at 0° C. is about 25,000.
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142. Lenard* has made the very important discovery that

the velocity of projection of the corpuscles projected through the

agency of ultra-violet light is independent of the intensity of the

light. The number of corpuscles emitted is proportional to this

intensity but the velocity of each corpuscle depends only upon the

nature of the illuminated surface. A little consideration shows

that this result has very important consequences. It proves that

the velocity of the corpuscles is not due to the direct action

upon the corpuscle of the electric force, which according to the

Electromagnetic Theory of Light occurs in the incident beam of

light. It suggests that the action of the incident light is to make

some system, whether an atom, a molecule or a group of mole-

cules, in the illuminated system unstable, and that the systems

rearrange themselves in configurations in which they have a much

smaller amount of potential energy, the diminution in the potential

energy will be accompanied by a corresponding increase in the

kinetic, and in consequence of the increased kinetic energy cor-

puscles may be projected from the atoms in the illuminated

substance. It may be pointed out in illustration of the effect of

the light in changing the systems in the substance on which it

shines that there are many cases of the production by light of

isomers of organic compounds accompanied by the evolution of

heat. Thus on this view the expulsion of the corpuscle from the

substance is due to a kind of explosion ; in the case of an elemen-

tary substance this explosion may be an explosion of the atom,

such as might be produced by a rearrangement of some of the

corpuscles of which it may be supposed to be constructed, and the

energy with which the corpuscles are projected may be derived

from the internal energy of the atom. On this view the substance

is to some extent altered by the incidence of the ultra-violet light,

and if the substance is an element Ave may suppose that some of

its atoms have been changed. We have as yet no direct evidence

of such a change, unless part of the phenomena of " fatigue

"

(see p. 287) are due to it. A simple calculation will show that the

amount of matter changed by the emission of corpuscles under

ultra-violet light would in the course of any feasible experiment

be exceedingly small. A photo-electric stream of 10"^" coulombs

per second per square centimetre is one of more than average

• Lenard, Ann. der Fhijs. viii. p. 149, 1902.
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intensity, yet it would require such a stream to flow uninter-

ruptedly for 300 years before all the atoms in a surface layer of

the substance had changed their character. We arrive at this

number in the following way. The corpuscles, as Ladenburg* has

shown, have their source in a layer of finite thickness. He found on

coating a glass plate with layers of nickel of different thicknesses

that the photo-electric effect increased with the thickness of the

nickel as long as the thickness was less than 10~'*cm., when this

thickness was reached the photo-electric effect became normal and

independent of the thickness. Hence we may suppose that the

supply of corpuscles is drawn from a layer lO"-* centimetres thick,

the number of molecules in the portion of this layer having a

surface of 1 square centimetre is of the order 10-". If each of

these molecules supplied only one corpuscle, the amount of

electricity on the corpuscles would be about 1 coulomb, hence

since in 1 second only 10"^" coulombs are set free, it would take

10^" seconds or more than 300 years before all the molecules in

the layer had exploded ; while if the energy of the explosion were

sufficient to liberate more than one corpuscle this period would

have to be greatly extended. It would be interesting to see if the

properties of a thin film of an intensely photo-electric substance

like rubidium suffered any change after prolonged exposure to

light.

The Photo-electric Effect depends upon the orientation of the plane

of polarisation of the Light.

143. Elster and Geitelf made the very interesting discovery

that when the incident light is plane polarised, the photo-electric

effect, the intensity and angle of incidence being the same, is

greater when the light is polarised at right angles to the plane of

incidence than when it is polarised in that plane. On the Electro-

magnetic Theory of Light there is in light polarised at right angles

to the plane of incidence an electric force with a component normal

to the reflecting surface, when the light is polarised in the plane

of incidence the electric force is parallel to this surface. The most

convenient way of investigating the effect of polarisation is to

* Ladenburg, Ann. dcr I'hijs. xii. p. 558. 1003.

t Elster and Geitel, Wied. Ann. lii. p. i3;5, 1894; Iv. p. GS-l, 1805; Ixi. p. 445,

1897.
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use a liquid surface, as it is important that the reflecting surface

should be smooth, and to choose a liquid which is sensitive to

ordinary light, as it is then possible to use a Nicols prism to

polarise the light : the liquids used by Elster and Geitel were the

liquid alloy of sodium and potassium, and amalgams of rubidium

and ca?sium ; these were placed in vessels from which the air was

exhausted and the rate of escape of negative electricity observed

with light incident on the surfaces at different angles. Some of

the results obtained in this way are given below, data were not

given to enable us to say to which stage of the curve connecting

the rate of escape of negative electricity with the electromotive

force the observations refer.

Rate of escape (i) of electricity from sodium potassium amalgam

exposed to white light polarised at right angles to the plane of

incidence.

Angle of

incidence
i

Angle of

incidence
/

Angle of

incidence
i

o

10
20

2-8

5-2

11-2

i

30
40
50

17-4

23-4

27-0

o

60
70
80

28-7

23-8

11-0

Rate of escape (i) of electricity from the same cell exposed to

white light polarised in the plane of incidence.

Angle of

incidence
i

Angle of

incidence
i

Angle of

incidence
i

o

3

10
20

2-8

2-78

2-87

o

30
40
50

2-65

2-24

1-80
'

60
70 !

80

1-51

1-01

•33

Thus, except at perpendicular incidence when the two are

necessarily equal, the leak caused by the light polarised in the

plane of incidence is very much smaller than that caused by light

polarised at right angles to this plane, and we see too that

whereas in the former case the current continually diminishes as

the angle of incidence increases, in the latter it increases with

the angle of incidence until the latter is about 60°, after this the

current decreases.
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Elster and Geitel have determined how the amount of light

absorbed by the metal varies with the angle of incidence for light

polarised in and at right angles to the plane of incidence. The

absorptions and the corresponding photo-electric currents are shown

in Fig. 64. Curves (1) and (2) represent the photo-electric

currents due to light polarised at right angles and in the plane of

incidence respectively, curves (3) and (4) the absorptions of the light

in these cases. It will be seen that in each case the current and

absorption increase and decrease together, but that a given amount

of absorbed light is very much more efficacious in producing dis-

charge when its plane of polarisation is at right angles to, than

when it is in, the plane of incidence. The connection between the

absorption and current is made clearer by the following considera-

tions given by Elster and Geitel. Suppose the intensity of the

incident light polarised at right angles to the plane of incidence

is unity, let the amount of light absorbed when the angle of

incidence is <^ be a^ , and cIq when ^ = 0, then when the angle of

incidence is </>, the component of the electric force parallel to the
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surface is proportional to cos ^, and the energy corresponding to

this component to cos-
; the amount of this energj^ absorbed will

be ffo cos- 0, hence a^ — CTo cos- will be the energy due to the

electric force at right angles to the surface absorbed by the metal.

Suppose 7^ is the current when the angle of incidence is <^, /„ the
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current when the angle of incidence is zero for unit intensity of

light, the intensity due to the electric force parallel to the surface

is cos*^
<f>,

the current due to this is Iq cos^
<f>,

hence the current

arising from the component of the electric force perpendicular to

the surface may be taken to be I^ — Jq cos^ ^. Now Elster and

Geitel have shown that a^ — Oo cos- </> and I^ — Jo cos-
<f)

are approxi-

mately proportional to each other ; this is shown by the two curves

in Fig. 65, which represent the variation of the two quantities

with the angle of incidence. The continuous line represents the

variation of the cun^ent, the dotted line that of the absorption.
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Fig. 65.

If we take the view that the photo-electric effect is due to

the emission of negatively electrified corpuscles from the metal,

we can explain the influence of the orientation of the planes of

polarisation as follows. We may suppose that the energy from

the light absorbed by the metal goes into some of the corpuscles,

giving them sufficient kinetic energy to escape from the metal,

just as they are able to do at a very high temperature. These

corpuscles have acquired from the ultra-violet light very much

more kinetic energy than is possessed by a molecule of a gas at the

temperature of the metal ; thus every collision a corpuscle makes

with the molecules of the metal will result in a loss of kinetic

energy, so that if it is to escape from the metal it is important that

it should make as few collisions as possible before reaching the

surface, i.e. that it should move approximately at right angles to
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the surface. When the light is polarised at right angles to the

plane of incidence there is a component of the electric force at

right angles to the surface which will direct some of the corpuscles

in this direction, when however the light is polarised in the plane

of incidence the electric force is parallel to the surface and tends

to make the corpuscles move parallel to the surftice instead of

towards it ; thus the corpuscles have in order to escape to make

more collisions in this case than the former, and so are less likely

to reach the surface with sufficient energy to escape from it.

The experiments of Elster and Geitel were made with light in

the visible spectrum as the substances they used, sodium and

potassium alloy and rubidium, gave large photo-electric effects

with light with long wave length : the effect does not seem

appreciable when ultra-violet light is used, for both Lenard* and

Ladenburgf have found that with this light the photo-electric

effect depends solely upon the intensity of the light and is

independent of the plane of polarisation or the angle of incidence

;

this is in agreement with Ladenburg's result that the source of

the photo-electric effect is a layer of finite thickness, as the light

after entering the metal would rapidly lose the peculiarities of

polarisation of the incident light.

Influence of Temperature on the Photo-electric Effect.

144. The influence of the temperature of the metal on the

photo-electric effect has been investigated by Hoor:J:, Stoletow§,

Elster and Geitel |], Righi'f, and Zeleny**. Hoor found that the

sensitiveness of a zinc plate to light diminished when the tem-

perature was raised from 18° to 55"^. Stoletow found on the other

hand that raising the temperature to 200° C. increased the sensi-

tiveness, Elster and Geitel that an alteration of temperature had

no effect on zinc. Righi found that the positive charge given by

light to a previously uncharged plate was greater when the plate

* Lenard, Ann. der Phyg.

t Ladenburg, Ann. der Phys. xii. p. 558, 1903.

+ Hoor, Wien. Berichte, xcvii. p. 719, 1888. E.vner's Rep. xxv. p. 91, 1889.

§ Stoletow, Comptes Rendus, cviii. p. 1241, 1889.

II
Elster and Geitel, Wied. Ann. xlviii. p. ()2.5, 1893.

II Kighi, Atti 1st. Ven. vii. Mem. 11.

** Zeleny, Physical Review, xii. p. 321, 1901.
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was hot than when it was cold : we must remember that a blast

of air blowing across the plate increases the positive charge so

that part of the effect observed by Righi may have been due to air

currents set up by the hot plate. In considering the interpre-

tation of these seemingly discrepant results we must remember

that the circumstances which affect the sensitiveness of the metal

to the light will depend very much upon the strength of the field.

Thus supposing we are dealing with a strong field and the gas

surrounding the metal is at an exceedingly low pressure, the

photo-electric current is saturated and measures the number of

corpuscles given off from the metal in unit time ; measurements of

the effect of temperature in this case would admit of a perfectly

definite interpretation, but when the gas is at a high pressure and

the strength of the field is weak, i.e. when we are working on the

earlier part of the curve connecting the current and the electro-

motive force, then the interpretation of the effect of temperature

/
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is ambiguous, for the current at this stage depends not only upon

the rate of emission of the corpuscles, biit also upon the velocity of
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the ions through the gas. Now the increase in temperature may

alter the pressure of the gas, and hence the velocity of the ions

through it, and it would require further experiments to disentangle

this effect of the velocity of the ions from the effect on the rate

of emission of the corpuscles from the plate. The experiments

of Elster and Geitel on the effect of temperature on the current

from a potassium surface in a good vacuum are not open to this

objection, as the effect of the gas is eliminated, and in this case

they found an increase in the current of about 50 per cent, when

the temperature was increased from 20° to 50° ; from some experi-

ments made by the writer it appears that when the temperature

is raised considerably higher, say to 200°, there is a very great

increase in the current from the alkali metals, and that these are

very much more sensitive to light at high temperatures than they

iire at low.

300 /i
'

^
'

^ "

//
-^

/
///

200 //
/ill

/ "A/
/ //9

''

—^ ^y-
'/

1

100- ^ .A/

K-
"^^A

V:^ j^^^L*^

100' 200* 300' 400°

Temperature.

Fi". G7.

600-' 700'

Zeleny, who measured the current from platinuia and iron

exposed to ultra-violet light and surrounded by air at atmospheric

pressure, found that from platinum the current first decreased

as the temperature increased, reached a minimum, and then
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increased with the temperature as far as the highest temperature

used. The results showed a curious hysteresis effect in the currents

obtained, when the metal was cooling they were greater than those

at the same temperature when the wire was getting hotter. These

results are indicated in the curves shown in Fig. 67, where (i)

represents the currents corresponding to continuously increasing

temperatures, (ii) those for continuously decreasing temperatures,

(iii) those for increasing temperatures, and (iv) for decreasing

temperatures when the wire was cooled to the temperature of the

room between each observation. These observations show that

heating the wire produces some change in the surface, possibly in

the amount of gas condensed upon it or absorbed by the metal,

from which it only slowly recovers. With iron the minimum

current is not nearly so clearly marked as with platinum, nor is

there so great a difference between the curves for increasing as

those for decreasing temperature ; on the other hand the photo-

electric current increases more rapidly with the temperature for

iron than for platinum, the current at 700° C. being for iron about

40 times the current at 15° C, while for platinum the current at

700° C. was only about 2*5 times that at 15° C.

Zeleny also investigated whether, if the metal were raised to

a temperature just below that at which it would begin to give off

positive ions in the dark, it could be made to give off positive ions

by the incidence upon it of ultra-violet light; the positive ions

were however not produced at a lower temperature in the light

than in the dark. Nor when the metal was raised to the tem-

perature at which the positive ions were produced was the rate

of production increased by the incidence of ultra-violet light.

At high temperatures the streams of electricity from incan-

descent metals are so large in comparison with those due to

photo-electric effects that variations due to the latter can only

be detected with great difficulty. The photo-electric variation

with temperature might more conveniently be studied by coaling

the metal to very low temperatures such as those of liquid air or

hydrogen, this does not however appear to have been done. It

would also be interesting to see if the effects due to temperature

are connected with changes in the amount of gas absorbed by the

metal.
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Nature of tJie ions produced hy the action of ultra-violet light

on metals.

145. The experiments made by the author and Lenard (.see

p. 135) show that in high vacua metals when ilhiminated with

ultra-violet light give out corpuscles, i.e. bodies whose mass is

only about j^ijo of that of the hydrogen atom ; when however

the metal is surrounded by gas the corpuscles soon strike against

the molecules, get attached to them and have to drag them

along with them as they move under the action of the electric

field. The velocity of the negative ions through different gases

has been measured by Rutherford (see p. 61), who showed that

the velocity of the ion did not depend upon the nature of the

metal on which the light fell, but that it did depend on the nature

of the gas through which the ion had to travel, and that the

velocity through any gas of the negative ion produced by ultra-

violet light was very approximately the same as that of the ion

produced by Rontgen rays through the same gas.

The diminution of the photo-electric effect produced by a

transverse magnetic field when the pressure of the gas is low,

which was discovered by Elster and Geitel*, has already been

discu.ssed on page 136.

The photo-electric effect seems to disappear immediately the

light is cut off. Stoletowf-, who made a series of experiments on

this point, could not obtain any evidence that there was any finite

interval between the incidence of the light and the attainment of

the full photo-electric effect, or between the eclipse of the light

and the total cessation of the effect, and he showed that the interval

must at any rate be less than j-^^ of a second.

PA oto-electric Fatigue.

146. The rate of emission of negative corpuscles from some
metals is much greater when a clean surface is first exposed

to ultra-violet light than it is after the exposure has lasted

for some time. The cavise of this effect, which is known as

' photo-electric fatigue,' has not yet beeii fully made out, and there

are some discrepancies in the results of the experiments which

have been made upon it. There seems no doubt that it varies

* Elster and Geitel, Wied. Ann. xli. p. 166, 1890.

t Stoletow, Aktinoelektrische Untersucliungen, Pliijsikalisdi. Revue, i. p. 725,

1892.
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greatly (1) for different metals, (2) with the gas in which the metal

is placed, and (3) with the quality of the ultra-violet light. Thus

Ladenburg* found that aluminium in a high vacuum showed no

fatigue, whereas the fatigue for silver was very well marked ; the

surface of the silver was roughened by the ultra-violet light,

suggesting that particles of silver had been torn from the surface,

Avhile the aluminium surface was not affected. Ladenburg showed

that the state of polish of the surface had great influence on the

photo-electric effect. Varley found that while zinc became rapidly

fatigued in air it did not do so in hydrogen, in this case the fatigue

might be ascribed to oxidation of the surface. Fatigue however

is by no means always due to oxidation, for Lenardf has observed

it in the best vacuum he could obtain, v. Schweidler| found that

fatigue did not depend upon the electrification of the surface,

and that it took place just as rapidly when the surface was

positively electrified, when no electricity was escaping from the

plate, as when the plate was negatively charged and electricity

was streaming out of the plate. Kreusler§ and Buisson|| found

that fatigue did not take place in the dark and thus was due to

the action of light. Hallwachs IF, who worked Avith surfaces of Cu,

<JuO, and CugO, on the other hand came to the conclusion that

fatigue took place just as rapidly in the dark as in the light ; he

found that it was very much less in small vessels than in large

ones or in the open air and he attributed it to the effect of ozone.

The occurrence of fatigue in high vacua shows that this cannot be

the only cause of the phenomenon. A great many of the effects

can be explained by the formation or destruction of films of gas

on the surface of the metal, producing double layers and helping

or retarding the escape of corpuscles from the metal. These, as

the calculation given on p. 276 shows, might produce enormous

changes in the photo-electric effects. Buisson has shown that the

potential difference in a solution between a plate and a standard

metal is altered if the plate is taken out of the solution and exposed

to ultra-violet light and then replaced, this is in favour of the view

that the ultra-violet light affects films of gas on the metal.

* Ladenburg, Ann. der PJiys. xii. p. 558, 1903.

+ Lenard, Ann. der Pliys. xii. p. 449, lyOiJ.

J V. Schweidler, ]yien. Ber. 112, 11a, p. 974, 1903,

§ Kreusler, Ann. der Phys. vi. p. 398, 1901.

II
Buisson, Journ. de Phys. [3], x. p. 597, 1901.

m Hallwachs, Physik. Zeitschr. v. p. 239, 1904.
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The subject of photo-electric fatigue is one of great interest,

especially in connection with the view that the incidence of the

ultra-violet light might produce slow changes in some of the

atoms of the substance illuminated by it, such a change might

produce an effect on the photo-electric power of the substance

even in the highest vacua.

Connection between photo-electric effects and the fluorescence

and ionisation of solutions.

147. G. C. Schmidt* made a series of experiments on this

subject, with the result that there was no clear evidence of any

intimate relation between photo-electric effects, ionisation and

fluorescence : for while in fuchsine there seemed to be clear

indications of a connection between ionisation and photo-electric

effects—since aqueous solutions of fuchsine are photo-electric,

while solutions in alcohol and acetone are not, and fuchsine

is ionised in water and not in the other solvents—the results

with eosine seemed decisive against this connection, as the

addition of neutral salts, such as potassium iodide or sodium

chloride, destroys the ionisation, while in aqueous solutions it has

no influence upon the photo-electric effects. Again, magdala

red fluoresces in alcohol, amyl-alcohol and acetone, the first two

solutions are photo-electric, the last is not. Salts which undergo

decomposition in the light such as the haloid salts of silver are

strongly photo-electric.

In the case of water a change in the physical state seems to

be accompanied by a change in the photo-electric properties, as

dry ice was found by Brillouinf to be photo-electric, while water

in the liquid state is not.

The opinion has been advanced by CantorJ and Knoblauch§

that the photo-electric effect depends upon oxidation, on the

ground that the substances, elementary and compound, which

exhibit this effect are those which combine with oxygen ; it is

however, I think, necessary to distinguish between the power of

combining with oxygen and the act of combination. We should

* G. C. Schmidt, Wicd. Ann. Ixiv. p. 708, 1898.

t Brillouin, Eel. Eleclr. xiii. p. 577, 1897.

X Cantor, Wien. Sitziingsher. 102, p. 1188, 1893.

§ Knoblauch, Zeit. f. PhysikaUsche Chemie, xxix. p. o27, 1899.

T. G. 19
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expect the photo-electric substances to be oxidisable, as they

readily lose negative corpuscles, and thus get positively charged and

in a fit state to combine with an electro-negative substance like

oxygen ; there is no evidence however that the presence of oxygen

is necessary for the photo-electric effect, in fact the evidence the

other way seems quite conclusive, for substances like rubidium

and potassium enclosed in highly exhausted vessels seem to

retain their photo-electric power indefinitely, and any trace of

oxygen originally present would soon be absorbed by the metals.

The phenomena of photo-electric effects seem to me strongly

in favour of the view that the chemical effects produced by light

are due to the emission of corpuscles from some of the atoms of

the illuminated compound rather than that the emission of the

corpuscles is the secondary effect and chemical combination the

primary. As an instance of how light might bring about a change

in the chemical properties we may take the question of valency,

or the electric charge carried by the atom in a compound, this

depends upon the relative ability of the atoms in the compound

to eject or attract corpuscles. The phenomena of photo-electricity

shows that this power is strongly affected by light, hence we should

expect that exposure to light might affect the valencies of the

atoms, and as a matter of experience we find that many of the

chemical changes produced by light are accompanied by a change

of valency.

If the atom of the metal has a charge of positive electricity

it will require a higher initial velocity to expel a corpuscle

from the atom than if the atom were originally without charge

;

this may be the reason why a compound, such as NaCl, con-

taining an atom of a very photo-electric element should have very

little photo-electric power ; the positive charge on the sodium

atom in the compound may prevent the escape of corpuscles

which would be able to emerge fi:om a neutral atom of the metal.

If the charge on an atom may have more than one value, as in the

case when the element has a variable valency, the compound in

which the metal has the highest valency and therefore the greatest

positive charge would have a tendency to have the least photo-

electric power.



CHAPTER XL

lONISATION BY RONTGEN RAYS.

148. We shall in this chapter mainly confine our attention to

the ionising properties of the rays, leaving for future consideration

the manner of their production and a discussion of their nature

;

it will however be convenient to enumerate some of their most

important properties. Rontgen* found in 1895 that very remark-

able effects occurred in the neighbourhood of a highly exhausted

tube through which an electric discharge was passing; the exhaus-

tion of the tube being so great that a vivid green phosphorescence

appeared on the glass. He found that a plate covered with a phos-

phorescent substance such as potassium-platino-cyanide became

luminous when placed near the tube, and that a thick plate of

metal cast a sharp shadow when placed between the tube and the

plate ; while light substances, such as thin aluminium, cardboard,

wood, cast but slight shadows, showing that the agent which

produced the phosphorescence on the plate could traverse with

considerable freedom bodies which are opaque to ordinary light.

As a general rule the greater the density of a substance the more

opaque it is to this agent ; thus the bones are much more opaque

to this effect than the flesh, so that if the hand is placed between

the discharge tube and the plate the outlines of the bones are

distinctly visible in the shadow cast on the screen, or if a purse con-

taining coins is placed between the tube and the plate the purse

itself casts but little shadow, while the coins cast a very dense

one. Rontgen showed that the agent, now called Rontgen rays,

producing the phosphorescence on the plate is propagated in

straight lines, and is not bent in passing from one medium to

another; there is thus no refraction of the rays. The rays affect a

* Rontgen, Wied. Ajin. Ixiv. p. 1, 1898 (reprinted from the original paper in tlio

Sitzungsberichte der Wilrzburger Physik. Med. Gesellsch. 1895).

19—2



292 lONISATION BY RONTGEN RAYS. [XI

photographic plate as well as a phosphorescent screen and shadow

photographs can readily be taken : the time of exposure depends

on the intensity of the rays, and this depends on the discharge

through the tube and on the substances traversed by the rays in

their passage to the plate; the time of exposure required to

produce a photograph may vary from a few seconds to several

hours. The power of the rays to penetrate obstacles in their path

varies very much with the condition of the discharge tube from

which they originate ; when the pressure in this tube is not very

low, and the potential difference between its electrodes conse-

quently comparatively small, the rays have but little penetrating

power and are readily absorbed ; such rays are called ' soft rays.'

If the exhaustion of the tube is carried much further, so that the

potential difference between the electrodes is greatly increased,

the Rontgen rays have much greater penetrating power and are

called 'hard rays.' With a very highly exhausted bulb and a

large induction coil it is possible to get rays which will produce

appreciable effects after passing through sheets of brass or iron

several millimetres thick. The difference in penetrating power is

well shown by observing the changes which take place in the

shadow of a hand on a phosphorescent screen, as the pressure of

the gas in the discharge tube is gradually reduced. When first

the rays appear they are so ' soft ' that they are stopped by the

flesh as well as the bones, so that the bones are very indistinctly

seen ; when the exhaustion proceeds further the rays get harder,

and are able to penetrate the flesh but not the bones. At this

stage the difference between the shadow of the flesh and the

bones is most distinct ; when the exhaustion proceeds further the

rays get so hard that they are able to penetrate the bones as well

as the flesh and the shadow again becomes indistinct. Not only

may the rays from different discharge tubes be different, but even

the same bulb may emit at the same time rays of different degrees

of hardness. The property by which it is most convenient to

identify a ray is its hardness, and this is conveniently measured

by the amount of absorption when it passes through a layer of

aluminium or tinfoil of given thickness. Now in some experi-

ments made by the writer and M'^Clelland* on the absorption

produced when the rays passed through one layer of tinfoil after

* J. J. Thomson and M'Clelland, Proc. Camb. PJiil. Soc. ix. p. 126, 1899.



148-1-19] lONISATION BY KONTGEN RAYS. 293

another, it was found that the absorption produced by the first few

sheets of tinfoil traversed by the rays was much greater than

that (hie to the same number of sheets after the rays had ah'eady

travelled through several sheets of tinfoil. This shows that some

of the rays are readily absorbed by the tinfoil while others pass

through Avith much greater facility ; thus the first few layers of

tinfoil would stop the first kind of rays, while the remainder pass

through with comparatively little absorption. M'^Clelland showed

that if he took plates of different metals, the thickness of the

plates being chosen so that they gave the same absorption for the

rays from one tube, they would not necessarily give the same

absorption for the rays from another.

The Rontgen rays when they pass through a gas make it a

conductor of electricity, they ionise the gas* : the number of ions

produced in one second in one cubic centimetre of the gas by rays

of given intensity depends upon the nature of the gas, and upon

its pressure.

Effect of Pressure.

149. Perrin-f- has shown that the rate of production of ions

per cubic centimetre by rays of given intensity is proportional

to the pressure of the gas. He proved this by showing that

the saturation current through a given volume of gas was pro-

portional to the pressure. In his experiments the current passed

between two large plates of metal, care being taken that the

rays did not fall upon the plates; this precaution is necessary,

because, as we shall see, when the Rontgen rays ftxll upon metal

secondary rays are produced which ionise the gas, and complicate

the effects. It is also necessary to arrange the electric field so

that all the gas exposed to the rays—or at least every part of

it from which the ions can move to the electrodes—is under the

influence of an electric field strong enough to produce saturation,

for unless saturation is reached throughout the whole of the gas,

the current will depend upon the velocity of the ions under the

electric field as well as upon the number of ions produced ; as the

velocity of the ions increases as the pressure diminishes the

unsaturated current will diminish less rapidly with the density

* J. J. Thomson, Camh. Univ. Reporter, Feb. 4, 1896. Benoist and Harmozescu,

C. R. cxxii. p. 235, 1896. Righi, Arc. del Lincei (5), v. p. 143, 1896.

t Perrin, Annales de Chimie et de Physique [7], xi. p. 496, 1897.
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than the saturated one. In fact when the electric field is feeble

the current will increase as the pressure diminishes, for if n is

the number of positive or negative ions per cubic centimetre, q

the number of ions produced in one second in a cubic centimetre,

then (see p. 15) n = (q/a)^; the current under a small electric

force X is equal to neX (u + v), where e is the charge on an ion,

a and v the velocities of the positive and negative ions under unit

electric field. Now n is proportional to \/q, and therefore to sjp,

p being the pressure of the gas, since (see p. 19) a is independent

of p, while u and v are proportional to 1/p ; the current under

small electric forces will vary as l/\/p.

Effect of the Temperature of a Gas on the lonisation.

150. This was first investigated by Perrin*, who, using air,

came to the conclusion that if the pressure of the air was kept

constant, the total ionisation was between temperatures of —12° C.

and + 135° C. independent of the temperature, as the density of

the air when the pressure is kept constant varies inversely as the

absolute temperature, and as the ionisation when the temperature

is constant is directly proportional to the temperature, Perrin's

result would imply that the ionisation of air when the density is

constant must be directly proportional to the absolute temperature.

The more recent experiments of M'^Clung-f- have shown however

that for air, carbonic acid and hydrogen the ionisation when the

density is constant is independent of the temperature. M'^Clung

made two series of experiments in one series, the pressure as in

Perrin's experiments was kept constant, here the ionisation was

found to be inversely proportional to the absolute temperature ; in

the other series the density was kept constant, when the ionisa-

tion was found to be independent of the temperature. The range

of temperatures was fi^om 15° C. to 272° C.

The variation of ionisation with temperature has a very direct

bearing on the question as to what is the condition of the

molecules which are ionised by the Rontgen rays. We must

remember that it is only an exceedingly small fi:-action of the

molecules which are ionised by the rays ; even when the ionisation

is exceptionally large the proportion of the number of free ions to

* Perrin, Annales de Chiniie et de Physique [7], xi. p. 496, 1897.

t M<^Clung, Phil. Mag. [6], vii. p. 81, 1904.
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the number of molecules of the gas is less than 1 to 10'-. Thus if

all the molecules of the gas are equally exposed to the rays, since

the ionisation is confined to an exceedingly small fraction of the

number of molecules the molecules which are ionised must be in

some state very far removed from the average condition of the

molecules. One supposition which naturally suggests itself is that

it is only those molecules which possess an amount of kinetic

energy exceeding a certain value which get ionised by the rays

:

the following investigation however shows that in this case the

ionisation ought to vary much more rapidly with the temperature

than is consistent with the results of either M^Clung's or Perrin's

experiments.

For according to the Kinetic Theory of Gases the number of

molecules in a cubic centimetre which have velocities between

c and c + do is equal to

mo-

Vtt

where N is the whole number of molecules per unit volume, 6

the absolute temperature and m the mass of a molecule of the gas

;

hence if n is the number of molecules which have velocities

greater than c,

. mc-

n = -F= Nm^O ~ ^ I e ^ c'-dc,

Vtt J ci

or putting c^ = 6co-,

4
n = —=.Nm

Vtt

hence we have
Ve

dn 2 ,,- :.

^

Now since the number of molecules ionised is an exceedingly

small fraction of n, if these are the molecules having a velocity

greater than Cj, then e ~e~ must be very small, but when this is

the case n will increase very rapidly with 6; thus suppose

for a moment that e « is equal to 10"'", then if we double 6 the

value of every term in the integral in the expression for n would

be increased more than a million times, a result cjuite inconsistent

with the fact that n is independent of the temperature : hence we
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conclude that the few molecules that are ionised cannot owe their

ionisation to the possession of an abnormal amount of kinetic

energy; a similar objection would apply to the ionisation being

due to any property of the molecule whose frequency was given by

the Maxwell-Boltzmann Law of Distribution.

Another view that at first sight appears as if it might explain

the small amount of ionisation is that this is not due to the direct

action of the Rontgen rays on the molecules, but that these rays

act on the free ions, which, as the phenomenon of spontaneous

ionisation shows, are always present in small numbers, even when

the gas is in its normal state, the rays giving to these ions sufficient

kinetic energy to enable them to ionise the molecules of the gas

against which they strike. To express the results of this hypothesis

in an analytical form, let us suppose that the number of free positive

or negative ions per cubic centimetre is n, and that in consequence

of the kinetic energy given by the rays to an ion, each ion

produces &> other ions per second ; let the number of ions which

recombine in one second be om"^, and let /3 be the number of ions

produced per second from the spontaneous ionisation of the gas,

then when things are in a steady state we have

wn + ^ — Oin- = 0,

&) //S ft)-

2a V a 4a^

Since the number of ions produced by the rays is large compared

with that—V/S/a—due to the spontaneous ionisation /3/a must

be small compared with &)-/4a-, and we have approximately n = o)/a,

thus we should have a definite value for the number of ions in a

cubic centimetre of the gas. This view however leads to a result

which is not in accordance with the results of observation, for the

saturation current for a cubic centimetre of the gas is proportional

to the number of ions produced in one second in a cubic centi-

metre of the gas, i.e. con. Now this number being proportional to ?i,

the number of free ions, should be less in a strong electric field

than in a weak one, for in a strong field the life of the ion is

shorter than it is in a weak one, as it is rapidly driven out of the

gas against the electrodes ; hence if the view we are discussing

were the true one, the current through a gas when the electric

field is strong ought to diminish as the strength of the field



150] lONISATlON BY RONTGEN RAYS. 297

increases ; as this is not the case we conchide that the ionisation

cannot be produced in the way we have been considering.

Other possible explanations of the small number of molecules

dissociated by the rays are (1) that the rays are of such a kind

that only a small fraction of the molecules are exposed to the full

force of their influence : that if, for example, we consider a plane

at right angles to the direction of propagation of the rays the

energy is not distributed uniformly over this plane, but that the

distribution of energy has as it were a structure, although an

exceedingly fine one, places where the energy is large alternating

with places where it is small, like the mortar and bricks in a wall

;

thus if the places where the energy is intense enough to produce

ionisation of a molecule occupied but a small fraction of the area

of the plane at right angles to the rays, the rays would be able to

pass through a gas and yet only a snaall fraction of the molecules

would be exposed to their maximum influence, just as is the case

when a beam of cathode rays passes through the gas; we shall

return to this point when we consider the nature of the Rontgen

rays. Another view which might be taken is that all the molecules

of a gas, even though this gas may be like hydrogen an element,

are not of the same kind, and that mixed with the ordinary mole-

cules we have a few which are of such a kind as to be very easily

ionised, and that the number of molecules of this kind, which

are practically molecules of a different gas, is not given by

Maxwell's law of distribution. The idea that even a gas is not

uniform in composition, but contains, as it were mixed with it,

small quantities of other gases—not necessarily as impurities due

to its method of preparation but as an essential constituent of it

—

may appear at first stating so opposed to the ordinary facts of

chemistry as not to be worthy of discussion. We may however

point out that the quantities of such gases, if we may take the

ionisation as their measure, are so small as to be utterly beyond

the power of chemical analysis to detect, so that it cannot be

by chemical considerations that the truth or falsehood of this

hypothesis can be decided.

Another explanation of the smallness of the number of mole-

cules ionised is that the ionisation of an atom is determined by its

internal condition ; we have reason to believe that the atoms of the

elements possess large stores of internal energy and that the
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amount of this energy does not vary appreciably with the tem-

perature. We may reasonably expect considerable variation in

the energy stored in individual atoms, a small number possessing

amounts of energy differing considerably from the average amount
possessed by the other atoms, if the atoms with the abnormal

amount of internal energy were much more nearly unstable than

the normal atom, then it might easily happen that only the

abnormal atoms would be ionised, and as these are only a very

small fraction of the whole number of atoms it follows that the

number of ions will only be a very small fraction of the number

of atoms.

lomsation of Different Gases.

151. When Rontgen rays of the same intensity pass through

different gases at the same pressure, the amount of ionisation

depends greatly upon the nature of the gas ; the number of ions

produced, measured by the saturation current, is least in hydrogen,

and, for the gases hitherto tried, greatest in the vapour of methyl

iodide : it is also exceedingly large for mercury vapour : the

relative values of q—the number of ions produced in one second

in a cubic centimetre of the gas at atmospheric pressure and

temperature—are given in the following table. The number for

air is taken as unity.

Gas

3

Gas

q

Perrin*
^"tlier-

^^''"''
fordt

Thom-
son}

Perrin
Kuther-
ford

Thom-
son

N2

CO2
CO
NO
N.,0

•026

1^34

1-3

•5

•9

1^2

1-2

•33

•89

1^1

P4
•86

1-08

1-47

C2N2
^2112
H2S
SO,
HCl
CI,

NH3

8

•1?

6

4

11

18

1^05

1

6
6-4

8-9

17-4

1?

We see that though the results of different observers are in

fair agreement for most gases, for hydrogen they are very dis-

cordant. We must remember that different observers used raya

* Perrin, Annales de Physique et de Chiviie [7], xi. p. 496, 1897.

t Rutherford, Phil. Mag. v. 43, p. 241, 1897.

: J. J. Thomson, Proc. Camb. Phil. Soc. x. p. 10, 1900.
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of different degrees of hardness, and that it is probable that the

relative ionisation in two gases depends upon the kind of rays used

to ionise them. Recent experiments made by M^^Clung* and by

Eve"f* have shown that the relative amount of ionisation in different

gases does depend to a very large extent upon the quality of the

rays by which the ionisation is produced. Thus M'^Clung obtained

the following results.

Name of gas

Relative ionisation

Density of gas

Soft rays Hard rays

Air
Hvdrosfeu

1

•105
1

•177
1

•0693

Ml
153
219

Oxygen 1-3 M7
Carbonic acid

Sulphm- dioxide iro5
1-33

4^79

In the following table the relative ionisation for soft rays as

determined by Strutt;}: are compared with those for very hard rays

as determined by Eve.

Gas

Relative ionisation

Density

Soft rays (Strutt) Hard rays (Eve)

Hydrogen •114

1-00

1-39

1-60

1^05

7-97

31-9

72-0

45-3

•42

1^0

2-3

4-6

13-5

4-9

•9

0693
1^00

l^ll

V53
1^86

2^19

4-32

5^05

531
M8

Air
Oxygen
Carl)on dioxide

Cyanogen
Sulphur dioxide

Chloroform
Methyl iodide

Carl)on tetrachloride ...

Sulphiu'etted hydrogen

Thus with the hard rays the ionisation is in man}' cases very

much more nearly proportional to the density than with soft rays,

hydrogen is however a notable exception to this law as it departs

* M'-Clung, Phil. Miuj. [I)], viii. p. Hf)?, 1!)04.

t Eve, PhU. Mag. [6], viii. p. 610, 11104.

+ Strutt, Proc. Itoy. Soc. 72, p. 209, 1903.
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much more from the density law with hard rays than with soft.

With the 7 radiation from radium, which is much more penetrating

than any radiation we can obtain by electrical discharges and

which we have reason to believe is of the nature of Rontofen

radiation, the ionisation in different gases is with the exception of

hydrogen very approximately proportional to the density of the

gas. The anomalous behaviour of hydrogen with regard to Ront-

gen rays is one that might well repay further investigation ; it is

also to be noticed that the refractive index for hydrogen is ab-

normally large for a gas with so small a density.

152. The gases in which the ionisation is large have also large

refractive indices, it does not however seem that a large refractive

index necessarily implies large ionisation ; for example, the re-

fractive index of acetylene C2H2 as determined by Mascart is very

nearly the same as that of sulphuretted hydrogen HgS, yet the

ionisation in the H^S is about six times that in CoHo- The

ionisation by soft Rontgen rays does not seem to be closely

connected "with the density of the gas ; thus the density of H.S is

a little greater than that of O.. and considerably less than that of

CO2, yet the ionisation in either of these gases is small compared

with that in H2S. In other cases of ionisation .such as that due

to radiation from some radio-active substances, or to the passage of

cathode rays through a gas, we shall see that the ionisation is much
more closely connected with the density of the gas, being (except

in the case of hydrogen) directly proportional to the density.

153. The writer* pointed out that the measurements given

in the table on page 298 indicate that the ionisation of a gas is

approximately an additive property, i.e. if 2 [A] is the value of q

for a gas A2, 2 [B] the value for a gas B.^ and so on, then the value

of q for a gas AiB^JJ^ will be Z [J.] -|-m [jB] + ?? [(Tj. Thus if we
use the numbers given in the third column of the preceding table

for H2, N2, O2, CO2, SO2, and CI2 to determine the values of 2 [H],

2 [N]. etc., we find

[H] = -165, [C]= -3,

[N] = -445, [S] = 5-3,

[0] = -o5, [CI] = 8-7.

The amounts of ionisation for these elements are in the same

order as their atomic weights. If we use these numbers to

* Loc. cit.
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calculate the ionisation in the other gases in the table using the

additive rule we get the following results.

Gas
Ionisation

observed

Ionisation

calculated
Gas

Ionisation

observed
Ionisation

calculated

CO
NO
N2O
CNo

•86

1-08

1^47

1-05

•85

995
1^44

1-49

C,H2

HCl
NH,

I

6
8-9

1

•93

5-63

8^86

•94

Thus except in the case of C.N., the agreement is within the

limits of the errors of experiment.

Connection between the absorption of the rays by a gas and

the ionisation produced in a gas by tJte rays.

154. The rays are absorbed by gases through which they pass,

the amount of this absorption has been measured by Rutherford*,

w^ho used for this purpose the apparatus represented in Fig. 68.

Fig. 68.

Two large similar conical vessels ABC, A'B'C, much larger at

the top than at the bottom, were placed in such positions

that the axis of each cone passed as nearly as possible through

the anode of the tube producing the Rontgen rays. The upper

parts of the vessels AB, A'B' were made of lead, and were

separated from the lower portions, which were made of glass,

by thin plates of ebonite, similar plates covered the ends of

the glass cylinders at C and C", so that the vessels BC, B'C

* Eutherford, Fhil. Man. v. 43, p. 241, 1897.
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were air-tight and could be exhausted when required. The
intensities of the rays after they had passed through the glass

cylinders were measured by determining the saturation currents

through the lead cylinders AB, A'B'. Insulated wires DE, D'E'

were used as the electrodes, these were connected with opposite

pairs of quadrants of an electrometer, both initially charged to

the same potential. The outsides of the vessels AB, A'B' were

connected with the earth. The position of the bulb giving the

rays was adjusted so that when the glass vessels BC, B'C were

filled with air at the same pressure the needle of the electrometer

remained at rest when the rays were passing through the vessel

;

this showed that the potentials of each pair of quadrants were

falling at the same rate, and therefore that the currents through

the vessels AB, A'B' were equal. If the gas were removed from

one of the vessels BG, B'C or another gas introduced, the balance

was disturbed, thus showing the absorption of the rays by the gas

in the vessel. If we assume that the energy absorbed when the

rays pass through unit length of the gas is equal to \I, I being

the energy in the rays, then the change hi in the intensity when
the rays traverse a distance hx is given by the equation

SI= — XlSx,

I^Le-^\or

where /q is the intensity of the rays when x = 0. Thus if I is the

length of path of the rays through the vessel BG, the ratio of the

intensity of the radiation in AB when BG is full of a gas whose

coefficient of absoi-ption is X,, to the intensity when BG is exhausted,

is equal to e"'^ in this way X can be determined. Rutherford found

Gas X 3 Gas X 1

Hydrogen
Air
Oxygen \

Niti'ogen [

Coal gas
1

Carbon dioxide)

small
•001

about
•001

•5

1

1^2

•9

•8

1-2

Sulphur dioxide

Sulphuretted hydrogen
Hydrochloric acid

chlorine

•0025

•0037

•0065

•0095
•1

•07

4
6

11

18
Mercury vapour
Methyl iodide

that for air X is about 10~^, so that the rays lose about 1 per cent,

of their energy in passing through 10 cm. of air at atmospheric

pressure ; about 7 cm. of mercury vapour at atmospheric pressure

and at the temperature of boiling mercurj' reduced the intensity
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of the rays to about |. The values of \ for different gases are

^iven in the table. The third column of this table contains the

relative values of q—the number of ions produced in each volume

in unit time by rays of equal intensity.

These numbers show that good conductors under the rays are

^ood absorbers of the radiation : if the conductivity were pro-

portional to the radiation, i.e. if q/X were constant, then if the

whole of the radiation were absorbed by a gas the number of ions

produced would be independent of the nature of the gas. For

if /fl is the initial intensity of the rays the intensity after they

have passed through a distance x of the gas is /q^ "'^^, hence the

number of ions produced in unit time in the space dx is pro-

portional to qIo€~''-^, thus the total number of ions produced in the

gas in unit time is proportional to

qloe-^"",

and this is equal to qlo/X : if q/\ is the same for all gases the

total number of ions produced by rays of given intensity will be

the same. The numbers given above for q/\ show considerable

variations in the different gases : the discrepancies however chiefly

occur in the gases for which X, is very small, and in which the

errors of experiment are necessarily large.

Rutherford and M'^Clung* have recently made very careful

comparisons of the values of X for carbonic acid and air; they

found the ratio for the two gases was 1"59, for the ratio of the

currents they found 1'43, but they consider the current through

the carbonic acid was not quite saturated. I found the ratio of

the currents through the two gases to be 1"53, which is very nearly

the ratio of the absorptions. The value of \ depends upon the

character of the rays, for hard rays it is very much smaller than

for soft ones, thus the value of X, for air in Rutherford and

M^Clung's experiments was only about one-quarter of the value

in Rutherford's earlier experiments in which softer i-ays were used.

In the case of the radiation from uranium—which is much more

easily absorbed than Rontgen rays— Rutherford f has shown that

when all the radiation is absorbed by a gas, the total amount of

ionisation is approximately tii(! same in air, hydrogen, oxygen,

* Rutherford and M'Clunt,', Pliil. Trdiis. A, cxcvi. p. 25, 1901.

t Rutherford, Pliil. Man. v. 47, p. 101), 1899.
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carbonic acid gas, and coal gas. Laby has recently investigated

the total amount of ionisation produced by these rays in a large

number of gases and found considerable variations in the amount

produced in different gases, thus in SO.2 it was "57 and C5H12

1"84 times that in air.

Langevin* found that when the 'soft' Secondary Rontgen

Radiation (see p. 312) was entirely absorbed by air, hydrogen, coal

gas, carbonic acid gas, and sulphuretted hydrogen the relative

numbers of ions produced was as follows:

Gas Total ionisation

Ho 19
21-6

23
23-2

30

Air
Coal gas

CO2
H2S

The difference in these numbers seems greater than can be

accounted for by errors of experiment.

The absorption depends upon the pressure of the gas : using

the vapour of methyl-iodide, Rutherford has shown that down to

a pressure of a quarter of an atmosphere the absorption is pro-

portional to the pressure.

155. Benoistf concludes from experiments on the vapours of

bromine and iodine, of ethyl-bromide and methyl-iodide, that the

absorption produced by a given mass of a substance is independent

of its physical state ; that, for example, the vapour of a volatile

liquid or solid absorbs the same amount of radiation when in the

gaseous state as when condensed into a solid or liquid.

Benoist introduces a quantity which he calls the coefficient of

transparency of the substance ; it is the weight in milligrammes

of a prism of the substance on a base one square centimetre

in area, which produces the same absorption as a standard prism

of paraffin-wax 75 mm. long, when the rays travel along the

axes of the prisms. He has proved the very important law, that

if we have a mass if of a substance whose transparency is E made

up of masses M^, M^, M3..., of substances whose coefficients of

* Langevin, Annales de Chimie et de Physique [7], 28, p. 289, 1903.

t Benoist, Journal de Physique [3], x. p. 653, 1901.
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transparency arc E^, E.,, E^..., then, whether the substances are

mechanically mixed or in a state of chemical combination,

M Al, M, M,
e^e.-'k + e.^

<i>

I think the meaning of this law is made clearer by the intro-

duction of a quantity which we may call the molecular absorption

of the substance, i.e. the absorption produced by one molecule of

the substance, and which is connected with the Benoist coefficient

as follows : sujDpose that the mass of a molecule is ni, and that in

Benoist's prisms there are N molecules, then Nvi = c . E, where c is

a constant ; by the definition of E these N' molecules produce a

given amount of absorption ; hence if a is the absorption due to

one molecule Na = G, where C is a constant ; hence we see that

m

where X does not depend on the nature of the substance. Let us

now express Benoist's law in terms of the absorption a. If there

are Nj molecules of the first substance, N.^ of the second, and so on,

and — = N\a
;E '

thus equation (1) becomes

iYrt = N^i^ + Nmo + ^-iU-i + . . .

.

This is equivalent to the statement that the absorption of any

substance is equal to the sum of the absorptions of the individual

molecules in that substance, the absorption due to any molecule

being independent of the nature of the chemical compound of

which it forms a part or its physical state. Benoist states that

the absorption does not depend upon the temperature. The
absorption of a body for the Rontgen rays is thus an additive

property.

There is a very close connection between the absorption of

an element and its molecular weight; this is shown by the curve

in Fig. 69 (taken from Benoist's paper) in which the ordinate's

represent the equivalents of transparency of the elements, the

abscissae the molecular weight; it will be seen that the curve

is quite a smooth one, in every case the transparency diminishes

T. G. 20
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as the molecular weight increases. From this it follows that the

molecular absorption increases more rapidly than the molecular

weight. Having got the curve connecting the transparency with

30
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'

:

;'^'\

00

> Si

1

1 .,,.

\
50

A:

\ \

\ \ \^ :u

\

\ ^cv

.

,^<^ fff

40 \

100 150

Fis. 69.

the molecular weight, it is evident that we have the means of

determining the molecular weight of a substance by measuring

its transparency to Rontgen rays when in a pure state or when

combined with elements whose transparency is known. Benoist has

applied this method to determine the molecular weight of indium.
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From Benoist's results I have calculated the following relative

values of a for some of the elements which often occur in gaseous

compounds.

Substance a Substance a

0.,

N2
C2

•36

•27

•17

S2

Br,

2-8

4

47

Knowing a for these gases we can calculate the absolutions of

the gases measured by Kutherford (see page 306), the results are

given in the following table :

Gas a (Benoist) \ (Rutherford) «/\

O2 •36 •001 360
CO2 45 •001 450
SO, 1-76 •0025 700
H2S 1-4 •0037 378
HCl 2 •0065 301
CI, 4 •0095 420

In calculating the numbers in the second column I have

neglected the absorption due to the hydrogen in the compound,

as this is too small to be accurately determined. Benoist showed

that the relative values of a depended upon the nature of the rays;

indeed with the very penetrating y rays from radium, E is a con-

stant and a directly proportional to the atomic weight ; taking this

into account Rutherford's results are in fair accordance with

Benoist's law except in the case of SO.j.

The question arises whether the energy absorbed by the gas is

wholly accounted for by the work spent in ionising the gas or

whether part of the energy of the rays is directly transformed into

heat and energy in the gas without the intervention of ionisation

:

if the ions are allowed to recombine, the work spent in ionisation

will ultimately appear as heat energy in the gas ; this would

however not necessarily be the case if the ions were driven out of

the gas by a strong electric field. The evidence is, I think, in

favour of the view that the ionisation of the gas is only accountable

20—2
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for a small part of the loss of energy. Rutherford and M'Clung*

have calculated the work necessary to ionise a molecule of the gas

on the assumption that all the loss of energy in the rays was due

to the ionisation of the gas; on this hypothesis they found the

work necessary to ionise a molecule of air was equal to the work

done on the ionic charge when it fell through a potential difference

of about 175 volts, this is very much larger than the value of the

same quantity, about two volts, obtained by H. A. Wilson and

Townsend by different considerations. Combining these results

we conclude that only about 1/80 of the energy of the rays is

expended in the ionisation of the gas, the rest being converted

into heat. Barkla (see p. 326) has shown that the loss of energy

when the rays go through a gas is due much more to the scattering

of the rays than to work spent in ionisation.

Secondary Rontgen radiation.

156. When the Rontgen rays pass through a substance they

cause it to emit Rontgen rays—called secondary rays—which in

many cases are different in character from the rays—primary rays

—which produced them. These secondary rays are produced by

solids, liquids and gases. Perrinf observed that when the rays

struck a metal plate, more ionisation was produced than if rays of

the same intensity passed through the air without coming into

contact with the plate. He arranged two pairs of parallel plates

so that the same volume of gas was exposed to rays of the same

intensity between each pair of plates, in the one pair however

the rays passed between the plates without touching the metal,

while in the second pair the rays were incident normally on one

of the plates; he found that the saturation current was always

greater for the second pair of plates than for the first, the excess

depending on the metal struck by the rays. If this plate were

made of gold, zinc, lead or tin, the difference was considerable, if

it were made of aluminium it was only small, while it was quite in-

appreciable if the plate were wet with water, alcohol or petroleum.

Sagnac:|: has made some experiments which show very clearly-

the existence of these secondary rays ; the method he used ia

* Rutherford and IV^Clung, Phil. Trans, cxcvi. p. 25, 1901.

t Perrin, Annales de Chimie et de Physique [7], xi. p. 496, 1897.

+ Sagnac, ibid. [7], xxii. p. 493, 1901.
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shown in Fig. 70 a and /S ; in the experiment represented in

Fig. 70 a the secondary rays were detected by their action on a

photographic plate, in that represented in Fig. 70 yS by their action

in discharging a gold-leaf electroscope. L is the bulb producing

Fig. 70,

the primary rays, EE a thick lead plate to screen off these rays

from the photographic plate or the electroscope, MM the plate

struck by the primary rays and emitting the secondary ones, ee in

Fig. 70 a the photographic plate ; the electroscope is covered with

a metal case connected with earth to screen off from the gas

exposed to the primary rays the electric field due to the charged

gold-leaves, the secondary rays entered this case through a thin

aluminium window. The electroscope was discharged and the

plate affected even when MM was made of comparatively light

and transparent substances, such as paraffin, ebonite, sulphur, or

aluminium, while a greater effect was produced by heavy sub-

stances. A small effect is produced even when the plate MM is

absent, this is due to the secondary rays emitted by the air; the

secondary rays emitted by air were first observed by Rontgen*,

who detected them by the luminosity they jjroduced in a phos-

phorescent screen.

157. Sagnac {loc. cit.) showed that the secondary rays were not

diffusely reflected primary raysf; ho did this by proving that the

* Riintgeu, Wied. Ann. Ixiv. p. 18, 1898.

t Barkla has shown that this is only true when the substance giving rise to the

secondary rays is one of considerable atomic weight.
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secondary rays were much more easily absorbed than the primary

ones. The method he used for this purpose is shown in Fig. 71.

The primary rays from the bulb I passed through two openings

ah, cd in the lead plates E^E^ , E.Eo ; the secondary rays from the

plate LL passed through a hole in a lead plate E^E^', then through

a thin aluminium window into the electroscope C. A plate of

aluminium ^^ is placed, first in the path of the primary rays and

the rate of leak observed, it is then removed from the path of the

primary rays and placed at A'A' in the path of the secondary

rays, and the rate of leak again observed ; the rate of leak in the

latter case is always less than that in the former, showing that the

secondary rays are more absorbed by the plate than the primary

ones. If t is the time taken by the gold-leaves to fall through a

certain angle when the plate is at AA, t' the time when the plate

is at A'A', then if c = (^' — t)lt, c is called by Sagnac the coefficient

of transformation of the rays. This coefficient depends upon the

nature of the plate LL ; it is much smaller when the plate is made

of light substances such as aluminium or paraffin than when it is

made of heavy ones such as gold or lead: this shows that the

secondary rays emitted by light substances, although not so

numerous, are more penetrating than those emitted by heavy ones.

Sagnac also showed that when the distance of the electroscope

from the plate LL was increased, a much greater diminution was

produced in the rate of leak when the plate LL was made of lead
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than when it was made of zinc or copper, showing that a con-

siderable proportion of the secondary rays from lead were absorbed

by a few centimetres of air.

158. Some very interesting experiments on the secondary

rays were made by Townsend*, who used the method represented

in Fig. 72. The bulb producing the rays and the induction coil

Fig. 72.

by which it was worked were placed inside a box covered with

lead, having one aperture at A through which the rays passed up

through a lead tube to prevent them from spreading out laterally.

C is a cylinder of wire-gauze containing an axial electrode G.

The gauze was connected with one terminal of a battery of small

storage cells, the other terminal of which was put to earth, the

electrode G was connected with an insulated pair of quadrants of

an electrometer. The potential difference between the gauze and

the electrode G, 85 volts, was sufficient to produce the saturation

current. The substance emitting the secondary radiation was

placed at D and measurements were made (1) when the secondary

radiation passed through nothing but air, (2) when it passed

through a plate of aluminium "25 m. thick. The results are

contained in the following table; the numbers being the deflection

of the electrometer in 10 seconds.

This table shows very clearly the different kinds of radiation

given out by different substances ; thus the radiation from brass,

* J. S, Townsend, Proc. Camb. Phil. Soc. x. p. 217, 189U.
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zinc, and copper is almost completely stopped by the aluminium,

while the radiation from other substances passes through it com-

paratively easily. The secondary radiation was found not to be

Radiator
(substance

placed at D)

Eays
passing
through

Air

^^y^ Eadiator
passing

! (,,,bstance

^^'^^f'
' placed at Z))

Eays
passing
through

Air

Eays
passing
through

Al

Air
Aluminium ..

Glass
Lead

2

6
7-5

24

1 i
Solid Paraffin

3'5 Brass
30
66
68
70

1.5-5

2-5

3
2-5

3 Zinc
6 Copper

much affected by the state of the surface of the body, thus the

radiation from polished brass was only 2 or 3 per cent, greater

than from brass coated with oxide : if the brass was covered with

wet filter-paper the deflection of the electrometer was reduced

from 66 to 46. The secondary radiation is not merely a surface

effect, the radiation comes from a layer of the substance of appre-

ciable thickness. This was proved by covering a plate of aluminium

with a thin layer of paraffin ; the radiation was reduced to about

one-sixth of the amount from a solid block of paraffin. With denser

substances such as lead the layer from which the secondary radia-

tion comes will be much thinner than for a light substance like

paraffin. In the first place the primary rays can only penetrate to

a very small depth below the surface, and in the second place the

secondary rays being so much more easily absorbed will only be

able to pass through a small fraction of the thickness penetrated

by the primary rays. Thus the thickness of the layer from which

the radiation comes will always be much less than the thickness

which can be penetrated by the primary rays. The arrangements

in the preceding experiments were such that the only radiation

which would affect the electrometer was that which had passed

through several centimetres of air. Townsend showed that in

addition to this there was also secondary radiation which was

absorbed by a layer of air a few millimetres thick.

The arrangement used for this purpose is shown in Fig. 73.

It was arranged to find the saturation-current between two

circular plates A and B, 4-8 cm. radius, for different distances

between the plates; if there were no secondary radiation this

current would be proportional to these distances.
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The primary rays passed through a hole M in a lead plate and

then through a hole N in another lead plate on which the lower

plate BB, which was made of aluminium, rested. After passing

through N the primary rays passed through the air and fell on

Fig. 73.

the plate A A, whose distance from B could be adjusted by means

of a screw. A series of experiments were made with plates of

different materials at A, the plate B was an aluminium one

throughout the experiments ; the results of the experiments are

given in the following table : t is the distance between the plates

in millimetres, and the numbers in the other columns are propor-

tional to the saturation-currents in the various cases. The
composition of the upper plate is given in the first row in the

table.

t Brass Cu Zn Al

1 5.5 54-4 49 15

2 81 84 66 23-7

5 109-5 107-5 87 40-8

10 126 128 103 57
15 142 144 119 73

If there were no secondary radiation the 2, 3, 4 and 5 columns

should be identical, and the numbers proportional to the distance

between the plates. Let us take the case of brass, then when the

distance between the plates is 15 mm., the number of ions pro-
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duced is proportional to 142; when the distance between the plates

is reduced to one millimetre, the number of ions is not reduced to

1/15 but to 1/2-6 only, showing that there are relatively a great

many more ions in the millimetre of air next the brass plate than

there are in the layers of air at a considerable distance away from

it. We see from the table that the ionisation in the millimetre

of air nearest the metal is proportional to 55, in the next milli-

metre it is 26, the average in the next three millimetres is 9'5,

in the next five 3-5, and in the last five 3-2: thus by far the greater

part of the secondary radiation is absorbed by a layer of air 2 milli-

metres thick, this part of the radiation would be all absorbed by
the air between the plate and the cylinder in the experiment

shown in Fig. 72, so that the numbers obtained by the use of

this instrument relate to a different class of rays from those

detected by the parallel plates. The curves in Fig. 74, taken

from Townsend's paper, give a good idea of the rapidity with

Fig. 74.

which the ionisation diminishes as the distance fi-om the metal

surface increases ; the ordinates in the curves are proportional to

the total amount of ionisation up to a distance from the plate

represented by the abscissae. If S is the ratio of the number of

ions produced by the easily absorbable secondary rays in the air to

the number of ions produced by the primary rays when they

traverse a layer of air 1 cm. thick, then Townsend found that for

copper S = 2-5, for zinc ;S^=l-84, for aluminium ^ = -4: these

numbers are considerably larger that those previously obtained

by Perrin, and this and the difference between these results
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and those obtained by Sagnac indicate that the character of

the secondary radiation depends very largely upon that of the

primary. This has been shown directly by Langevin, who found

that with primary rays of varying penetration he got values of S

ranging from 4'4 to 167, the larger values corresponding to the

more penetrating primary rays. H. S. Allen* has compared the

number of ions produced by the secondary ionisation with those

which would be produced if the primary rays were entirely absorbed

by the gas ; using brass as the metal and sulphuretted hydrogen as

the gas, he found that the number of ions produced by the

secondary radiation coming out of the brass was about 1/2000

of the number which would have been produced if the primary

rays had been absorbed by the sulphuretted hydrogen. We must

remember that most of the secondary radiation is absorbed in the

brass and does not emerge.

159. The effect of the secondary ionisation has to be taken

into account in all investigations on the relation between the

ionisation and the pressure. Thus suppose we were investigating

the relation between the saturation-current and the pressure, the

current passing between two parallel plates, one of these being

exposed to the primary rays and giving out secondary' radiation.

The secondary radiation is absorbed within a short distance from

the plate, and though wdien we diminish the pressure we increase

this distance the total amount of ionisation wall not be affected

until the pressure gets so low that the secondary rays can travel

from one plate to the other. Thus if »S* is the secondary aud P
the primary ionisation, the latter is proportional to the pressure j),

equal say to ap, then, until the pressure gets so low^ that the

secondary radiation extends from one plate to the other, the satu-

ration-current will be proportional to S + ap; thus if the secondary

ionisation is large compared with the primary, there will be at first

very little change in the saturation-current due to a change in

pressure ; when the pressure gets so low that the secondary

radiation is not nearly absorbed between the plates, then both

secondary ionisation and primary ionisation, and therefore the

saturation-current, will be projjortional to the pressures.

160. The easily absorbed radiation given out by a metal plate

when struck by Rontgen rays consists partly at any rate of

* H. S. Allen, Fhil. Mag. vi. S, p. 1'2(), 1902.
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negatively electrified particles, i.e. cathode rays. The cathode

rays can be distinguished by being deflected by a magnetic field,

and by carrying with them a charge of negative electricity so that

the metal plate from which they start would, if insulated, acquire

a charge of positive electricity. Dom * has shown that rays which

can be deflected by a magnet are emitted by plates of lead and

platinum, and to a smaller extent by plates of copper and zinc

when exposed to Rontgen rays. The direction of the deflection

is the same as that of cathode rays coming from the metal. Curie

and Sagnacf have shown that the metal plate emits negative

electricity and acquires a positive charge ; in order to demonstrate

this effect it is necessary to work in a good vacuum, as if the

plate is surrounded by air at an appreciable pressure, the con-

ductivity of the air due to the primary and secondary radiations is

so great that any charge on the plate leaks away before it can be

observed. One of the methods used by Curie and Sagnac to

demonstrate the charge on the plate is sho'WTi in Fig. 75.

c

'i.

Fig. 75.

A thin piece of metal M is insulated and connected with one

pair of quadrants of an electrometer; M is enclosed in a metal

box ABCD which is connected with the earth, the lower face

of the box is pierced with windows closed with thin foil of the

same material as the box ; the bulb I which produces the rays is

* Dorn, Abhand. d. natiirf. Ges. zu Halle, xxii. p. 39, 1900, Beiblatter, 24, p. 572.

t Curie and Sagnac, Journal de Phijsiquc [4], i. p. 13, 1902.
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enclosed in a box covered with lead. When the plate M and the

box ABCD are made of different metals, then at atmospheric

pressure the conductivity of the air is considerable, and the

arrangement acts like a galvanic battery, a potential difference

equal to the contact difference of potential being established

between M and the box ; as we exhaust the air from the box this

difference remains at first unaltered, but when a very good vacuum

is obtained the potential difference is greatly increased; thus when

the plate M is made of platinum and the box of aluminium. Curie

and Sagnac found that at atmospheric pressure M was positive to

the box by less than 1 volt, but at a high vacuum the potential of

31 was greater than that of the box by about 30 volts. This

shows that the platinum emits more negative electricity than it

receives from the aluminium. If the plate M is aluminium, and

the box platinum, the plate acquired a negative charge. Curie

and Sagnac showed that the penetrating power of these negatively

charged rays was of the same order as that of the Lenard rays,

a piece of aluminium foil about '46 x 10~^ cm. thick reducing the

stream of negative electricity by about 40 per cent. : from this we

may conclude that the velocity of the secondary rays is of the

same order as that of cathode rays in a highly exhausted tube,

say between 10^ and 10'" cm./sec. Dorn* has measured the mag-

netic deflection of these rays and finds velocities varying from

1-8 X 10^ to 8'5 X 10" cm./sec, the values depending upon that

assumed for e/m.

We may compare the effects produced when Rontgen rays fall

on a metal plate with those produced by the incidence of ultra-

violet light ; in both cases cathode rays are emitted by the metal.

The secondary Rontgen rays may be compared with the reflected

light or perhaps with greater accuracy with the phosphorescent

light given out by certain substances under the influence of

ultra-violet light ; for while the reflected light is of the same

quality as the incident light, the secondary Rontgen rays are not

of the same nature as the primary rays, part at least of the

secondary rays being much more easily absorbed than the

primary ones.

On account of the great absorption of the secondary and

cathode rays, the layer from which they come nmst be very

* Dorn, Loreiitz Jubilee Volume, p. 595, 1900.
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•close to the surface : thus suppose AB is the face of a metal

plate on which Rontgen rays are incident, let the primary rays

penetrate to CD, then all the metal between AB and CD will be

emitting secondary and cathode rays, but it is only the secondary

rays which come from a thin layer ABEF which escape extinc-

tion before reaching the surface, and as the cathode rays are still

more easily absorbed it is only those from a still thinner layer

ABEF' which emerge into the air.

The amount of secondary radiation which emerges from the

metal is but a small fraction of that developed by the primary

radiation, the greater part of the secondary radiation produced in

the metal is absorbed before it emerges from the surface. To cal-

culate the proportion between the amount of energy which emerges

and the whole amount produced we may proceed as follows. Let

7 be the coefficient of absorption in the metal of the primary rays,

then if I^ is the intensity of these at the surface, their intensity at

a depth x will be equal to Ioe~^^; let the energy of the secondary

radiation emitted by a stratum of metal between x and x -\- dx be

pIoe~y^dx, if /3 is the coefficient of absorption of the secondary rays,

the energy of this radiation when it emerges from the metal will be

I pl,,e-y'e-^''dx,

thus the total energy in the emergent rays is

'The total amount of energy in the secondary ionisation is

vlA^e-y^^dx^^.
Jo 7

Thus the energy in the rays which emerge bears to the whole

energy the ratio of 7 to 2 (7 + /3). The ionisation due to the

whole of the secondary rays would therefore be 2 (7 4- ^)/y times

the ionisation observed in the experiments described in Art. 158.

Let us compare this with the total amount of ionisation which

would be produced if the primary radiation were entirely absorbed

in the gas. If / is the ionisation produced per cm. of path by

the primary radiation the total amount of ionisation which would

be produced if all the primary radiation were absorbed is I/j', 7'

being the coefficient of absorption of the primary rays in air.
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Thus if No and N are respectively the number of ions produced

by the absorption of all the secondary rays and primary rays,

/' the number of ions produced by the secondary rays which

emerge from the plate,

No 7
N I

/

7

As the secondary rays are much more easily absorbed than

the primary, ^ is large compared with j, so that approximately

No_2ir
N~ 7 I

'

y

Now when the density of the absorbing medium is increased

the absorption of the soft rays is in general increased in a greater

proportion than that of the hard, hence if /3' is the absorption

coefficient of the secondary rays in air,

7 7'
'

No ^ 2/3' /'
thus F > V 7

7'

>2/3'~.

From the results quoted on page 318 we see that for copper

/'// = 2'54, while since the secondary rays are nearly absorbed by

a, layer of air 2 mm. thick /3' will be greater than 5. Thus

N

so that the secondary rays are capable of producing many more

ions than the primary. Hence either the primary rays when they

pass through heavy metals give rise to a liberation of energy, as is

done for example by light waves when they pass through a mixture

of hydrogen and chlorine, or else the proportion of the energy of

the secondary radiation spent in ionisation is much larger than

that for the primary rays. There are some grounds for believing

that both these effects occur. We know that only a small fraction
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of the energy of the primary rays is used up in ionisation and that

this fraction diminishes as the hardness of the rays increases, while

part at least of the secondary radiation consists of cathode rays,

and we should expect that a larger proportion of the energy of

cathode rays than that of Rontgen rays would be used up in ionisa-

tion. There is, however, evidence in favour of the view that in

some cases there is a liberation of energy when Rontgen I'ays pass

through matter. Bumstead has measured the amount of heat

developed in lead and zinc when they absorb equal amounts of

energy from Rontgen rays, and he finds that the heat developed

in the lead is about twice that in the zinc. In his experiments

the surfaces of the lead and zinc were covered with aluminium

foil so that losses of energy due to heat radiation, and secondary

Rontgen radiation, might be the same in the two cases. Thus

if there was no liberation of energy the heating effect should be

the same in the two cases. The very marked difference points to

a liberation of energy at any rate in the case of the lead. This

is a most interesting and important result, as it suggests that

Rontgen rays may furnish a means of tapping the stores of inter-

atomic energy. The phenomena of radio-activity lead us to the

conclusion that the amounts of energy stored in the atoms of the

elements is enormously greater than that liberated when these

atoms take part in any known chemical reactions.

The incidence of Rontgen rays on elements having large

atomic weights gives rise to the emission of negative corpuscles

moving, as Dorn has shown, at the rate of 10" cm./sec. The large-

ness of this velocity indicates that these corpuscles do not acquire

their energy directly from the incident rays, and suggests that

they are projected from the atom by an explosion, due to some

instability in the atom brought, about by the incidence of the

rays, the energy of the corpuscle being derived from the internal

energy of the atom rather than from the energy in the incident rays.

For if this velocity arose from the direct action of the electric force

X in the incident rays, then if t is the time the pulse takes to

travel over the corpuscle

lQ' = X-t,
in

or Xt = 60 since ejm = 1"7 x 10^
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The energy per unit area of the incident pulse is equal to

1 X^h

47r F^
'

where S= Vt is the thickness of the pulse, and V the velocity

of light
;
putting Xt — 60 we see that this energy is equal to-

3"6 X 10Y47rS, or taking S = 10"'' as a superior limit, this energy

would be nearly one calorie, an altogether inadmissible amount.

The experiments by Bumstead suggest that the incidence

of the rays liberate energy from the atom, and Barkla has recently

shown that the penetrating power of the soft secondary radiation,

and therefore presumably the velocity of the corpuscles, is indepen-

dent of the intensity of the incident rays, i.e. does not depend upon

X ; this again, as in the corresponding case with ultra-violet light,

is in favour of the view that the secondary rays are projected by

an explosion of the atom under the influence of the rays and not

by the direct action of the electric field in the rays on the

corpuscles.

Theory of the Secondary Radiation.

161. The secondary radiation is readily explained if we adopt

the theory of the Rontgen rays given in a subsequent chapter.

On this theory the rays are regarded as the pulses of intense

electric and magnetic force which must, by the laws of Electro-

dynamics, be produced when rapidly moving electrified particles,

such as cathode rays, are suddenly stopped. It is shown that on

the stoppage of the particle a spherical pulse of intense electric

and magnetic force travels outwards with the velocity of light.

o O'

Fig. 76.

When the velocity of the particle is small compared with that of

light, the distribution of the electric and magnetic forces in the

pulse is as follows. If 0, Fig. 76, is the position of the electrified

particle after it is stopped, O'O the direction along which it was

T. G. 21
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moving, e its charge, v its velocity, and V the velocity of light

;

then when the pulse reaches a point P, the electric force at P is

at right angles to OP and in the plane of the paper and equal to

„ ev sin Q

J70P '

where B is the thickness of the pulse and 6 the angle POQ'. The

magnetic force at P is at right angles to the plane of the paper

and equal to

ev sin 6

J70P'

Thus both the electric and magnetic forces vanish along the line

of motion of the electrified particle, and the electric force at P is

in the plane through P and the line along which the particle is

moving.

This view of the origin of the Rontgen rays is strongly sup-

ported by some very interesting experiments recently made by

Barkla*. The principle of these experiments is as follows. Let

10, Fig. 77, be a stream of cathode particles striking a solid target

"oK

Fig. 77.

at and OP a bundle of Rontgen rays coming out at right angles

to 10, the incident cathode rays. If all the cathode particles were

stopped at their first encounter with the target, the electric forces

in the pulses at P would all be in the plane of the paper and at

right angles to OP. If, as is actually the case, the cathode rays

collide with several particles before they are stopped, the electric

forces in some of the pulses will not be in the plane of the paper

;

there will however be a preponderance of forces in this plane, and

there will be an effect of the same quality though not of the same

intensity as if the forces were entirely in this plane. Assuming this

to be the case let us see what will happen if the rays fall on a gas

* Barkla, Phil. Trans. A, 204, p. 467.
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at P. The electric force in the rays will suddenly start into rapid

motion the corpuscles in the gas, the direction of their motion being

at right angles to OP. Pulses are produced when an electrified body

is suddenly started of the same character as those generated when
the body is suddenly stopped ; these pulses constitute the secondary

radiation given out by the gas. Let us compare the intensity of

secondary radiation at two points Q and R equidistant from P and

such that PQ is in the plane of the paper and parallel to 10, while

PR is at right angles to this plane. Since PQ is on the line along

which the corpuscles are started the intensity of the secondary

radiation will be a minimum at Q, while it will be a maximum at

R since PR is at right angles to the velocity of the corpuscles. If

now the bulb is rotated, keeping fixed until the stream of cathode

particles is at right angles to the plane of the paper, the intensity

of the secondary radiation will be a minimum at R and a maximum
at P. Barkla found a well-marked effect of this character ; when
the stream of cathode particles was in the plane of the paper the

secondary radiation was greater at R than at Q, while when the

cathode rays were at right angles to the paper the secondary

radiation was greater at Q than at R.

Let us suppose that such a pulse is travelling through a

medium containing corpuscles—it is not necessary that the cor-

puscles should be free : when the pulse reaches a charged

corpuscle the corpuscle will be acted on by a very intense force

and its motion accelerated. Now when the velocity of a charged

body is changing pulses of electric and magnetic force proceed

from the body, the magnitude of these forces being proportional

to the acceleration of the body : thus while the primary Rontgen

pulse is passing over the corpuscle and accelerating its motion,

the corpuscle gives out a pulse of electric and magnetic force

—

the secondary Rontgen pulse—the secondary pulse ceasing as

soon as the acceleration of the corpuscle vanishes, i.e. as soon

as the primary pulse has passed over. It is easy to compare

the energy in the secondary pulse with that in the primary.

For suppose the corpuscle is moving parallel to the axis

of .X', lot /" be its acceleration, then it omits a pulse of

magnetic force such that when the pulse reaches the point P, the

magnitude of the force is equal to fe sin dj V . OP, V being the

velocity of light, 6 the angle between OP and the axis of x, and



324 lONISATION BY RONTGEN RAYS. [xi

e the charge on the corpuscle in electromagnetic units ; the direction

of the force is at right angles to OP and the axis of x ; this magnetic

force is accompanied by an electric force at right angles to OP in

the plane containing OP and the axis of x, and equal in magnitude

to /esin djOP : hence by Poynting's theorem the flow of energy is

along OP, and since the quantity of energy flowing across unit

area in unit time is, when as in this case the electric and magnetic

forces are at right angles to each other, equal to the product of the

electric and magnetic forces divided by ^ir, the rate at which energy

flows across unit surface is equal to

1 e-/2sin2^

4^ V.OP^'

integrating this expression over the surface of a sphere with the

ion as centre, we see that the rate at which energy is leaving the

corpuscle is equal to

2 e^f

3T'
and the total amount of energy emitted by the corpuscle is

equal to

Iff/'d*.

Now suppose that the electric force in the primary Rontgen

pulse is parallel to x and equal to X, then if m is the mass of the

Xe
corpuscle /= — ; substituting this expression for / we find that

the energy emitted by the corpuscle is equal to

3
^j^^'^^'

the integration extending over the time taken by the pulse to

pass over the corpuscle ; if d is the thickness of the pulse and if

X is constant from the front to the back of it, then

X'^dt = ^^,

and thus the total energy in the secondary radiation emitted by

the corpuscle is equal to

2 e' X'd
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If E is the energy per unit area of the pulse, then

thus the energy emitted by the corpuscle is equal to

Stt e' „

and if there are N corpuscles per unit volume the energy of

the secondary radiation per unit volume is

6 7/r

Though each pulse of secondary radiation given out by a

corpuscle is of the same thickness as the primary pulse, yet the

properties of the secondary radiation may be very different from

those of the primary, for each pulse of primary radiation causes

each corpuscle to emit a pulse of secondary radiation, so that

the single primary pulse produces a great number of secondary

pulses following each other at intervals which depend upon the

proximity of the corpuscles in the medium traversed by the

primary waves ; the properties of this train of pulses would

depend upon \, the average distance between the corpuscles

:

they would approximate to those of light of wave-length X and

might thus differ materially from those of the primary rays. In

fact on this point of view there is much the same difference

between the primary and secondary rays as there is between the

sharp crack of lightning and the prolonged roll of thunder.

We see from the preceding equations that in passing over

a distance dx, the primary pulse causes the corpuscles to emit

secondary radiation whose energy is

87r Ne' „

,

--,- —- hdic
;

6 m-

if this were the only loss of energy experienced by the primary

rays, we should have

6 wr

Stt xVc'

or III = Ue 3 «<•-
,



326 lONISATION BY RONTGEN RAYS. [XI

SO that the opacity of the substance to the primary rays would be

measured by
Stt Ne'

.

3 ni'
'

this is independent of d, the thickness of the pulse, and depends

merely upon the medium and not upon the kind of rays passing

through it : the very great difference between the penetrating

power of hard and soft rays shows that the energy spent in the

secondary radiation cannot be the only cause of the absorption of

the primary rays.

Barkla*, who has made very valuable investigations on the

Secondary Radiation produced by Rontgen rays, finds that for

elements of small atomic weight the coefficient of absorption for

the secondary radiation is the same as that for the primary ; thus

primary and secondary radiations are of the same type, so that the

secondary may be regarded as scattered primary radiation. He
finds that the behaviour of the secondary radiation is in accordance

with the theory just given, for he shows that the proportion

between the energy scattered by a cubic centimetre of a light

substance and the energy of the primary radiation which has

passed through the cubic centimetre is independent of the nature

of the primary radiation, it is the same whether this be hard or

soft : for different substances this ratio is directly proportional to

the density of the substance so that equal masses scatter equal

amounts of energy. The preceding investigation shows that the

energy of the secondary radiation is ~ ^ that of the primary

;

thus the first law follows at once, and the second also follows if we

suppose that the mass of a substance is proportional to the

number of corpuscles it contains.

Barkla finds that the energy of the scattered radiation from

one cubic centimetre of air is about "0002 that of the primary

radiation passing through it, thus

^^' = •00025;
3 m^

putting e = 1-2 X 10-=°, ejm = 1*7 x 10^

we find Ne = 10.

* Barkla, Phil. Mag. [6], 7, p. 543, 1904.
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If 71 is the number of molecules of air in a cubic centimetre

ne = "4,

thus each molecule of air contains about 25 coi-puscles, or the

number of corpuscles in each atom would be approximately equal

to its atomic weight. Since the energy scattered is proportional

to the density of the gas, this result if true for one element would

be true for all.

162. When the primary rays pass through substances of high

atomic weight the secondary rays are no longer all of the same

type as the primary, a portion of them are very much more

easily absorbed than the primary ones.

When a corpuscle, after displacement by the primary rays, is

acted on by very intense forces arising from the proximity of other

corpuscles, it is evident that the character of the secondary pulse

will not be the same as when these forces are small, for in the

latter case the acceleration of the particle will sink to a very small

value as soon as the primary pulse has passed over it, so that the

thickness of the secondary pulse will be approximately the same

as that of the primary ; in the former case the acceleration of the

corpuscle will be large long after the primary pulse has passed

away, thus the breadth of the pulse will be much increased and

the radiation will be of a different character from that of the

primary.

The change in the character of the radiation seems to occur

almost abruptly at a particular atomic weight, thus Barkla found

considerable quantities of the easily absorbed radiation from

calcium and elements of greater atomic weight, while he could not

detect it at all from any substance with an atomic weight less than

that of calcium.

The corpuscles will not only scatter and radiate some of the

energy of the primary rays, they may themselves absorb and

retain a considerable amount of energy, so that part of the energy

of the primary radiation may appear as kinetic energy of the

corpuscles inside the atom. The amount of energy absorbed in

this way will depend upon the distribution of the electric force in

the primary pulse ; thus, for example, we might have a pulse in

which the electric force was the same from back to front, or we

might have a pulse with the same total amount of energy but

with a much more complicated distribution of electric force ; this
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force might be in one direction in the front of the pulse and in

the opposite direction in its rear. The energy scattered by the

corpuscles would be the same in the two cases, but the energy

absorbed by them would be very different. We shall calculate the

energy absorbed (1) on the assumption that the electric force is

constant throughout the pulse, and (2) on the assumption that the

force is equal to X through one half of the pulse and to — X
through the other half In the first case, m being the mass of a

cLoo

corpuscle, e its charge, -j- the velocity of the corpuscle after the

pulse has passed over it,

dx {^ , Xhe
then "^

777
~ IAear = -p^,

h being the thickness of the pulse and V the velocity of light. The

kinetic energy acquired by the corpuscle is

The energy E per unit area of the pulse is

1 X'8

SO that the energy acquired by a corpuscle is

lir m

and if there are N corpuscles per unit volume, the energy given to

the corpuscles when the pulse travels over a distance dx is

~ ~ BNEdx.
lir m

Let us now consider the effect produced on a corpuscle when
a pulse, one half of which is positive and the other negative, passes

over it. Let X, — X be respectively the electric forces in the

positive and negative halves of the pulse, d the thickness of either

pulse; then the positive pulse gives to the corpuscle a velocity

Xed/Vm, and the corpuscle on the arrival of the second pulse will

have moved through a distance ^(Xed/Vm) (d/V). The second

half of the pulse gives to the corjiuscle a momentum equal and

opposite to that given to it by the first pulse and thus reduces it
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to rest : the joint action of the pulse on the corpuscle is to leave

the velocity unaltered, and to displace it through a distance ^

given by the equation

_ Xe d d

If we suppose that the ion was in equilibrium in the position

f = 0, and that when displaced from this position the force tending

to bring it back is ix^, the work done in displacing the corpuscle

through the distance | is ^ij^^'\ thus the energy communicated to

the corpuscle is

X-'e' d*
2/* _2 yA

If E is the energy in the pulse per unit area, we have

27r 'V'
'

hence the work done on the coi-puscle is equal to

TTfA, —„ ^, H.
m- V~

If n is the frequency of the free vibration of the corpuscle,

n- = fx/m, so that the work done on the corpuscle is

„ e- rf^ „
m V-

m A,"

where \ is the wave-length of the free vibration of the corpuscle.

Thus the work done on the corpuscles when the two pulses travel

over a distance hx is equal to

47r» - d't ^ Ehx = hEhx, say,

where N is the number of corpuscles giving out light of the wave-

length A- in unit volume ; hence we have

^' = -/.£.
ax

or E = E,e-^'=';

h is the coefficient of absorption of the medium for the Rontgen

rays when we take into account the energy absorbed by the
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ions and neglect that radiated by them ; we see that for a pulse

in which the electric force is uniform the energy absorbed by the

corpuscles is proportional to the thickness of the pulse, while when

the distribution of force in the pulse consists of a force in one

direction in one half of the pulse and an equal force in the opposite

direction in the other half the energy absorbed by the corpuscles

is proportional to the cube of the thickness of the pulse. For any

pulse which can be made up by superposition of these distributions

the energy absorbed will be proportional to

AS + B8\

where B is the thickness of the pulse. For very thin pulses the

first term will be the more important, and then, as a reference to

p. 328 will show, the energy absorbed by the particles depends only

upon the mass of the absorbing medium and not upon its chemical

composition.

Sagnac, by allowing secondary rays to fall on metal, has ob-

tained tertiary rays, which are even more easily absorbed than the

secondary; he suggests that by a repetition of this process we

might ultimately get rays having the properties of ordinary

light. As yet, however, no Rontgen rays have been obtained which

show any trace of refraction when passing from one medium to

another.

163. The heating effects produced when Rontgen rays are ab-

sorbed by metals was first measured by Dorn*; Rutherford and

M'^Clungf made this effect the subject of an extensive series of

measurements, using a bolometer to determine the increase in tem-

perature produced by the rays. Their measurements were made with

the object of finding the energy in the rays and it was assumed that

this was equal to the mechanical equivalent of the heat produced

when the rays are totally absorbed by the metal. Recent experi-

ments made by Professor Bumstead| at the Cavendish Laboratory

make the legitimacy of this assumption very doubtful. Bum-

stead found that with equal absorption of the rays the heat

developed when the rays were absorbed by lead was nearly twice

as great as when they were absorbed by zinc ; the heat developed

* Dorn, Wied. Ann. Ixiii. p. 160, 1897.

t Rutherford and M'^Clung, Phil. Trans. A, cxcvi. p. 25, 1902.

+ Bumstead, Phil. Mag. [6], xi. p. 292, 1906.
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was measured with a radiometer. This residt suggests that the

rays produce some change in the atoms of the substance through

which they pass and that part of the heating effect is due to

energy liberated by this change. The question raised by this

investigation is of the greatest importance, as if a change in the

atom occurs under the influence of Rontgen rays a way is opened

up of tapping the stores of energy which we have reason to believe

are contained in the atoms of the various elements. In this

connection it would be interesting to try whether the heat de-

veloped by radium in a given time depended on the medium used

to absorb its radiation, and also whether if radium were kept for a

long time in contact, say, with lead, other elements would gradually

be produced. The ores in which radio-active substances are found

are remarkable for the number of elements they contain, may it

not be possible that this may be partly due to transmutation of

the elements under the action of the radiation from these sub-

stances ?

I have tried a large number of experiments to see if the

incidence of the Rontgen rays on metals gives rise to any products

which are radio-active after the rays have ceased to fall upon the

metal. The secondary radiation excited by Rontgen rays with its

combination of very easily absorbable and more penetrating radia-

tion is remarkably analogous to the radiation emitted by radio-

active substances (see Chap, xii), and this suggests that the metal

is radio-active while the rays are incident upon it. I was, however,

unable to detect any residual radio-activity in the metal after an

exposure of several hours to strong Rontgen rays. Similar experi-

ments in which the radiation from radium was used instead of

Rontgen radiation have been made by Professor Bumstead* and

myself i*, but with negative results.

The passage of Rontgen radiation through insulating solids

and liquids increases their conductivity:!:, and in some cases this

increase takes some time to die away after the passage of the rays

has ceased.

* Bumstead, Proc. Cam. Phil. Soc. xiii. p. 125, I'JOS.

t J. J. Thomson, Proc. Cam. Phil. Soc. xiii. p. 124, 1905.

+ J. J. Thomson, Nature, 55, p. 600, 1897. P. Curie, Covipte>! liemlus, 134,

p. 420, 1902. Becker, Ann. der PJiys. xii. p. 124, 1903.



CHAPTER XIL

EAYS FROM RADIO-ACTIVE SUBSTANCES.

164. Shortly after the discovery of the Rontgen rays Becquerel

found that uranium and its compounds emitted a radiation which,

like Rontgen rays, affected a photographic plate and ionised a gas

through which it passed. Subsequent investigations led to the

discovery of other bodies possessing similar properties. The study

of these bodies has resulted in the creation of a new science of the

greatest interest and importance—the Science of Radio-activity.

This is discussed at length by Rutherford in his treatise on Radio-

activity. The subject is so intimately connected both with the

theory of the discharge of electricity through gases and with the

methods employed in the study of this subject that it is desirable

to study, as we shall attempt to do in this chapter, the subject of

Radio-activity in especial relation to the theory of Electrical

Discharge.

165. The very marked phosphorescence produced in certain

substances by Rontgen rays led to a series of investigations whose

object was to see whether phosphorescence was accompanied by

the emission of Rontgen rays : since Rontgen rays produced

phosphorescence the question naturally suggested itself, may not

phosphorescence be accompanied by Rontgen rays ? Early in 1896

Henry* showed that the phosphorescent substance sulphide of zinc,

after exposure to sunlight or magnesium light, acted photographi-

cally on a plate protected by black paper or by thin aluminium

foil. A little later Becquerel
-f*

found that if the double sulphate

of uranium and potassium was placed on a photographic plate

protected by light-proof paper and the sj'stem exposed to the

* Henry, Comptes Renclus, cxxii. p. 312, 1896.

t Becquerel, Comptes Rendus, cxxii. p. 420, 1896.
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sun the plate was affected : he thought at first that this was due

to the phosphorescence emitted by the uranium while in the

light, he soon found however that exposure to the sunlight was

not necessary*, and that the plate was equally affected in the

dark. To test whether this effect was due to a phosphorescence

which had persisted from some previous exposure of the uranium

salt to light, he took a crystal of uranium nitrate and dissolved

it in water in the dark ; he then, keeping it still in the dark,

allowed it to recrystallise, and tested its action on the photo-

graphic plate without ever exposing the crystal to light ; he found

that it acted strongly on the plate ; he found also that the solu-

tion of uranium nitrate which is not phosphorescent is active f.

On these grounds Becquerel came to the conclusion that the

effect is not due to phosphorescence but is a property of the

metal itself He found too that the salts of uranium as well as

the metal itself retained this radio-active property without sensible

diminution after being kept in the dark, some of them in lead

boxes, for more than a year. In addition to affecting a photo-

graphic plate protected by a covering opaque to ordinary light,

the radiation from uranium, like the Rontgen rays, makes the gas

through which it passes a conductor ; thus a charged electroscope

with a piece of uranium placed on the disc slowly loses its charge,

whether this be positive or negative. Becquerel at first thought

that the rays from uranium differed from the Rontgen rays in

being capable of refraction and polarisation ; subsequent investiga-

tions made by himself and others have shown however that this is

not the case. Niepce de St Victor many years ago found that

paper saturated with a solution of uranium nitrate affected a

photographic plate.

166. Rutherford J made a very extensive series of experiments

on the radiation from uranium and its compounds, using the elec-

trical method of investigation, i.e. measuring the intensity of the

radiation by the ionisation produced by the rays. He made the

very interesting discovery that the radiation from uranium, like

the secondary Rontgen radiation, is a mixture of two t^y^es of

radiation, one type a being absorbed by a few millimetres of air

* Becquerel, Comptes Rcnduii, cxxii. p. 501, 189(5.

t Ibid. pp. 691, 705.

X Rutherford, Pliil. Mag. v. 47, p. 109, 1899.
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at atmospheric pressure, the other type ^ having a penetrating

power comparable with the rays from a Rontgen tube of moderate

exhaustion. Rutherford found that the absorption by the different

•gases of the a type of radiation emitted by uranium or any of its

compounds was such that the intensity of the radiation was re-

duced to one-half its value after passing through

8 mm. of carbonic acid gas,

4"3 mm. of air,

7*5 mm. of coal gas,

16*3 mm. of hydrogen.

The pressure in all cases was that due to 760 mm. of mercury.

The penetrating power of the a radiation is thus intermediate

between that of ordinary primary and secondary Rontgen rays.

The absorption of the a rays was shown by Rutherford to be

proportional to the density of the gas.

Near a layer of uranium we have thus a region of very intense

ionisation extending over the few millimetres necessary to absorb

all the a rays, beyond this only the /3 rays penetrate, and as these

have only small ionising power compared with the a rays there is

in this region very much less ionisation than in the layers close to

the uranium. Thus if we have two parallel metal plates over one
of which a layer of uranium is spread, then if the distance

between the plates is greater than that required to absorb the a

radiation, the total amount of ionisation between the plates and
therefore the value of the saturation current which can pass from
one plate to the other will not increase much as the distance

between the plates is increased, while as long as the distance

between the plates is less than that required to absorb the a
radiation the saturation current will be approximately propor-

tional to the distance between the plates; this illustration will

suffice to show that the phenomena of electric conduction under
uranium radiation are somewhat intricate, they can however be
readily explained by the existence of the two tyjjes of radiation,

one very easily absorbed, the other much more penetrating.

Since the intensity of the ionisation is much greater close to

the plate covered with uranium than at some distance away, the
electric force near to the uranium will be less than the average
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value between the plates ; this fall in the electric force at the

place where there is most ionisation makes it more difficult to

produce a saturation current than it would be if the ionisation

were uniform between the plates ; this may account for the fact

discovered by Rutherford (1. c.) that even with large potential

differences between the plates the current shows an increase,

though only a small one, when the potential difference is in-

creased. This is illustrated in the curves in Fig. 78, which

represent the relation between the potential difference and the

current under uranium radiation. A similar effect seems to occur

in all cases of ionisation by a rays.
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/
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/
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Fig. 78.
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The proportion between the amounts of the ^ and a radiations

emitted by a layer of a salt of uranium was found by Rutherford

{I. c.) to depend upon the thickness of the layer, the thicker the

layer the larger the ratio of the (3 to the a radiation, for very

thin layers the radiation is almost wholly of the a type. This is

what we should expect if we regard the a and ^ radiations as

independent of each other : for if the a radiation is stopped by a

thickness ti of the salt, while the /3 radiation is not stopped until

the thickness is t.2, the a radiation will not increase with the

thickness of the layer when this is greater than t^, while the /3
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radiation will go on increasing until the thickness is equal to U.

If one of the radiations was produced by the other, if for example

the /3 radiation corresponded to primary Rontgen rays, the a to

the more absorbable secondary rays produced by the impact of the

primary ones with the uranium close to the surface, then we should

expect the proportion between the radiations to be independent of

the thickness of the layer.

167. The total amount of ionisation produced when the

a rays of uranium and its salts are completely absorbed has been

determined by Monsieur and Madame Curie* and by Rutherford

and M'^Clungt, it increases somewhat with the thickness of the

layer, as the following table given by the latter observers shows.

The amount of ionisation is expressed in terms of the saturation

current which is given in amperes per square centimetre of

surface.

Surface of Uranium Oxide = 38 sq. cms.

Weight of Uranium Oxide spread

over this surface in grammes
Current in Amperes per

sq. cm. of surface

•138

•365

•718

1-33

3-63

r7x 10-13

3-2x10-13
4 X 10-13

4-4x10-13
4-7x10-13

Taking the value given by Rutherford and M°Clung for the

energy absorbed when each ion is produced, we find that when

the saturation current is 4-7 x 10~i3 amperes per square centimetre

the energy emitted from a square centimetre is about 10~ii calories

per second, or at the rate of 1 calorie in about 3000 years. If we

take the radiation corresponding to tne thinnest layer we find that

for each gramme in the layer it is about 1 calorie in 30 years.

Radiation from Thorium,.

168. Soon after the discovery of the rays fi-om uranium,

Schmidt :|:
discovered that thorium gave out rays having very

* Curie, Rapports presentes au Congres de Physique a Paris, t. iii. p. 79, 1900.

t Rutherford and M'^Clung, Phil. Tram. A, cxcvi. p. 25.

X Schmidt, Wied. Ann. Ixv. p. 141, 1898.
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similar properties. This radiation was subsequently studied by

Rutherford* and by Owensf, and was found to present many
features of great interest. Like the radiation from uranium it

consists of two types, one easily absorbed the other more pene-

trating.

Discovery of Tltorium Emanation.

169. The radiation from thick layers of thorium oxide when

first measured by Rutherford seemed to be extremely capricious
;

thus, for example, when its intensity was measured by the con-

ductivity it communicated to a gas, the slightest draught in the

vessel through which the current of electricity passed was sufficient

to produce a very sensible diminution in the current ; indeed so

sensitive was the current to external disturbances, that it was found

exceedingly difficult to get consistent results. Rutherford showed

that these irregularities had a most interesting cause, as he was

able to trace them to an 'emanation' given off by the thorium. He
found that the thorium gave off something which was wafted about

by currents of air like a vapour; in order to avoid prejudging the

question as to the physical state in which the substance given

off by the thorium existed, Rutherford called it an emanation.

This emanation is radio-active, i.e. it gives off rays that can

penetrate a photographic plate or ionise a gas ; it can penetrate,

apparently by diffusion, thin pieces of paper; it cannot, how-

ever, get through glass or mica, even when they are in very thin

films : in fact, its power of getting through substances seems

much more selective than the corresponding power possessed

by either Rontgen, Becquerel, or cathode rays ; in this respect it

resembles the effect coming from certain metals and resinous

substances studied by Russell. That the passage of the emanation

through solids is analogous to the slow diffusion of gas through

metal, as, for example, hydrogen through red-hot platinum, is

suggested by the ftxct that if the thorium oxide is covered up

with paper it takes a considerable time for the emanation to

get through.

The following experiment is one by which Rutherford demon-

strated the existence of the 'emanation,' and studied many of

its properties.

* Rutlierford, riiil. Mag. v. 49, pp. 1, 161, 1900.

t Owens, Phil. Mag. v. 48, p. 360, 1899.

T. G. 22
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A thick layer of thorium oxide was enclosed in a narrow

rectangular vessel A, made up of two thicknesses of foolscap

paper. This paper was sufficiently thick to stop all the radiation

from a thin layer of thorium. The vessel containing the thorium

i^i=^A

Fig. 79.

was placed inside a long metal tube B. One end of this tube

was connected with a large insulated vessel C, the end of this

vessel was perforated to allow air to pass through. An insulated

electrode D was inserted in C, and connected with one pair of

quadrants of an electrometer. C was connected with one terminal

of a battery giving an electromotive force of 100 volts, the other

terminal of this battery was put to earth.

A slow current of dust-free air was passed through the appa-

ratus. After a short time a current began to pass between G
and D, and gradually increased until it reached a certain value,

when it became steady. The tlow of air was then stopped, and

it was found that the current between C and D persisted for

about 10 minutes. As long as the current of air was passing

through the apparatus there would have been a current of elec-

tricity between C and D, if ordinary radiation and no emanation

had been coming from the thorium, for the radiation would have

produced ionised gas in the neighbourhood of A, and this would

have been carried by the current into C: but in this case the

current of electricity would have stopped within a fraction of a

second after the stoppage of the current of air, whereas, as we have

seen, the effect persisted for 10 minutes. This shows that fresh

ions must be continually produced in C, in other words, the

substance carried over from A must be radio-active, and though

its radio-activity diminishes with time there is enough left to be

appreciable after an interval of 10 minutes.
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Rutherford measured the leak between C and D at regular

intervals after the stoppage of the current of air, and so was

able to measure the rate at which the intensity of the radiation

from the emanation died away: the intensity diminishes in

geometrical progression with the time, and is thus proportional

to e""^', where t is the time and A, a constant; the intensity is

reduced to about one-half its value in one minute, so that \ is

about 1/86. The rate at which the radiation falls off is not

affected by exposing the emanation to a strong electric field, nor

could any motion of the emanation as a whole be detected in

such a field : Rutherford showed that the average velocity of the

jjarticles of the emanation, under an electric field of one volt per

centimetre, must be less than 10~^ cm./sec.

In consequence of the diffusion of the emanation from the

thorium the radiation from thick layers of this substance does

not cast shadows, the emanation getting by diffusion round the

opaque body and obliterating the shadow.

The emanation can j^ass through plugs of porous substances,

can bubble through water or the strongest acids, and can be

raised to temperatures far above a red-heat without losing its

radio-activity*; in fact, when once the 'emanation' has been

produced no physical or chemical process which has yet been

tried has any effect upon its radio-activity : in this inertness it

resembles the gases argon and helium, the latter of which occurs

along with thorium in many minerals.

Since the emanation can penetrate several millimetres of a

thorium compound, the radiation from a layer of such a compound

will increase with the thickness of the layer when this is less

than a few millimetres ; above a certain thickness the radiation

becomes practically constant.

The fact that the ' emanation ' can pass through porous plugs

and water trayjs, and can withstand temperatures which alter the

properties of thorium, is strong evidence that the emanation is

not thorium dust, i.e. not small particles of thorium in the solid

state ; this conclusion is strengthened by the f;ict that the ema-

nation does not give rise to a cloud when the air through wliieh

it is diffused suffers an expansion sufficient to produce a fog in

dusty air.

* Rutherford and Soddy, Journal of Cliemical Socictij, Ixxxi. p. 321, 190'2

•)-2 2
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No alteration has been detected in the pressure of an ex-

hausted bulb when the emanation is allowed to diffuse into it,

nor does this intrusion of the emanation produce apparently any

change in the spectrum given out by the bulb.

Induced Radio-activity produced hy Tltorium Emanation.

170. Rutherford* discovered that the emanation from thorium

makes any substance with which it comes in contact radio-

active. This can be shown by the following experiment (Fig. 80).

It-

Fig. 80.

Two isolated plates B and C are placed parallel to one another

in a closed metallic vessel connected with the earth. In a shallow

depression, LM, in the plate C, a layer of thorium oxide is placed

and covered with several layers of foolscap paper. The plate C
is connected to the positive pole of a battery, giving a potential

difference of at least 50 volts, and the other pole of this battery

is connected with the earth. The plate B is connected with an

electrometer. If this is left for several hours, and then the

plate C with the thorium removed, and replaced by a clean

metallic plate, it will be found that the gas between the plates now
possesses considerable conductivity; this will gradually diminish

with lapse of time and afber a few days become inappreciable.

If, instead of leaving B in the vessel when C is removed, both

B and C are replaced by fresh plates, there will be no conduc-

tivity; the ionisation is thus due to some change produced in

the plate B by the action of the thorium. The plate B has been

made radio-active. That this effect is due to the action of the

emanation and not of the straight line radiation may be proved

in several ways. In the first place, the effect is absent if we use

Rutherford, Phil. Mag. v. 49, p. 161, 1900.
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a thin layer of thorium oxide, which emits plenty of straight line

radiation but very little emanation. Again, when we de-emanate

thorium oxide by intense heating we destroy its power of

producing induced radio-activity, although we do not affect its

power of emitting straight line radiation.

The close connection between the emanation and the induced

radio-activity is shown by the following experiment mada by

Rutherford.

A slow current of air from a gas-bag passed down a rect-

angular wooden pipe, 60 cm. long; the air passed through

sulphuric acid to dry it, and through a plug of cotton-wool in

the pipe, this plug removed spray and equalised the flow of

air over the cross section of the tube. A metal plate charged

with positive electricity covered the bottom of the tube ; four

insulated metal plates A, B, C, D, placed at equal intervals, had

a negative charge induced on them by being connected with the

earth. When the current of air passed through the vessel with

the velocity 2 cm./sec. for 7 hours, the potential difference

between the lower and upper plates being 300 volts, the following

results were obtained

:

Relative cuneut due
to emanation

Relative excited

radio-activity

Plate A ...

„ B...

„ D...

1

-.55

•18

•072

1

•43

•16

•061

Thus the induced radio-activity is approximately proportional

to the intensity of the radiation given out by the emanation.

The experiment shows that the emanation is in some way the

cause of the induced radio-activity ; it does not enable us to

decide whether the radio-activity is due to a deposit of the

substance of the emanation on the plate, or whether it is due

to a change in the surface layers of the plate produced by the

radiation coming fi'om the emanation. We shall return to this

point when we have discussed more fully the properties of the

induced radio-activity.
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If in the inclosure containing the thorium and the emanation

there is a conductor strongly charged with negative electricity, the

induced radio-activity will be concentrated on this conductor and

there will be less on the walls of the inclosure than there would

be if the conductor were uncharged; thus the excess of radio-

activity on the wire is obtained at the expense of that on the

surrounding objects.

The amount and quality of the induced radio-activity seem to

be independent of the material of which the walls of the inclosure

are made ; the substitution of paper or cardboard for metal makes

no appreciable difference in the result. The radio-activity does

not depend upon the nature of the gas in the inclosure, nor upon

the pressure of the gas, although the concentration of the induced

radio-activity on negatively electrified surfaces is less complete at

low pressures than it is at high. Thus, for example, in an experi-

ment made by Rutherford the induced radio-activity on a nega-

tively electrified wire was practically unchanged when the pressure

was reduced from 760 mm. to 16 mm.; at a pressure of 5 mm.,

however, it was about 1/20 of its value at the higher jjressure

;

this diminution in the radio-activity of the wire is accompanied

by an increase in that of the walls of the inclosure.

Duration of the induced Radio-activity.

171. This induced radio-activity dies away gradually with the

time ; the rate of decrease is, however, very slow, as Rutherford's

measurements show that it takes about 11 hours for the intensity

of the radiation to fall to one-half its original value. The rate at

which the radiation dies away does not depend upon the nature of

the material which is made radio-active. The duration of the

induced radio-activity is thus very much greater than that of the

emanation which produced it, as we have seen that this fades away

to one-half its original value in one minute. We must remember,

however, that this relates to the emanation when it has escaped

from solids and is in a form analogous to that of a free gas ; we do

not know whether the rate of decay is as great as this when the

emanation is diffusing through a solid : the results of experiments

seem rather to indicate that it is not, for the emanation is still

active after passing through a great many sheets of paper ; if its

rate of decay when in the paper is as rapid as it is when in the

air it must be able to diffuse through these in a very few minutes.
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A surface once made radio-active can be exposed to very rough

usage without losing this property; thus Rutherford raised a piece

of radio-active phxtinuni to a white heat and found after cooling

that it had lost little if any of its activity. Washing the surface

with hot or cold water, caustic soda, or nitric acid has no effect

upon the activity ; if, however, the wire is dipped in sulphuric or

hydrochloric acid the radio-activity is removed in a few minutes

:

the radio-activity is however only removed from the metal to the

acid, for on evaporating down to dryness the residue left was found

to be strongly radio-active. It would thus appear that the radio-

active substance is dissolved in the acid and retains its radio-

activity.

No change in weight due to the induced radio-activity can be

detected, nor does microscopic examination of the metal reveal

the presence of any dust or any change in the surface. The radio-

activity can be removed by long scouring with sand or emery

paper ; the pieces removed are radio-active.

Time taken to produce the Radio-activity.

172. The radio-activity takes considerable time to produce.

On first exposure to the emanation it increases nearly proportion-

ally with the time, afterwards the rate of increase falls off, and it

ultimately attains a constant value. The following diagram (from

Rutherford's paper), Fig. 81, shows how the intensity of the induced

radiation increases with the time of exposure to the thorium.

The time taken to attain a steady state is fixed by the rate at

which the induced radiation fades away. For let / be the inten-

sity of the induced radio-activity at any time t, q the rate at which

this is increasing in consequence of the presence of the thorium,

IjT the rate at which it would decay if no thorium were present,

then we have
dl I
dt=''^-T^

or I=qT[l-e'A (1),

thus the radio-activity will not reach a steady state until t is

considerably greater than T. Now T has been determined by

Rutherford by measuring the rate at which the activity of the
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surface disappears when it is not exposed to the action of thorium:

putting g = we get

/ = /,,

where Jo is the value of / when t = 0; Rutherford found that / fell

to ^/o in about 11 hours, so that T=16 hours; thus it will take

a time greater than 11 hours but comparable with it for the induced
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radio-activity to reach a steady state. We see from equation (1)

that the induced radio-activity should reach half its final value in

about 11 hours; an inspection of Fig. 81 will show that this is

the case.

Penetrating potuer of the induced Radio-activity.

173. Rutherford measured the penetrating power of the in-

duced radiation and found that it was considerably greater than

that from thin layers of the thorium itself. Thus the latter is

reduced to half its intensity after passing through about 1 cm. of

air at atmospheric pressure, while the induced radio-activity can

pass through 1"65 cm. before its intensity is reduced by the same

amount. The penetrating power of the induced radio-activity is
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independent of the nature of the substance made radio-active
;

this is a strong indication that the induced radio-activity is due

to a deposit of the emanation and not to an alteration of the sur-

face of the substance by radiation fi'ora the emanation.

The effect produced by negative electrification in increasing

the induced radio-activity on a surface thus electrified is, I think,

probably connected with the property possessed by several radio-

active substances, for example uranium and radium (see p. 373),

of emitting negatively electrified corpuscles. Miss Slater* has

recently shown that the radio-active emanations from thorium

and radium possess this property. The particles which emit a

corpuscle and which thereby acquire a charge of positive electricity

will be attracted by the negatively electrified surface and will

move rapidly up to it. The velocity with which the particle

moves in the electric field is very great compared with the velocity

with which it would have moved towards the surface if only diffu-

sion had come into play. Thus the emanation will in consequence

of the charge on the surface arrive at the surface very much

sooner than it would have done if there had been no charge ; it

thus arrives very much fresher and is much more efficient as

a producer of induced radio-activity.

174. The velocity acquired by the positively charged particles

of the emanation when in the electric field has been measured by

Rutherford f, using the following method, which is based on the

assumption—justified by the extent to which the induced radio-

activity can be concentrated on a negatively electrified surface

—

that the radio-activity of the surface is almost wholly due to the

number of positively electrified particles which reach it.

The emanation spreads between two parallel plates A and B,

Fig. 82 ; an electric field is produced between the plates ; this field

consists of two parts, (1) a constant potential difference equal to

En making the top plate +, the lower plate —
, (2) a field in which

the direction of the force is reversed at equal intervals of time T
;

thus it is equal to E^ for a time 2\ then changes to —E, which lasts

* Miss Slater, rhil. M<ni. [C], 10, p. 460, 190.5.

t Rutherford, rhij.iikalisehe Zeitschri/t, iii. p. '210, l')0-2; Phil. .Va//- vi. 5,

p. 'Jo, 1903.
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for a time T, when it changes again to + E^, and so on. This

variable potential difference is placed in series with the constant

potential difference, so that in the first half of the alternation the

electric force acting downwards is {Ea + Ei)/d, where d is the dis-

tance between the plates, while in the second half of the alterna-

tion it is equal to (E^ — Eo)ld and acts upwards : Ei is supposed

Fig. 82.

to be greater than E^,. There is thus on the average a tendency

to make the positive ions go to the lower plate, but during the

second half of the alternation some of the particles will be attracted

to the upper plate and will make it radio-active : the number of

such particles will depend upon the velocity of the particles and

may be calculated as follows.

Let K be the velocity of the particles under unit electric force

and let us suppose that the positive particles are being produced

uniformly between the plates, the number produced in one second

in a layer of unit thickness between the plates being q. The

particles which reach the upper plate when negatively electrified

Avill be of two classes: (1) those produced whilst the plate is nega-

tively electrified, and (2) those which were present between the

plates at the beginning of the alternation. Let us take first the

number in the first class ; consider the number sent to the top

plate by a layer of thickness c/a' at a distance x away from it ; any

particle from this layer, since it moves with the velocity KX^, will

take the time xjKX-^ to reach the plate. X^ is the electric force

between the plates and is equal to {E^ — Eo)/d. Since the particle

must reach the plate before the end of the alternation the latest

time it can start is xjKX^ before the end, and thus the particles

reaching the layer are only formed for a time T— xlKX^; the
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number of particles reaching the plate from this layer is

q{T— xjKX^dx and the total number of particles in class (1)

is equal to

Jo

= ^qKX,T\

The number in class (2) will be the number of positive particles

at the beginning of the alternation in a layer next the upper plate

whose thickness is KX/T. The force in the preceding alternation

tending to drive the particles from the upper plate is A^'o, where

X2 = (Eg + E^)/d ; hence the velocity of the particles is KX2 : the

number of particles produced in a layer of thickness dx, at a dis-

tance X from the upper plate, which have not moved by the end

of the alternation to a distance from the upper plate greater than

KXiT is o -j^v
—— dx; hence the number of particles in the

second class is equal to

A'A-,r (KX,T-x)

Thus the total number of positive particles reaching the upper

plate in the time of a double alternation of length 2T

X,^
= iqKX,T^{l + ^^y

In this time the total number of positive particles produced is

2qdT, and if care is taken to make the electric field sufficiently

strong all these particles will reach one or other of the plates.

Hence p, the ratio of the number of particles reaching the upper

plate to the sum of the numbers reaching the upper and lower

plates, is given by the equation

KX^T^f X,
P=^^d-^[^+X2

or substituting for X^ and A^ their values we get

p=^^^'
d-^ e;ve\ ^^>
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On the hypothesis ah-eady mentioned, that the induced

radio-activity is almost entirely caused by the positively charged

particles which come up to the plate, p is the ratio of the

radio-activity of the upper plate to the sum of the activities of

the upper and lower plates, and by measuring these activities p

can be determined ; when p is known equation (1) gives us the

means of determining K and hence the velocity of the positively

charged particles in an electric field. By this method Rutherford

got the following results.

Plates 1^3 cm. apart.

E^ + E
volts

E^-E
volts

Alternations
per sec. P

Velocity for one
volt per cm.

152
225

101

150
57
57

•27

•38

1^25

1-17

Plates 2 cm. apart.

272
300

207
200

44
53

•37

•286

1-47

1^45

These results relate to air at atmospheric pressure. Zeleny

(p. 47) found that the velocity of the positive ions produced by

Rontgen rays in air at this pressure was 1'36 cm./sec. for the

potential gradient of a volt per cm. : the velocity of the positive

particles in the thorium emanation is thus within the limits of

experimental error equal to the velocity of the ordinary positive

ions.

Rutherford has shown that at low pressures, say less than 1 mm.,

of mercury there is less tendency for the radio-activity to be con-

centrated on the negative electrode than there is when the pressure

is higher. Makower* has shown that this is also the case with

the radio-activity produced by the emanation from radium and

that the effects of pressure are more marked in small vessels than

in large ones. This is what we should expect, for the expulsion of

the corpuscles and a particles from the emanation would set the

residue of the molecule in rapid motion. If the pressure in the

vessel were high this velocity would soon be destroyed by collisions,

* Makower, Phil. Mag. [6], 10, p. 526, 1905.
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and the particles would then be attracted to the cathode. If

however the pressure were low their initial velocity might carry

them both sides of the vessel against the attraction due to the

electric field.

Radio-activity of Radium, Polonium, Actinium.

The Becquerel rays have led to the discovery of some new sub-

stances possessing the power of radio-activity to a far greater

extent than uranium—the original source of these rays. After

Becquerel's discovery Monsieur and Madame Curie* made a very

systematic and extensive examination of a great number of

chemical elements and compounds, and also of minerals, to see

if other elements possessed powers similar to uranium ; the ex-

amination of the elements and compounds (which included the

rare elements, gallium, germanium, neodydymium, praseodydy-

mium, mobium, scandium, gadolinium, erbium, samarium, rubi-

dium, yttrium, ytterbium, holmium) did not lead to the discovery

of any substances other than uranium possessing this property.

The investigation of the minerals was more fruitful, for they found

that several minerals containing uranium were more active than

the same bulk of uranium. This is shown by the following table

in which t is the saturation current in amperes between two circular

plates 8 cm. in diameter and 3 cm. apart when one of the plates

is covered with the substance under consideration :

t X lO'i amperes L X IQii amperes

Metallic Uranium
Pitch-blende from

J ohanngeorgenstadt
Joachimstal
Pribran

2-3

8-3

7-0

6-5

1-6

1-4

5-2

2-7

Thorite
Orangeite
Monazite
Xenotime

1-4

2-0

0-5

0-03
0-7

0-4

1-1

0-3

()-2

iEschynite
Fergusonite
Samarskite
Niobite
Carnotite

Cornwall
Cleocite

Chalcolite

Autunite

All these minerals contain uranium and thorium, but it will

be seen that several of them are more radio-active than the pure

metals : this suggests that they may contain some exceedingly

* Curie, Ilapportx, Conijres Inter)iatioiiiil df I'liijsiqiie, t. iii. p. 79, Paris, 1900.
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active substances other than uranium ; this supposition was

strengthened when Monsieur and Madame Curie prepared Chal-

colite artificially from pure substances and found that it was only

about one-fifth as radio-active as the natural mineral. They then

set to work to search pitch-blende systematically ; they tested the

radio-activity of a certain piece, then separated this chemically

and tested that of the constituents, and thus gradually separated

the active from the inert parts of the pitch-blende. This treat-

ment has led to the discovery of three different strongly radio-

active constituents of pitch-blende: radium discovered by Monsieur

and Madame Curie and Monsieur Bemont*, polonium discovered

by Monsieur and Madame Curie f, and actinium by Monsieur

Debierne;]:. Radium accompanies the barium prepared from

pitch-blende, and in its chemical actions is similar to that metal

;

it can, however, be separated from barium by fractionation, as its

chloride is less soluble in water, in alcohol and in hydrochloric

acid. The amount of radium in pitch-blende is exceedingly small,

many thousand kilograms of this mineral only yielding a few

decigrams of a radio-active substance, of which only a small fraction

is radium. The spectrum of radium was examined by Demar<,'ay§

;

the following are the principal lines between wave-lengths 5000

and 3500.

Wave-length Intensity Wave-length Intensity

4826-3 10 4600-3 ? 3
4726-9 5 4533-5 9
4699-8 3 4436-1 8
4692-1 7 4340-6 12
468.3-0 14 3814-7 16
4641-9 4 3649-6 12

There are also two nebulous bands in the spectrum, one ex-

tending from 4631-0 to 4621*9 with the maximum at 4627-5;

the second begins suddenly at 4463-7, has a maximum from 4455-2

to 4453-4, fading away at 4390. The appearance of the spectrum

is shown in Fig. 83.

* Curie and Bemont, Comptes Rendus, cxxvii. jj. 1515, 1898.

t Curie, op. cit. p. 175.

% Debierne, Comptes Rendus, cxxix. p. 593, 1899 ; cxxx. p. 906, 1900.

§ Demar(,'ay, ib. cxxvii. p. 1218, 1898; cxxix. p. 116, 1899; exxxi. p. 258, 1900.
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The sensitiveness of the test by radio-activity is shown by the

fact that it required several thousand times more radium to give

an appreciable spectrum than to give an amount of radio-activity

quite appreciable by electrical methods.

Fig. 83.

The atomic weight of radium has been determined by Mon-

sieur and Madame Curie* to be 225. Runge and Prechtf from

considerations based on its spectrum estimate the atomic weight

as 257"8, their method is however very indirect and there seems

little doubt that the smaller value is the more accurate.

The radiation from radium is extraordinarily intense. Mon-

sieur and Madame Curie have prepared specimens of radium

which when enclosed in a lead tube "5 cm. thick will discharge an

•electroscope more readily than uranium, even although the latter

is brought without any covering close up to the electroscope.

The radiation comprises rays of four classes: (1) a rays, these

are easily absorbed rays carrying a charge of positive electricity

slightly deflected by electric or magnetic fields
; (2) /3 rays, these

are much more penetrating rays which are deflected by magnetic

or electric fields and which carry a charge of negative electricity

;

(3) 7 rays, rays still more penetrating which are not deflected

;

(4) slowly moving corpuscles.

Emanation from Radium and induced Radio-activity

produced by it.

175. M. and Mme Curie
:]:
have showai that the walls of a

vessel containing radium become radio-active. Radium, like

* Curie, Coinptes liendtis, July 21, VM)2.

t Runge and Piecht, Phijsik. Zeit. iv. p. 285, 1903.

X Curie, Itajiports presenUs au Congres International de Pliysiijid'. in. p. 108, 1900.
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thorium, gives out an emanation which is also radio-active. The

persistence of the radio-activity of the radium emanation is

however very much greater than that from thorium ; the latter, as

we have seen, falls to half its value in about one minute, the

corresponding time for the radium emanation is about four days.

The radium emanation, like that of thorium, makes the walls of a

vessel in which it is contained radio-active ; the induced radio-

activity due to radium dies away more rapidly than that due to

thorium, it also is concentrated on negatively electrified bodies.

Molecular Weight of tlie Radium Emanation.

The molecular weight of radium emanation has been estimated

by Rutherford and Miss Brooks* from determinations of its rate of

diffusion through air as between 40 and 100 ; by measuring its rate

of diffusion through a porous pot, Makowerf found values ranging

from 86 to 99, while Bumstead and Wheelerj give 180 as the

result of their comparison of the rates of escape of the emanation

and CO2 from a porous vessel. These results indicate that the

emanation is a heavy gas having a molecular weight much smaller

than that of radium itself. Makower has shown that the emana-

tion of thorium has about the same molecular weight as that of

radium.

Polonium.

176. Polonium, discovered by M. and Mme Curie§, is found

in company with the bismuth extracted from pitch-blende : they

obtained bismuth richer and richer in polonium by the following

methods of fractionation

:

1. Sublimation of the sulphide in vacuo. The sulphide of

polonium is much more volatile than that of bismuth.

2. Precipitation of solutions in nitric acid by water. The

precipitated nitrate is much more active than that remaining

behind in the solution.

3. Precipitation by hydrogen sulphide from a solution in

hydrochloric acid. The precipitated sulphide is much more active

than the salt which remains behind.

* Rutherford and Miss Brooks, Trans. Roy. Soc. Canada, vii. p. 21, 1901,

t Makower, Phil. Mag. [G], 9, p. 56, 1905.

X Bumstead and Wheeler, Amer. Jour. Soc, Feb. 1904.

§ Curie, Comptes Rendus, cxxvii. p. 175, 1898.
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Polonium has not been obtained in a pure enough state to give

a spectrum. As far as is known the radiation from it is entirely

of the easily absorbed types (1) and (4). The radiating power of

polonium is not permanent, it continually gets weaker and weaker.

It is probably one of the products of the disintegration of radium.

Actinium cDid Emaniiim.

Actinium, which was discovered by Debierne*, is a very radio-

active substance which accompanies the thorium extracted from

pitch-blende. It exhibits the same radio-active properties as

emanium, a radio-active substance accompanying the cerium earths

in pitch-blende discovered by Gieseli*. They both produce an

emanation which decays in a few seconds.

Atomic Disintegration.

111. The phenomena of radio-activity are coordinated in a

very striking way by the hypothesis of atomic disintegration which

we owe to Rutherford and Soddy. We shall only give a brief

account of this theory as it is discussed at length by Rutherford in

his treatise on radio-activity. According to this theory the atoms

of the radio-active elements disintegrate from time to time forming

atoms of other elements, and it is during the disintegration of the

atom that the rays characteristic of these radio-active substances

are emitted. Thus the radio-active substance is not permanent,

it is continually passing into another state, and it does this at

rates which vary greatly from one substance to another. In some

cases, as in that of thorium emanation, the rate of decay is so rapid

that the substance practically disappears in a few minutes ; in

others, as in thorium itself, the rate of decay is so slow that no

appreciable diminution in the amount of the substance occurs in

a thousand years. Thus to take the case of thorium, some of the

atoms of thorium are supposed to disintegrate into a particles and

an atom of a new substance, thorium A' ; if A^ is the number of

thorium atoms present at the time t, the number which disintegrate

in unit time will be \N where A, is a constant, and we have

at

N=N,e- -Kt

* Debierne, Coviptes Rendus, cxxix. p. 593, 181)9 ; cxxx. p. 90(), 1900.

t Giesel, Ber. d. D. Chein. Gen. p. 3G08, 1902 ; p. 342, 1903.

T. G. -23
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where Nq is the number of thorium atoms when ^ = : we see from

this that the number of thorium atoms will be reduced to one-half in

log 2
a tune Rutherford estimates this time at 2*4 x 10^ years.

The atoms of thorium X disintegrate into a particles and

atoms of the thorium emanation; the rate of transformation is

much more rapid than for thorium itself, being at a rate that

would reduce the number of thorium X atoms to one-half in 4 days.

The atoms of the thorium emanation disintegrate into a particles

and atoms of the substance which produces the deposited radio-

activity caused by the thorium emanation ; the rate of transforma-

tion being so rapid in this case that the number of atoms of the

thorium emanation would be reduced to one-half in about 1 minute.

The following table, taken from Rutherford's Radio-activity, shows

the various transformations which the radio-active elements are

supposed to undergo. The arrows in the diagram indicate the

stages at which the various rays are emitted.

UF\ANIUM UH-X

Active oepos Slow Chance.

Fig. 84.
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Properties of the Rays.

178. We shall now consider in detail the effects produced by the

various types of rays emitted by the radio-active substances. So

far four types have been discovered, the a, /S, <y rays and a fourth

type consisting of very slowly moving corpuscles ; these only differ

from the /3 rays in the speed at which they are moving.

Tlie a rays.

These are easily absorbed rays emitted by most radio-active

substances and which are absorbed by a few centimetres of air.

At first it was supposed that these rays did not carry a charge of

electricity as their deflection in a magnetic field is so small that

for some time it escaped detection. Rutherford* however showed

in 1903 that they were positively charged particles. Strutt^f- had

previously suggested that they were positively charged particles

whose mass was very much larger than that of a corpuscle. The

method by which Rutherford showed that these rays are deflected

by magnetic and electric forces was as follows. A thin layer of

radium bromide was placed at the bottom of the vessel G (Fig. 85),

.J^nflow ofHydrogen

Earth

Outflow ofHydroaen

Fig. 85.

a series of vertical plates very close together were placed over this

layer and the radiation had to pass between these plates on its

way to the ionisation chamber V. A very slight deflection t)f the

* Rutherford, Fhil. Mao. [G] 5, P- 177, 1903.

t Strutt, Phil. Trans. A, 1901, vol. cxcvi. p. 525.

23—2
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rays was sufficient to make them strike against the sides of the

plates and prevent them from reaching V. Rutherford found

that a strong magnetic field where the lines of force were horizontal

and parallel to the vertical plates diminished the amount of

ionisation in V, and from the amount of this diminution the de-

flection of the rays could be calculated. From the magnetic

deflection the value of mv/e could be calculated by the method of

§ 59, 7)1, V, e representing respectively the mass, velocity, and charge

on the particle. In this way Rutherford found

^"=4-1x10= (1).

The direction of the deflection showed that the particle carried

a positive charge.

To get the deflection due to an electric field the plates were

insulated and alternate ones connected together so as to form two

sets of plates insulated from each other, one set was connected

with one terminal of a Wimshurst machine, the other set with the

other terminal, and thus a strong transverse electric force acted

on the a particles as they passed up between the plates ; this

diminished the ionisation in Y, and from this diminution the

deflection by the electric field can be determined ; from this the

value of viv^le can be deduced by the method of § 59. In this

way Rutherford found

— =1-025 xlQi' .....(2).
e

From (1) and (2) we get

- = 6 X 10^

v = 2o X lO** cm./sec.

We see from this that the value of e/m for these rays is of the

same order as 10^ the value of e/m for the hydrogen ion in the

electrolysis of solutions. Thus the mass of an a particle is

some thousands of times greater than that of a corpuscle ; in

consequence of this great mass, the energy possessed by an a

particle, although its velocity is less than that of some of the more

rapidly moving corpuscles, is much greater than the energy of these

corpuscles. In fact most of the energy of the radiation emitted

from radio-active substances is in the a rays. The a rays affect a
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photographic plate, and Becquerel* obtained a photograph of the

path of the rays from radium bromide in a magnetic field ; he

found that the direction of the deflection showed that the charge

of electricity on the rays was positive ; also that the curvature

of the path near the radium bromide was gi-eater than that far

away. The values he obtained for mvje ranged from 2"9 x 10' to

3'41 X 10^ agreeing well with Rutherford's result.

Descoudresf using the photographic method measured the

deflections of the a particle in both electric and magnetic fields

;

in this way he found

— = 2-5 X 10^ = 41 X 10",
e e

giving — = G'4 X 10-^ and v = 1'65 x 10".

Mackenzie;!: made at the Cavendish Laboratory numerous

measurements of the deflections of the a rays under magnetic and

electric forces. He used a modification of the photographic

method, placing in front of the plate a screen of zinc sulphide

;

this phosphoresced when it was struck by the rays and the phos-

phorescence affected the plate. The source of the a rays was

radium bromide ; his photographs showed that the a radiation

was not all of the same kind, for under the magnetic field the

image of the slit through Avhich the rays passed was considerably

broadened, showing that the rays had not all experienced the same

deflection. The broadening under the electric force was not so

marked as that under the magnetic. This is probably due to

the exposure not being so prolonged in the electric as in the

magnetic field, for if we assume that elm is the same for all the

particles and that the rays differ only in their velocity, the dis-

persion should be greater in the electric than in the magnetic

field as the deviation under electric forces varies as the square,

while that under magnetic force only as the first power, of the

velocity. If, however, there are comparatively few rays with

velocities greatly different from the mean, it will require a very

long exposure to get a picture of the edges of the beam of a. rays.

Mackenzie made experiments in which the length of path

* Becquerel, C. E. VM, p. 1517, 1903.

t Descoudies, PInjx. Zeit. 4, p. 483, 1903.

t Mackenzie, Phil. Mag. [C] 10, p. 538, 1905,
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traversed by the rays in the magnetic field was varied. From
these he showed that an a particle retained its charge during

the whole of its course from the radium bromide to the photo-

graphic plate.

Mackenzie found as the results of the experiments in the

magnetic field, values of— ranging from 2"65 x lO'^ to 392 x 10^

The experiments in the electric field gave 4'11 x 10^^ as

the value of mv'-^/e, these results give values of v ranging from

1"11 x 10^ to 1'64 X 10^; these are the velocities with which the

a particles emerge from a thin layer of mica covering the radium

bromide. Mackenzie calculated that the velocities of the particles

were reduced by about 6 per cent, in passing through the mica, so

that the velocities on leaving the radium would be from 1*18x10^

to 1-74 X 101 The values of e/m range from 3 x 10^^ to 6-05 x 10^,

the mean being about 5 x 10-'. If the a. particle carried the same

charge as a corpuscle, the value of e/ni would, if it were a hydrogen

atom, be 10^ if it were an atom of helium it would be 2*5 x 10^ if

it were a molecule of hydrogen 5 x 10*. It is probable, from

other considerations, that some if not all of the a particles will

be atoms of helium, for a considerable number of a particles are

emitted by radio-active substances and therefore we should expect

to find along with these substances the element of which the

a particles are atoms ; we do find the element helium present

along with radio-active substances and this is strong prima facie

evidence that some of these particles are helium. The deter-

minations of e/m are not in accordance with this view, if we
assume that the charge on the atom is the same as that on a

corpuscle ; we know nothing however about the magnitude of this

charge and if the charge on the a particle were twice that on a

corpuscle, the values of e/m for these particles would be in good

accordance with those for a helium atom. As to the question

whether or not all the a particles are helium, we must remember

that it is easier to establish a definite relation between the rate

of production of the gas and the amount of radio-activity for a gas

like helium which does not enter into any chemical combination

and which only occurs sparingly, than for a gas like hydrogen, of

common occurrence and of which, even if it were produced by

radio-active substances, the amount arising in this way would

be small compared with the total amount present.
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179. When a thick layer of radium is used the a rays which

emerge have come from different depths below the surface and so

must emerge with different velocities, having travelled different

distances in the retarding medium. Bragg and Kleeman however

by their researches on the absorption of the a rays (see § 182) have

shown that there is a more fundamental reason than this for the

variation in velocity, and that the different disintegration products

of radium emit a rays of different qualities.

There is good reason for supposing that polonium is one of the

disintegration products of radium. Mackenzie found for the a rays

from a specimen of radio-active tellurium (polonium) obtained

from Sthamer the value 3"3 x 10' for mvle, which is intermediate

between the greatest and least values he found for the rays from

radium bromide. Hough has recently determined at the Cavendish

Laboratory the value of e\vi iov the a raj^s from this substance : he

finds that it is equal to 4'8 x 10'', and is thus approximately the

same as for the a particles from radium bromide.

180. The a rays lose their power of affecting a photographic

plate suddenly after passing through a certain thickness of air or a

smaller thickness of a denser substance. Rutherford* measured

the value of mv/e for the a rays given out by a thin layer of radium

G after the rays had traversed successive layers of aluminium, he

increased the number of layers until the rays ceased to affect a

photographic plate ; the results are given in the following table,

the thickness of each layer of aluminium foil was "00031 cm.

Number of layers Vakio of mv\e

5

8

10
12

13

1

•85

•76

•73

•64

no photographic effect

From these results we see that just before the rays lost their

power of affecting a photographic plate they still possessed about

40 per cent, of the very large amount of energy they had when

they emerged from the; radio-active substance. T1k> loss of

* Rutherford, /'////. Umj. [0] 10, p. 1()3, l'.)05.
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velocity in passing through the different layers is very nearly

proportional to the number of layers passed through ; the experi-

ments however are hardly decisive between this supposition and

the alternative one that the loss of energy is proportional to the

number of layers passed through.

The most probable reason for the loss of photographic power

(and this loss is accompanied by the loss of ionising power) seems

to me to be that when the energy of the a particle falls below

a certain value, a negatively electrified corpuscle gets attached to

the particle so that its positive charge is neutralised and it becomes

an uncharged atom with quite different properties from the original

a particle. In order that an a particle should separate from a

corpuscle after colliding with it, it is necessary that the relative

velocity of the particle and the corpuscle before impact must

exceed a definite value ; for let v be the relative velocity of a

corpuscle and particle, when they are separated by a distance a,

M the mass of the particle, m that of a corpuscle, E and e the

charges on the particle and corpuscle in electrostatic measm-e, then

we can easily show by the theory of Central Forces that if M is

large compared with m the condition that the particle should

get away from the corpuscle is that ^mv"- should be greater than

Eeja ; if this condition is not fulfilled the corpuscle will become a

satellite of the particle and make it electrically neutral. If we
put a equal to the radius of the particle then, as long as ^mv- is

> Eeja, the particle can not be neutralised, for it will be able to

^scapQ from the corpuscle after any collision ; if we put

ejm = 5-1 X 10^^ E=e = S-ox lO"'", a = 10-«,

the limiting value of v= 1"9 x 10^; if the velocity fell below this

value then it is possible that a collision might, if the bodies came

close together, result in the a particle having its charge neutralised.

The value found by Rutherford for the velocity of the a particle

when it ceases to ionise is considerably greater than the limiting

value just found, we need not attach much importance to this as

the value of a we used was the conventional one 10~*cm. and

not one deduced from any property of the a particle. If the

particle had a greater charge than the corpuscle, say twice the

charge, the limiting velocity would be higher, but in this case we

should expect the loss of ionising power to occur by two steps,

one when the positive charge was diminished to one-half when it

took up the first corpuscle and the other when the charge was

finally neutralised by a second.
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181. Absorption of the a rays. Some early experiments made

by Mme Curie* on the a rays from polonium showed that the

absorption of these rays presents some very interesting features.

The arrangement used to show this is represented in Fig. 86

:

PP, P'P' are two metallic plates between which the current

produced by a considerable potential difference is measured in

the usual way : the polonium is placed at A and the rays from it

go through wire-gauze at T. When the distance AT exceeded

^
BATTERY

ELECTROMETER

^^

Fig. 86.

4 cm. no current could be detected between the plates, as this

distance diminished the appearance of a current was very abrupt,

a small diminution in this distance making the current increase

from an exceedingly small value to an appreciable fraction of its

value when the polonium was quite close to T. When the

polonium is covered with a thin sheet of aluminium foil the

absorption produced by the foil is much greater when the distance

J.T is considerable than when it is small. The effects observed

with polonium (and they also occur as Mme Curie has shown

with the a rays of radium) are those which would be produced

if the polonium rays were homogeneous but became less pene-

trating after passing through an absorbing medium.

182. Recent experiments made by Bragg and Kleemanf have

thrown a great deal of light on the laws of absorption of these rays.

* Curie, Comi^tcs lioidus, cxxvii. p. 175, 1898.

t Bragg and Kleeman, Phil. Mcuj. [G] 10, p. 818, 1905.
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The method they used was to measure the ionisation produced in a

thin chamber AB by a narrow pencil of a rays coming from a small

quantity of radium R and to find how it varied as the distance

between the radium and AB was gradually increased. Since the

Fig. 87.

chamber was large enough always to catch the whole pencil of rays

no correction is needed for the spreading out of the rays as their

distance from the radium increases. To get the results in the

simplest form it is desirable to have only one radio-active substance

present. Radium bromide ordinarily contains not merely radium,

but also its disintegration products ; it can however be temporarily

freed from these by prolonged heating. In this case the curve

representing the relation between the amount of ionisation in

the chamber and the distance from the radium is of the kind

represented by (I) in Fig. 88, the ordinates representing the

distance from the radium and the abscissae the amount of ionisation.

We see that at first the ionisation actually increases as the distance

increases, when however a certain distance from the radium is

reached the ionisation very rapidly falls off to a small fraction

of its former value. Thus we may regard the a rays as being able

to penetrate a certain distance in air without loss of ionising

power, while after passing this distance they suddenly lose this

power almost entirely ; they lose at the same time their power of

producing phosphorescence and of affecting a photographic plate

;

this, as I have already stated, is in my opinion due to the a particle

losing its charge from its inability to keep away from negative

corpuscles with which it collides.
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Though the ionising power of the rays does not at first diminish

with increase of distance travelled by the rays, their velocity

as Rutherford's experiments show steadily diminishes and the

/

1 p

I
3 ^ ^

""^^^

1

r II III

Mate of Discharge in Arbitrary Units

Fig. 88.

increase of ionisation with the distance is probably an illustration

of the principle of which we shall find many examples that

the ionising power of rapidly moving charged particles increases as

the velocity of the particles diminishes. In interpreting these

results however we must not forget that secondary radiation is

produced by the impact of the rays with the matter through which

they pass. The effect of the secondary rays due to the passage

through the gas will increase with the distance while that due to

the impact against the further plate in the ionising chamber will

diminish.
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When instead of using a single radio-active substance we

use radium bromide in radio-active equilibrium which contains a

mixture of these substances the curves are more complex. Fig. 89

taken from a paper by Bragg and Kleeman* shows some specimens
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Fig. 89.

of these curves. It will be seen that they contain several points at

which the ionisation suffers an abrupt diminution, indicating that

the a rays from the different radio-active substances have different

penetrating power. From these curves Bragg and Kleeman (loc.

cit.) have calculated that the a rays emitted by radium and some

of its disintegi-ation products can penetrate the following distances

in air at atmospheric pressure before losing their ionising power.

Radium 3'50 cm.

Emanation or
|

Radium A
j

Radium A or
]

Emanation
J

Radium C 7-06

4-23

4-83

One set of a particles have a range of 4-23 cm., another a range

of 4-83 ; one of these comes from the emanation the other from

Bragg and Kleeman, Phil. Mag. [6] 10, p. 318, 1905.
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radium A ; it has not however yet been settled, whether the

a particles from radium A are those with the longer or shorter

range.

If a thin piece of metal is placed over the radium the ranges

of all the a particles are diminished by the same amount. This

is shown by the curves obtained by Bragg and Kleeman which are

represented in Fig. 90.

Fig. 90.

Absorption of a rays by different substances.

183. By comparing the drop in the range in air produced by films

of different materials we can compare the absorption of the a. rays

produced by these materials. Thus we see from the figure that a

film of silver for which the product of the density and thickness is

'00967 diminishes the range of the a particles in air by 3"35 cm.,

i.e. a silver stratum for which pd = "00967 produces the same

absorption as an air stratum for which /3Ci^ = 335 x "0012 = '00402.

In this way Bragg and Kleeman foimd the very interesting result

that the masses of unit area of strata of ecpial absorption are

proportional to the square root of the atomic weights of the

absorbing substances. Thus for example the masses of layers of
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oxygen and hydrogen producing equal amounts of absorption are

as 4 to 1, or if the pressures are the same the thickness of the

hydrogen stratum is four times that of the oxygen one, in other

words the ranges of the a particles in hydrogen and in oxygen are

in the proportion of 4 to 1

.

If ni is the mass of the atom, N the number of atoms in the

volume of the stratum cut off by a cylinder whose cross section is

of unit area, then the mass per unit area of the stratum is Nm and

for equal absorptions we must have -^- constant, i.e. N\/in must be

constant, or the absorption by equal numbers of atoms must be

proportional to the square root of the atomic weight.

This law of absorption is quite different from that of rapidly

moving negative corpuscles, in the latter case equal absorptions

are approximately produced by equal masses ; thus a stratum of

hydrogen to produce the same absorption of the negative corpuscles

as a stratum of oxygen would have to be sixteen times thicker,

while to produce equal absorption of the a rays only four times

the thickness would be required. Thus increase in the atomic

weight does not produce the same increase in absorption for the

a. rays as it does for fast cathode rays, while in the case of soft

Rontgen rays increase in atomic weight produces even greater

increase in absorption than it does for cathode rays.

The a rays emitted by different substances have different

ranges, the order in increasing range is

excited radiation
Thorium

Radium

Thorium

Radium

Polonium

Uranium,

184. If instead of using a narrow cone of rays from a speck

of radio-active substance we use all the rays given out by such

a substance spread over a considerable area, we shall find that the

ionisation at different distances from the radio-active substance

continually diminishes as the distance increases, and does not (like

that due to a thin pencil of rays) remain independent of the

distance when this is small. An inspection of Fig. 91 will show
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at once why this is the case, the a rays are emitted in all directions

and an oblique ray like FQ may have to travel more than the

M

Fig. 91.

critical distance before it crosses the plane LM oven though the

distance of this plane from the radio-active substance is much

less than the critical distance; the proportion of oblique rays which

fail to reach the upper plane increases with the distance of this

plane from the substance, and thus the ionisation will diminish as

this distance increases, however small the distance may be.

The earlier experiments on the absoi-ption of the a rays were

made with such a disposition of the radio-active substance and the

diminution in the ionisation as the distance increased led to the

belief that the intensity of the a rays at a distance d from their

source was proportional to e"'^'^; the experiments of Bragg and

Kleeman have shown that this is not the case.

185. Ionisation produced by a rays wJien tJiei/ pass through

different gases. Strutt* has made a very extensive series of

experiments on the ionisation produced by a. rays when they pass

through different gases, the pressure of the gas in the ionisation

vessel being so low that the a rays passed through the vessel with-

( >ut losing their power of ionisation ; this was tested by measuring

the ionisation at different pressures and reducing the pressure

until the ionisation was exactly proportional to the pressure. The

results are given in the following table and it will be seen that

they suggest that except for hydrogen and methyl iodide the

ionisation is proportional to the density of the gas. Other con-

siderations show however that this cannot be the law connecting

the ionisation with the molecular weight of the gas. For by this

law the amount of ionisation pi'oduced by an a ray per luiit length

of its path through a gas would be proportional to the density of

the gas. Bi'agg and Kleeman have shown however that in a gas

at constant pressure the length of path during which the a particle

* Hon. R. J. strutt, Phil. Trans. A. I'JC, p. 507, lUOl.
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acts as an ioniser is approximately inversely proportional to the

sum of the square roots of the atomic weights of the atoms in a

Table I.

Gas Relative density
Relative

ionisation

Ionisation

calculated on
square root law

Hydrogen 0-0693
1-00

1-11

1-53

1-86

2-19

4-32

5-05

5-31

0-226
1-00

1-16

1-54

1-94

2-04

4-44

3-51

5-34

0-26

1-00

1-08

1-50

1-88

1-80

3-15

2-40

3-6

Air
Oxygen
Carbon dioxide

Cyanogen
Sulphur dioxide

Chloroform
Methyl iodide

Carbon tetrachloride...

molecule of the gas, or in the case of an elementary gas to the

square root of its density at a constant pressure. Combining
this with Strutt's result that the ionisation per unit length of

path is proportional to the density we see that the total number
of ions produced by the a particle would be proportional to the

square root of the atomic weight of an elementary gas. Thus if

both these laws were true the a particles ought to produce more

ions in gases of large atomic weight than in those of low provided

the particles are entirely absorbed by the gas. The variation in

the number of ions would be large, thus in marsh gas CH4 the

number would only be about half that in hydrogen while in iodine

vapour the number would be eleven times that in hydrogen.

Rutherford gives the following results for the relative

numbers of ions produced when the a rays fi-om uranium are

entirely absorbed by different gases.

Gas Number of ions
.

Air
Hydrogen

100 100
95 90
106 1 08Oxygen

Carbon dioxide

Hydrochloric acid

Ammonia

96
102
101

101

1.30

70
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These results suggest that the number of ions produced when
the a rays are absorbed is much the same in all gases. Laby has

recently made experiments at the Cavendish Laboratory on this

point and has found that though there are unmistakable differ-

ences in the number of ions produced in different gases, the range

of these differences is very much smaller than they would be if the

ionisation were proportional to the density and that in general the

differences are small. Laby's results are given in the following table.

Table II.

Gas
Density

P
Formula

Stopping power
given by Bragg

Total ionisation

and Kleeman

Found
I

Calculated on
the assump-
tion that J is

proportional

to p

Experi-
ment

Calcul.

by ^^/ law

Air (standard)...

Niti'ous oxide ...

Carbon dioxide

Acetylene
Pentane

l^OO
1^52

1-53

•97

2^50

2^22

3-31cal.

2-67

•59

1^53cal.

Nob
CO2
C2H')

CH, . CI

CH,.Br
(C,Hs).,0

NH3'
CH3 . CHO

1^00

r46
P47
l^ll

3^59

2-36

2-09

3-40

1-88

1^00

1^52

1^51

M7
3-86

2^31

2-03

3^67

•89

r96

roo
97

1-03

1-27

1-34

1-18

1-02

1-29

90
1-05

1-00

ro4
1^05

•87

•71

•94

•78

•66

•82

Ethyl chloride...

Methyl bromide
Ethyl ether

Ammonia
Aldehyde

If the variations in the total number of ions produced are

small, the amount of ionisation per unit length of path must be

inversely proportional to the length of the path, i.e. the amount of

ionisation per unit length of path must be proportional to the

sum of the square roots of the atomic weights of the atoms in the

molecule. The ionisation according to this law is given in the

third column of Table I, p. 368. If we compare the results given

by this law, which we shall call the square root law, with those

given by the law that the ionisation per unit length of path is

proportional to the density of the gas, we see that the square root

law has the advantage of bringing hydrogen into line with the

other gases ; on the density law the behaviour of hydrogen is quite

exceptional. Laby's results show that the density law is untenable,

and that for a considerable number of gases the square root law is

true. The square root law will not hold for those gases in which the

T. G. 24
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total ionisation differs appreciably from that in hydrogen ; if the

total ionisation is in excess the ionisation per unit length in the

gas will exceed that given by the square root law, while if the

total ionisation is less than that in hydrogen, the square root law

will give too high a value for the ionisation per unit length.

The ionisation produced by an a. particle seems to depend

upon its charge, for these particles, as Rutherford has shown,

cease to ionise at a stage when they possess far greater kinetic

energy than is necessary to make an ordinary gaseous positive ion

produce ionisation by collision : the most natural explanation of

this seems to be that the cessation of ionisation by the a particle

is due to its charge having been neutralised by a corpuscle so that

the system no longer produces an external electric field. If the

ionisation is due to the electric field we may suppose that when

an atom comes so near to the a particle that the force at the atom

due to the particle exceeds a certain value F, a coi^uscle is dragged

from the atom and the gas is ionised. The force due to the a

particle at a distance r is equal to ejr-, hence every atom will be

6
ionised which comes within a distance d of the particle, if -p = F.

If iV" is the number of atoms jjer unit volume the number of

atoms ionised by a particle per unit length of path will be Nird'-

or irNejF. If the square root law of ionisation is true it follows

that the electric force required to pull a corpuscle from an atom is

inversely proportional to the square root of the atomic weight.

186. We shall now proceed to enquire under what conditions

an a particle, which is probably an atom of helium, could travel

through 7 cm. of air at atmospheric pressure and have its velocity

reduced from 2"6 x 10* to 2 x 10* cm./sec. We shall use the

methods developed by Maxwell in his paper on " The Dynamical

Theory of Gases," Collected Paj)ers, vol. ii. p. 36, supposing that

the a. particles and the atoms of the gas through which they are

passing exert forces on each other depending on the distance

between them.

187. The a particles are moving so rapidly that the other

particles may be regarded as at rest ; let us suppose that the

force between an a particle and a particle of matter is, when they

are at a distance r apart, — , then if V is the velocity of the

a particle, il/j, il/g the masses of the a particle and a particle of
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matter respectively, we have, if 8V is the increase in V pro-

duced by a collision between an a particle and a particle of

matter, and 26 the angle through which the direction of the

relative velocity of the a particle and the molecule against which

it collides is deflected,

2M..

(see Maxwell, " The Dynamical Theory of Gases," Collected Papers,

vol. II. page 36) : 6 is given by the equation

^^^'^^ ^ = ^1^ (if. + 11.3)
]

'

and x is the root of the equation

n — \ \aj

h being the perpendicular distance from the molecule on the

direction of motion of the particle before collision : 6 is thus

a function of a and u. If the a particle moves through a distance

Ax, then in traversing this distance the number of molecules with

which it collides having values of b between b and b + 8b is

^irbhbNAx where N is the number of molecules per unit volume.

If the effects of these collisions are additive, as they will be

to a first approximation if the value of SF for each collision

is small, AV the increase in V when the a particle moves through

a distance Ax is given by the equation

AF=- ~^^^ VNAx siir e.bdb
M^ + M. Jo

2

M, + Mo\ (V'M.Al.^
j Jo

Now ^ is a function of n and a only. Hence 1 -iTr sin'- dada
Jo

will be a function of /; alone and will not involve V, M^, or Mo: let

us call it ^1, then

d_V_ M, (K{M, + M,)f=-^
'1^1

dx~ m, + mA m,j\l J
'

24—2
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If the law of force is that considered by Maxwell, i.e. the inverse

dV .

fifth power of the distance, n = 5 and thus -y- is independent of

the velocity.

If however the law were the inverse fifth power, the penetra-

tion of the a particles would, unless their constitution differs very

much from that of an ordinary atom, be very much less than is

actually the case. We can calculate the penetrating power of

helium moving through air as follows. If D is the coefficient of

diffusion of helium through air, then (see Maxwell, Dynamical

Theory of Gases)

where J9i , pi ,
ji?2

) ^2 are the partial pressures and densities of the

helium and air respectively and p = Pi-\-pi', in our case when

the number of a particles is small compared with the number of

molecules p =po.
dV

Comparing this with the expression for -j— we see that

dV 1 «i 10" . , ,

l^ = -Dpr~2D approximately,

when D is the value at 0° C. In the absence of any direct deter-

mination of D we shall assume that it is about the same as

dV
hydrogen through air, i.e. about "6, hence -^ would be about 10".

Rutherford's experiments show that the velocity of an a particle

falls fi-om 2'6 x 10** to 2 x 10** cm./sec. in 7 cm., hence for the a par-

dV .

tides -r- is of the order 10^ or only about one hundredth part of

the calculated value ; thus if the law of force were the inverse

fifth power of the distance, the penetrating power of the a particles

could not exceed one hundredth part of their actual value. If 7i is

less than five the penetrating power will increase rapidly with the

velocity and a value of ?i between 3 and 4 would give sufficient

penetrating power to be in accordance with the observations.

The variation of viscosity with temperature shows that between

molecules of the same kind n must be greater than 5, but the

case of the a particles differs materially from that contemplated in
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the Kinetic Theory inasmuch as these particles are charged with

electricity which will affect the forces between them and the

molecules of the gas through which they pass. It may be noticed

dV
that 1/D, which is proportional to -,-

, is for many pairs of gases

approximately proportional to the product of the square roots of

the atomic weights, a result analogous to Bragg and Kleeman's

square root law.

On the detection of the positive electrification on the a. rays, and the

emission of sloivly moving negatively electrified jmrticles by

radio-active substances.

188. The detection and measurement of the positive charge

carried by the a rays is somewhat difficult owing to radio-active

substances emitting large quantities of slowly moving negatively

o-f

Fig. 9'^
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electrified particles : the method by which I detected these particles

and the charge on the a j)articles is as follows*.

A gold-leaf electroscope A (Fig. 92) was placed in a large glass

vessel coated with tin-foil connected with the earth, the leaves of

the electroscope were supported by a rod of fused quartz and were

charged by the wire D, a polonium disc (obtained from Sthamer)

was placed in the side tube i) at a distance of about 1 millimetre

from the electroscope, and the tube was exhausted to a very low

vacuum by Dewar's method of cooling charcoal with liquid air.

The vessel was placed between the poles of a powerful electro-

magnet which when excited gave a field of about 12,000 units

between the polonium disc and the electroscope. When there was

no magnetic field the leak when the electroscope was charged

positively was large, much larger than when it was charged

negatively, whereas if there had been nothing but a rays given

off from the polonium the leak would have been greater when the

electroscope was charged negatively. The large positive leak is

due to slowly moving corpuscles given off by the polonium ; these

are moving very slowly, their velocity corresponding to a fall

through a potential difference of the order of 2 or 3 volts, whereas

the ordinary /3 particles have velocities corresponding to a fall

through many thousand volts. In consequence of their low velocities

these corpuscles are stopped by a thin layer of air, so that in order

to detect them it is necessary to have a very good vacuum. I have

found that they are given off by radium and uranium as well as

polonium, and Miss Slater has shown that they are also emitted

by thorium and by the radium emanation. The emission of these

corpuscles will leave the particles of the emanation with a positive

charge and will thus explain the tendency of the emanation to

condense on negatively electrified bodies.

Thus slowly moving corpuscles can be stopped by a strong

magnetic field and when this is done we can detect the positive

charge on the a particles, for in the presence of a strong field it is

found that the leak of the electroscope shown in Fig. 92 is zero

when it is charged positively and quite appreciable when it is

charged negatively, showing that the a particles from the polonium

carry a positive charge. Rutherford f has also by a similar method

detected the positive charge on the a particles.

* J. J. Thomson, Troc. Camb. Phil. Soc. xiii. p. 49, 1904.

t Rutherford, Phil. Mag. [6] x. p. 193, 1905.
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189. Absorption of cathode rays. If a layer of matter is placed

in front of a stream of corpuscles, the stream after passing through

the plate differs in two respects from the incident stream ; in

the first place the number of corpuscles in the former stream is

less than that in the latter, and secondly the energy of the

individual particles in the stream is diminished by the passage

through the layer ; the emergent stream is also more diffuse than

the incident one. It is necessary to distinguish these effects

because in some experiments it is merely the diminution in the

number that is measured, in others it is the diminution in energy,

while in others the effects observed depend upon both the diminu-

tion in the number and the diminution of the energy. An example

of the first kind is Seitz's experiment in which the quantity

measured is the charge earned by the rays which get through the

plate ; this depends only on the number of corpuscles ; an example

of the second kind is Leithauser's experiment where the magnetic

deflection of the ray was measured after passing through the plate
;

and examples of the third kind are experiments such as those of

Lenard and Rutherford in which the effect produced by the inter-

position of the layer on the phosphorescence or ionisation produced

by the rays is measured. The diminution in the number of

corpuscles is due to the deflection of the coi'puscles under the forces

exerted upon them by the atoms through which they pass ; if a

corj3uscle passes very close indeed to one of the corpuscles inside

an atom the path of the corpuscle will be deflected—if it is deflected

through more than a right angle, the corpuscle will turn back and

will not emerge from the plate ; instead of being deflected all at

once by one collision, the reversal may be produced by the

accumulation of the effects of several collisions.

Calculation of tJte coejficient of absorption of catJiode particles.

If we suppose that an atom consists of a number of corpuscles

distributed through positive electrification we can find an ex-

pression for the absorption experienced by corpuscles when they

pass through a layer containing a large number of such atoms.

The rapidly moving corpuscle will penetrate the atom and will be

deflected when it comes near an inter-atomic coi-puscle by re-

pulsion between the corpuscles, this deflection will produce an

absorption of the cathode particles. If the corpuscle in the atom

is held fixed by the forces acting upon it, the colliding corpuscle
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will, after the collision, have the same velocity as before, though

the direction of its motion will be deflected ; if the atomic coqDuscle

A is not fixed the colliding corpuscle B will communicate some

energy to it and will itself go off after the collision with

diminished energy. Without solving the very complicated

problem which presents itself when we take into account the

forces exerted by the other corpuscles, we can form some idea of

the effects produced by such constraint by following the effects

produced by increasing the mass of J.. The general effect of great

constraint would be represented by supposing the mass of A to

be very large, while absence of constraint would be represented

by supposing the mass of A to be equal to that of B.

Let i¥i, i/2 be the masses of the corpuscles A and B respect-

ively ; we shall suppose the velocities of the colliding corpuscles so

great that in comparison the corpuscles in the atom may be

regarded as at rest. Let V be the velocity of B before the

collision, 6 the perpendicular let fall from A on V. Then if 20

be the angle through which the direction of relative motion is

deflected by the collision, we can easily show that, taking the

force between the corpuscles to be e-/r",

sm- u =

1+ ' 1 -

If u, u are the velocities of B parallel to x before and after

collision,

,,' -u = - -J^^ 2 sin^ e + , , -^V sin 20 cos ^ VF^^^
if1 + ilf

2

if1 + if

2

^

(see Maxwell, Dynamical Theory of Gases, page 36), where 4> is

the angle between the plane containing h and V and that

containing V and x : averaging, the term containing cos will

disappear and we have

M,u 1
u — ^( = — 2

M, + ifo U'V^ ( M,M, C-

If there are N of the inter-atomic coqDuscles per unit volume,

the number of collisions in which h is between h and b + db made
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by a corpuscle B when it travels over a distance Aa; is N/^xlirhdh.

Hence if Aii is the change in the velocity of the B corpuscle in A./',

. . X c ^r. Ml /''' ^irhdh ,,.

where 61 is determined by the condition that our expressions

only apply when the corpuscle B comes into collision with

the A corpuscles one at a time, so that the shortest distance

between A and B must be considerably less than a, the distance

between two corpuscles in the atom.

If 7' IS the least distance between the fixed and moving cor-

puscles, we can easily show that

. _h2_2f_ M, + M.,

r'
- V'r 31JI, '

Thus putting ? = a, we see that bi is of the order

f _ 2eU% + ]\L ]i

Integrating equation (1) we get

dx ^^
•

M, + M, V (31JLy

WVU M,M,
1oq:U +

Since the logarithmic term only varies slowly we may put for b^

any quantity of the same order without greatly affecting the

result; putting

, /, 2e- M, + AL\i
bi = a{l —

we get

d .
,

^irNe' . {M, + M:)
,

(aV M,M„
dx ^''^ =-'' F- . MJl.^ ' ^'^g (^- MT^, - ^

Thus, neglecting the loss of kinetic energy of the corpuscles,

the number of corpuscles crossing unit area in unit time varies

as e"'^"'" where

X is the coefficient of absorption measured in experiments like
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those of Seitz and Becker when the charge carried by corpuscles

coming through layers of different thicknesses of various metals is

measured. This expression only applies when the velocity of the

corpuscle is so great that the corpuscle is able to penetrate the

atom and come into the neighbourhood of the corpuscles inside

the atom; if the velocity of the corpuscle is small it will be turned

back almost as soon as it enters the atom, in this case the collisions

are between corjDUScles and atoms and not between the moving

corpuscle and the individual corpuscles in the atom ; the value of

A, should be now equal to 2jSl where I is the mean free path of a

very small body moving through the atoms of the absorbing

substance ; if the latter is a gas, and ^i the mean free path of its

molecules, I = 4V2^i.

190. Let us now consider the effect produced on the energy of

the corpuscles by their collisions. Using the notation of the last

paragraph we can easily show that if T is the kinetic energy of a

coi-puscle before the collision, 8T the increase in T produced by

the collision, then on the average

and hence if AT is the average change in T when the corpuscle

moves through a distance A^-,

or ^ = -27r-,^^log -^^-—^,
-1 (^)

= - 2^
'^ay-

Thus T instead of diminishing according to the exponential

law will be given by an equation of the form

T/ = T^'-2^x,

if we neglect the variations in the logarithmic term which occurs

in /3. This relation is obtained on the supposition that the
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velocities of the corpuscles are sufficiently great to carry them into

the interior of the atom ; for small velocities we can easily show-

that _

where / is the quantity defined on page 378 and M^ is the mass of

a molecule of the gas : as Mo is small compared with M^ we may

write this equation in the form

dx - SMj'

so that T will vary as e~'^-'' where /i = ?: ^=^

.

191. There are thus very marked differences between the

effects of the absorbing medium on the 'absorption' due to

diffusion and on the absorption of the energy. The former

follows the exponential law, the latter does not. Again the

coefficient A, which measures the diffusive absorption does not

vary nearly so rapidly with il/j, the effective mass of the corpuscle

with which the cathode ray comes into collision, as does /3 the

quantity measuring the absorption of the kinetic energy of the

rays ; the latter is inversely proportional to M^ while the former

is only diminished by one-half when M^ increases from 31, to

infinity. We should expect from this that the absorption of the

kinetic energy should depend much more on the structure of the

atom of the absorbing medium than the absorption due to

diffusion.

192. We can express the value of X, in terms of P, the number

of corpuscles in an atom of the absorbing substance, for if S is the

density of the substance, ni the mass of an atom, PS = Nm and

equation (2) becomes

_ 47rgP _^ i/i + iM, , /oF- MJL_
^~ mV' M.r M, ^^Ke'M. + M,

putting elM. = VI x 10^ .V„ e = 3-5 x \0"\ and ejin = IQ'V.jw,

where Y^ is the velocity of light and w the atomic weight of the

absorbing substance, we get

B~ 10 V' ^^ ' ^^ M, ^^^ [ e' J/, + M, V •
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We have data by which we can determine Xjd, for Rutherford

has determined the diminution in the ionisation produced by
the /3 rays from uranium, which are much more nearly uniform

in velocity than those from radium, when they pass through

various substances, and assuming that it falls off according to

the exponential law e"^''^, he finds the following values for X'jh.

Substance X' 5 V/S

Glass
Mica
Ebonite
Wood

14
14-2

6-5

2-16

3-7

44
14
60
75

122

96

2-45

2-78

1-14

40
•70

7-8

2-6

8-6

10-5

11-5

7-3

5-7

5-1

5-7

5-4

5-3

5-6

5-4

7-0

7-1

10-8

13-2

Cardboard
Iron

Aluminium
Copper
Silver

Lead
Tin

The value of \i is not necessarily the same as that of \, as the

ionisation in the vessel is influenced by the diminution in their

kinetic energy as well as by the diminution in their number. The
diminution in the kinetic energy if not accompanied by a diminu-

tion in their number would produce an increase in the ionisation,

as we see from equation (3) that the energ}- communicated by the

cathode rays to the atoms through which they pass increases as

the energy of these rays diminishes, so that \^ is less than X.,

though probably of the same order of magnitude. Becquerel

found that the velocity of the jB rays from uranium was

1-6 X lOiVm./sec.

Substituting this value of V in equation (2) we find, if J/j is large

compared with M.^,

\ IP, M,M, -1

Comparing this with the value given above for the uranium

rays and remembering that the logarithmic term is not very large

we see that P will not be greatly different from w, a result we
arrived at from different considerations on p. 327, i.e. that the
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number of corpuscles in an atom is a quantity of the same order

as the atomic weight.

193. The expression for X is inversely proportional to the

fourth power of the velocity and thus diminishes very rapidly as

the velocity increases—the penetration of the rays increases with

great rapidity with the velocity. This result is amply confirmed

by experiment, as the following results given by Lenard* show.

Velocity of corpuscles
expressed as due to
a potential fall in

volts

Velocity of corpuscles
expressed as a
fraction of the
velocity of light

A for the following gases at a pressure
of 1 mm. of mercury

Hydrogen Air Argon
Carbonic

acid

6
30

1/270
1/120

44
14-6

30
27

28
26

34
32

100 1/70 6-01 21 20 28
1000 1/20 1-2 3-9 4-2 7

40000 1/10 0-19 0-85 1-3 2

30000 ? 1/3? 0-00062 0-005 — 0-0067

1 0-0000006 0-000009 0-00001 0-00001

It will be seen that for the more rapidly moving corpuscles the

absorption diminishes very rapidly as the velocity increases, while

for the slower corpuscles it varies but slowly with the velocity

;

this is in accordance with the considerations given above, and

arises from the slower corpuscles not being able to penetrate into

the atom. It is remarkable that hydrogen, which absorbs the

quicker rays less than any of the other gases, has the greatest

absorption for the slowest rays. The absorption of hydrogen for

the slowest rays is greater than we should have anticipated, for

the mean free path of a hydrogen molecule moving through

hydrogen at the pressure of 1 mm. of mercury is

760 X 2 X 10- cm.

hence I the mean free path of a corpuscle moving, as do the

slowest of those given in the table, with a velocity large compared

with the mean velocity of a hydrogen molecule, is

4 V2 X 760 X 10-= cm. or 4-2 x 10"=.

We have seen that the value of X, for the slow corpuscles is 2/3/,

* Lenard, Annalen der rinjsik, xii. j). 732, 1903.
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i.e. about 16, the value given by Lenard is 44. The vakies of 2/31

for air, argon, and COn are respectively 32, 31, 46.

The absorption of the rays by air, argon, and carbonic acid is

about what we should expect if we suppose that the charge on the

corpuscle does not influence its free path ; the absorption by

hydrogen is however considerably greater than the value got on

this supposition, suggesting that the force between the hydrogen

molecule and the charge on the corpuscle is sufficient to make the

free path of the charged corpuscle considerably smaller than that

of an uncharged body of the same size : we shall see that the

absorption of hydrogen is anomalous with rapidly moving corpuscles

as well as with slow ones.

Seitz* has made a series of determinations of the number of

corpuscles passing through thin layers of metal, for corpuscles

moving with different velocities ; his results, which do not seem

to have been corrected for the reflection of corpuscles at the

surface of the layers, indicate a coefficient of absorption varying

inversely asaV^— bV* where Fis the initial velocity of the corpuscle

and a and h are constants.

Connection hetiueen the coefficient of absorption and the density

of the absorbing substance.

194. For rapidly moving corpuscles the coefficient of absorp-

tion is roughly proportional to the density. This was first shown

by Lenard
-f-

for rapidly moving cathode rays, emerging from the

discharge tube through a thin aluminium window—the rays had

a velocity corresponding to that given to the charge on a corpuscle

through a fall of potential of about 80,000 volts. Lenard estimated

the intensity of the rays by the luminosity they produced on a

phosphorescent screen, so that the coefficient of absorption he

measured was that corresponding to the change in the energy

carried by the rays through unit area in unit time, and not merely

the change in the number of corpuscles passing through this area.

Lenard's results are given in the following table, where X is the

coefficient ofabsorption and d the density ofthe absorbing substance.

* Seitz, Aim. der Phys. xii. p. 860, 1903.

t Lenard, Wied. Ann. Ivi. p. 255, 1895.
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Substauce \ cm.-' d gr./cm.'' Xjd

Hydrogen at 3 mm. pressure
Air at 78 mm. pressure

-00149

-00416

-476

3-42

8-51

3310
2690
7810
7150
7250
23800
32200
55600

3-6x10-7
l-2xl0-«
8-5x10-5
1-2x10-3
2-7x10-3
1-1

1-30

2-47

2-70

2-80

8-90

10-5

19-3

4040
3330
5610
2780
3110
3010
2070
3160
2650
2590
2670
3070
2880

Hydrogen at 760 mm. pressure . .

.

Air „ „ „
SO,

_ „ „
CoUodium
Paper
Glass

Aluminium
Mica
Dutch metal
Silver

Gold

Thus though the density of the lightest substance is but

one fifty-millionth of that of the heaviest, the values of X/d

only range from 2070 to 5610. Hydrogen shows an abnormally

high absorption ; if we leave out this gas the range in \/d is only

from 2070 to 3330. Thus \/d varies very little ; the differences in

the values of this quantity for different substances seem however

to be real and would repay further investigation from the light

they might be expected to throw on the structure of the atom.

Substance \ cm.-' d Xjd

Platinum
Lead

157-6

62-5

65-7

49-2

52-2

51-2

40-3

10-8

12-5

11-6

5-45

4-77

3-84

-0413

21-5

11-4

10-6

8-95

7-76

7-3

7-2

2-74

2-73

2-7

1-36

1-14

1-0

•0078

7-34

5-48

6-20

5-50

6-74

7-01

5-58

3^94

4^58

4^30

4-01

4^18

3^84

5^45

Silver

Copper
Iron
Tin
Zinc
Mica
Glass
Aluminium
Celluloid

Ebonite
Card
Sulphur-dioxide...

Strutt* has measured the coefficient of absorption of the much

more rapidly moving corjjuscles given out by radium, measuring

the intensity of the stream of corpuscles by the ionisation they

* Hon. E. J. Strutt, Nature, Ixi. p. 539, 1900.
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produced ; his coefficient like that of Lenard measures the rate of

diminution of the energy carried by the corpuscles. The coi'puscles

coming from radium are projected Avith different velocities, so that

the intensity cannot be represented by one exponential term, and

the values obtained for the coefficient of absorption will depend

somewhat on the thickness of the absorbing layer. Strutt's

results are given in the preceding table.

The values of X/cZ for platinum, tin, iron, are abnormally high

;

this is confirmed by the results given on p. 380 for the corpuscles

emitted by uranium, and also by some recently obtained by

Godlewski* for those given out by actinium. The intensity of

the rays was measured by the ionisation they produced so that

the coefficient of absorption was of the same kind as that obtained

by Lenard and Strutt.

The following table contains Godlewski's results for the rays

for actinium for a few metals along with those obtained by

Rutherford for the uranium rays and by Strutt for the radium rays.

Substance Actinium Uranium Radium

X X/rf X X/d X X/d

Aluminium 32-7 12-9 14-0 5-4 11-6 4-30

Mica 33 12-0 17-2 5-1 10-8 3-90

Brass 108 13-1

Copper 139 15-9 60 7-0 49-2 5-50

Tin-foil 154
163

15-7

14-1 12'2" 10-8

51-2

62-5

7-01

5-48Lead

The variations in \/d are smaller for the rays from actinium

than for those from uranivnn or radium, and indicate that the

proportion between the absorption of different substances depends

upon the velocity of the rays.

Crowther has recently measured at the Cavendish Laboratory

the values of X/D for a considerable number of elementary sub-

stances using the ^ rays given out by uranium. The results are

shown in Fig. 93, the elements being arranged in the groups

indicated by the periodic law. It will be noticed that the values

of X/D of the elements in the different groups show similar

variations with increase of atomic weight. The elements at the

* Godlewski, Phil. Mag. [6] x. p. 375, 1905.
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beginning of a group have smaller values of XJD than the elements

at the end of the preceding group, the values in the group increase

with the atomic weight and do so with exceptional rapidity at the

end of the group.

r
/Pt

/
As

-^(

p/ ?r^

Zr" -^ Pa

-c

/

Fig. 93.

If we suppose the absorption produced by each atom to be

unaffected by the presence of neighbouring atoms, then we can

show that \\D is equal to A,'/???-! where X,' is the absorption due to

one atom and m^ the mass of the atom. For if N is the number

of atoms in a plate of unit area and unit thickness

\ = i\^X', and D = Nm.,

hence

If we have a mixture or chemical compound of two elements

A and B, and if X^,. is the value of A. for the mixture, (\/D)4^,(\/D)s

the values of X/D for A and B when separated, A.^', Xjf the absorp-

tions due to an atom of A and B respectively, iVi , N., the numbers

of atoms of A and i? in a plate of unit area and unit thickness

:

then

X^^ = iV,\^/ + N.Xji = Niui, (\/D),, + N,m, {X/n)j„
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where nij and m.2 are the masses of the atoms of A and B ; if Z) is

the density of the mixture,

hence

i)

where il/j, JIL are the masses of A and B respectively in unit

volume, thus (\/D) is an additive property ; this result has been

verified by Crowther, it enables us to find the value of (\/D) for

substances which can not be obtained in the free state.

Seitz* has measured the mass per unit area of plates of

different substances which diminish the charge carried by the

/S rays from radium bromide passing through them to the same

extent. The charge was received on a metal plate connected with

an electrometer, the results are not free from ambiguity as the

charge received by this plate would be influenced by reflection

from the plate, the reflected rays not giving up their charges

;

the amount of reflection would depend upon the velocity of

the rays, and since the law of absoi-ption of the velocity of

the /3 particle is not the same as that of the number of the

particles, the equality of the chai'ge given to the electrometer

would not, unless the effect of reflection were allowed for, neces-

sarily imply that the plate connected with the electrometer was

struck by the same number of /3 particles. Seitz's results are given

in the following table.

Substance

Mass of unit area of

plate of substance
producing same

absorption as a tin

plate of unit mass

Substance

Mass of unit area of

plate of substance
producing same

absorption as a tin

plate of unit mass

Lead 0-745
0-83

0-84

1

1

1-227

1-258

1-29

1-34

Aluminium
Gypsum ...

Paper
Mica
Water
Paraffin

Ebonite
Carbon (gas-

coke)

1-56

1-57

1-57

1-57

1-66

1-69

1-73

1-86

Gold
Platinum
Tin
Silver

Dutch metal

40% silver nitrate

solution

Steel

Sulphur

Seitz, Phijs. Zeitsch. v. p. 395, 1904.
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Becker* has recently measured the coefficients of absorption

corresponding to the diminution in the number of particles passing

through unit area in unit time, for cathode rays produced by an

induction coil, and having a velocity corresponding to that of a

potential fall of about 35,000 volts. The results for gases are

given in the following table, X is the coefficient of absorption of

the gas at a pressure of 1 mm. of Hg, D the density of the gas.

Gas \ X/D

Helium
Argon

•000292
•00314

•00285

•00278

•00423

00662
•00278

•00330

•00219

•00230

1243
1412
1613
1730
1730
1747
1781
2117
2302
2486
2990

Oxygen
Air
Carbonic acid

Sulphur-dioxide

Nitrogen
Ethylene
Ammonia
Marsh gas

Hydrogen •000337

The values of A./i) for the inert monatomic gases are distinctly

less than for the other gases, while for hydrogen and gases con-

taining hydrogen they are decidedly higher. The values of A, make
us suspect another anomaly in the behaviour of hydrogen ; for since

the absorption of the rays is an atomic property the value of A,

for a compound should, if no change takes place in the atom when
it enters into chemical combination, be calculable from the values

of A. for the constituents of the compound ; applying this rule we
can from the values of \ for nitrogen and ammonia calculate the

value of A for H2, we can also calculate this value from the

absorptions of CH4, C2H4, if we do this we get the following values

for A for hydrogen :

from NH3 and N^ A = -00053,

from CH4 and C0H4 \ = '00065,

from H, itself A = "00033.

There are thus considerable discrepancies in the absorption of

hydrogen as determined by these different methods, and though

we could not expect any very close agreement, since the absorption

* Becker, Aim. der Fhya. xvii. p. 381, 1905.

25—2
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due to the hydrogen in the compounds is not large, the dis-

crepancy seems greater than can be explained by errors of

experiment, for the differences in the values of X/D for one gas,

determined by experiments made over a considerable range of

pressure, were much smaller in Becker's experiments than we
should expect if the variations in the value of A, for hydrogen in

its different combinations were due to errors in the experiments.

The expression for the diminution in the number of corpuscles

crossing unit area in unit time given on page 376 indicates

that variations in the value of X/D with the nature of the

atom may arise in two ways, (1) from variations in M., the

effective mass of a corpuscle inside an atom, (2) from variations

in the logarithmic term which involves a the mean distance

between the corpuscles in the atom as well as the velocity

of the corpuscles. If the variation in \jD arose entirely from

(1) the ratio of the values of X, for different substances should be

independent of the velocity of the corpuscles; a reference to the

results given on pp. 380, 384 will show that this is not the

case, hence we conclude that a considerable portion of the

variation of A, must arise from variations in the mean distances

between the corpuscles.

195. Absorption of Kinetic Energy of the Corpuscles. It is

important to separate the diminution in the kinetic energy of the

corpuscles from the scattering of the particles due to the deflection

of their paths, as the two are not necessarily proportional to each

other ; indeed we might easily have scattering without any diminu-

tion in kinetic energy. The results given on page 378 show that

the diminution in the kinetic energy varies much more rapidly

with the mass of the particle against which the moving corpuscle

collides than does the scattering, hence we should expect that the

coefficients which represent the diminution in kinetic energy

would depart far more from the density law than do the coefficients

which represent the scattering. We have not enough determina-

tions of the absorption coefficients for the kinetic energy to

determine whether they obey the density law or not ; that there is

a diminution in the kinetic energy has been shown by Leithauser*

who measured the magnetic deflection of cathode rays before and

after their passage through thin aluminium films—these measure-

* Leithauser, Ann. der Physik, xv. p. 283, 1904.
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ments showed (1) that a pencil of cathode rays which were

homogeneous before passage through the fihn were no longer so

when they emerged from it, but consisted of rays possessing

velocities over a considerable range, (2) that these velocities were

all less than the velocity of the rays before entering the film.

This is what we should expect from the theory of collisions ; the

corpuscles when passing through the film will not all make the

same kind or number of collisions, so that when they emerge their

velocities will be grouped about a mean, somewhat like the distribu-

tion of molecular velocities according to Maxwell's law, there being

however none with a velocity greater than the initial velocity of

the corpuscle. The distribution of corpuscles about a mean is

shown in Figs. 94 a and b taken from Leithauser's paper; the

ordinates represent the number of corpuscles possessing a velocity

represented by the abscissae. Figs. 94, a and b, correspond to the

cases when the initial velocities of the corpuscle were respectively

6"4 X lO'-* cm./sec. and 7'84 x 10^ cm./sec. It will be seen that the

emergent pencil is much more homogeneous with the quick cor-

puscles than with the slow ones.

Fig. 94 a. Fip. 94 b.

The loss of velocity was much less with the quick corpuscles

than with the slow ones. When the initial velocity was 7'84 x 10'',

the velocity after passing through an aluminium film •0001 S cm.

thick was 7'73xlO'^; this makes the coefficient of absorption of

the velocity 77 ; as this is much smaller than the ' scattering

coefficient' of aluminium for rays of the same velocity, it indicates

that the greater part of the absorption of cathode rays is due to
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scattering and not to loss of velocity. Des Coudres* has also

measured the diminution in velocity which occurs when rays pass

through thin films of metal, he found that the rays which emerged

obliquely had smaller velocities than those emerging normally.

Reflection of cathode rays and /S particles.

196. When rapidly moving corpuscles strike against the surface

of either a conductor or an insulator, streams of corpuscles start

from the surface in all directions, these are often spoken of as

' diffusely reflected ' rays. We must remember that this diffusely

reflected stream may arise in two ways, it may consist in part of

corpuscles which were incident upon the surface and which have

had their motion reversed by collisions with the molecules of the

reflector, another part of it may be due to corpuscles which are

emitted by molecules of the reflector under the action of the

incident rays ; it is better to confine the term reflected rays to

the first class, and to call the second class secondary rays. The

secondary rays are analogous to those emitted by a metallic sur-

face when exposed to ultra-violet light. To distinguish between

reflected and secondary rays it is necessary to take some property

such as the velocity of the rays or their penetrating power and see

whether the magnitude of this is of the same order in the rays

coming fi:'om the plate as in those striking against it ; if the two

are of quite different orders we infer that the rays are secondary.

The diffuse reflection of the /3 rays emitted by radio-active

substances was studied by Becquerel-f- who used the photographic

method; it has also been investigated by Eveij: and McClelland^,

who used the ionisation method. The existence of these diffusely

returned rays can be easily demonstrated by an arrangement like

that represented in Fig. 95. The radio-active substance is placed

at R and screened from the electroscope by a thick lead plate, so

that when the reflecting plate M is removed there is only a slow

leak in the electroscope due to the y rays from the radio-active

substances which have passed through the lead screen. When the

reflecting surface M is placed in the way of the rays from R the

* Des Coudres, Phys. Zeitsch. iv. p. 140, 1902.

t Becquerel, C.R. cxxxii. pp. 371, '674, 1286, 1900.

+ Eve, Phil. Mag. [6], viii. p. 669, 1904.

§ McClelland, Trans. Royal Dublin Soc. viii. p. 169, 1905; ix. p. 1, 1905.
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rate of leak of the electroscope is greatly increased ; that the rays

producing this leak are mainly due to the /3 rays from R and not

Fig. 95.

to the 7 rays can be shown by placing in the path of the

incident rays a sheet of lead thick enough to absorb the /3 rays but

not thick enough to absorb an appreciable amount of the more

penetrating y rays ; when this is done the rate of leak from the

electroscope is reduced by about 80 per cent. The amount of this

returned radiation does not vary much with the state of the

surface of M; it is about the same for iron as for iron filings and

for ice as for water. As might be expected some of these returned

rays start from some little depth below the surface, and their

number increases with the thickness of M until this thickness is

a few millimetres when the number becomes practically constant.

The relative amounts of these returned rays from various

reflectors and the absorption coefficient of these rays when they

pass through aluminium are given in the following table (p. 392)

taken from Eve's paper.

The primary ^ rays are not homogeneous, the mean value

of \ for aluminium for these rays is about 14, thus with the

exception of the rays from granite, brick, and cement the pene-

trating power of the reflected rays is less than that of the incident

ones, though the difference is hardly great enough to warrant us

to come to a decision as to whether these rays are reflected or

secondary. McClelland found the coefficient of absorption of the

reflected rays from lead to be the same as for the primary.
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Reflector Density
Secondary
radiation

Sec. rad.

Density
Xfor

aluminium

Mercury
Lead
Copper
Brass

13-6

11-4

8-8

8-4

7-8

7-4

7-0

2-7

2-6

2-6

2-5

2-4

2-2

1-1

1-0

•92

•9

•85

•56

•4?

•4?

•36

•35

147
141

79
81

75

73
79
54
53
42
44
47
49
32
24
26
17
16
21-4

21-0

19^4

21-9

20-7

21-8

75^2

10-8

12-4

9-0

9-6

9-6

9^9

11-3

20-0

20-4

16-1

17-6

19-6

22-3

29-1

24^0

28-2

18-8

18-8

38-2

52
48

57
62

18-5

20
21

20
20-3

12^4

12-1

24
24
13-5

13
26-0

21

21

23
22
20-5

22
21
23-6

Iron (wrought) ...

Tin
Zinc
Granite
Slate

Aluminium
Glass
Cement
Brick
Ebonite
Water
Ice

Paraffin, solid

„ liquid ...

Mahogany
Paper
Mill-board

Papier-mache
Bass-wood
Pine
X-ray screen

A strong reason for believing the rays coming from the

reflecting plate to be secondary rather than reflected, is that it

would appear from Eve's experiments that the character of the

diffusely returned rays produced by the 7 rays is much the same

as that of the rays produced by the /3 rays. In the case of the 7

rays there can be no question of reflection, for the properties of the

incident and returned rays are quite distinct. The incident rays

are very penetrating and are not deflected by a magnet, while

the returned rays are easily absorbed and easily deflected. If, as

seems to be the case, the returned rays produced by the /3 rays are

of the same character as those produced by the 7, the argument for

the rays being secondary rather than reflected seems very strong. It

is perhaps surprising that if the rays are secondary the quality of the

rays emitted by different substances should not differ more widely

than Eve's experiments indicate ; this however cannot be considered

as at all conclusive against the secondary nature of this radiation,

as the same uniformity of properties apparently exists when the
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7 rays alone are used, and in this case the returned radiation is

plainly secondary. The variation, if any, of the quality of the

returned radiation with the nature of the source of the incident

/3 radiation is one well worthy of attention, as in all the experi-

ments hitherto made radium bromide in radio-active equilibrium

has been used.

McClelland has made an extensive series of observations on the

relative amounts of the diffusively returned radiation produced by

the combined action of the ^ and 7 rays from radium-bromide on

the different chemical elements. His results are given in the

following table, the third column gives the relative amounts of

secondary radiation produced by an incident beam of constant

intensity
; p, given in the fourth column, is the ratio of the energy

in the secondary radiation to that in the primary*.

I.

Substance

II.

Atomic weight

III.

Secondary
radiatiou

IV.

p X 1000

Uranium 239-5

208-5

206-9

200-3

194-8

184
127
120
118-5

112-4

1079
96
79-1

75
65-4

63-6

59
58-7

.55-9

52-1

40-1

39-1

32-06

31
27-1

24-4

23-0

12

100
97
97
96
93
88
85-5

85
84
82
81

78
74
73
72

71

67
67
65
63
55
54
53-5

53
48
43
42
29

50-5

49
49
48-5

47
44
43
42-5

42-5

41-5

41
39-5

37
36-5

36-5

36
34
34
33
31-5

27-5

27
27
26-5

24
21-5

21-5

15

Bismivth
Lead
Mercury
Platinum
Tungsten
Iodine

Antimony
Tin
Cadmium
Silver

Molybdenum
Selenium
Ar.setiic

Zinc
Copper
Cobalt
Nickel
Iron
Chromium
Calcium
Potassium
Sulphur
Phosphorus
Aluminium
Magnesiimi
Sodium
Carbon

* McClelland, Tran^. Roij. Irish Acad. ix. p. 9, I'JOG.
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It will be seen that the order for the amount of secondary

radiation is that of the atomic weights. McClelland has pointed

out a peculiarity in the variation of this radiation with the atomic

weight ; this is most easily understood if we represent graphically

the relation between the secondary radiation and the atomic weight.

Such a graph is shown in Fig. 96. If we consider the elements in
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one of Mendeleeff's groups, the secondary radiation increases more

rapidly with the atomic weight for the elements at the beginning

of the group than for those at the end. We have seen (see p. 385)

that the values of XJD increase more rapidly with the atomic

weight for the elements at the end of a gi'oup than for those at

the beginning. This difference in the curves might have been

expected as increased absorption will diminish the amount of

secondary radiation coming from the plate.

The secondary radiation excited by radium rays is thus closely

related to the atomic weight and therefore to the chemical pro-

perties of the elements. I have found that this is also true for

the secondary radiation excited by Rontgen rays. This is shown

in Fig. 97, which represents the results of determinations which

I have made with the help of Mr G. W. C. Kaye on the ionisation

produced by the secondary rays in the first 15 mm. of air above
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the substance emitting the secondary rays ; these rays were ex-

cited by hard Rontgen rays. It will be noticed that with the

exception of the case of nickel, increase of atomic weight is accom-

panied by increased ionisation. And also that at certain points

there is a large change in the ionisation for a small change in the

atomic weight ; these points occur at the middle of the groups

into which the elements are divided by the periodic law.

20 |40 IbO leo zoo 22

ATOMIC WEICSMTS
Fig. 97.

197. Secondary Radiation from Mixtures. The radiation and

the absorption of the radiation is an atomic property ; making use

of this principle we can find an expression for the secondary radia-

tion from a mixture or chemical compound of two substances, A and

B. Let m and n be the number of atoms of A and B per unit

volume, k^ and /i'.2 the secondary radiation from an atom of A and

B respectively for the absorption of unit energy of the primary
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radiation, a, h, the absorption of atoms of A and B for the primary

radiation, a^, bi that for the secondary radiation from A, a^ and 62

that from B.

In the mixture or chemical compound the absorption per unit

vohime of the primary radiation will be tna + nh, so that if I^ is the

intensity of primary radiation travelling parallel to the axis of

X and incident on a slab bounded by a plane face perpendicular to

the axis of x, the intensity of the primary radiation at a depth

X inside the plate will be /„£-('««+ "6)
a;_ The secondary radiation

from the substance A excited by this radiation in a layer of

thickness A^ is k^ml(,e~^^^"'^''^^^^dx, and when this emerges from

the plate the intensity is reduced to

If the slab is thick, the total radiation of the A kind emerging

from the plate will be obtained by integration with respect to

X from zero to infinity, and is therefore equal to

k^mlo k'lmlo

{ma + nb) + {riia^ + nb-^) m {a + aj) + n (b + b^)'

Let us denote this by R'a'- if J^a is the radiation from a slab

made entirely of A,

a + a-^

thus Jti A = m{a + a-i) + n(b + b^)

Similarly if R'^ is the secondary radiation from B coming out

of the plate,

n{b + h)RB
Jti n = m (a + cio) + n {b + b.)

'

where Rb is the secondary radiation from a pure B plate.

These expressions for the secondary radiation take a much

simpler form when the absorption of the radiation, primary as

well as secondary, follows Lenard's law, i.e. is proportional to the

density of the substance. The number of atoms in unit volume

of an elementary substance is equal to the density divided by

the mass of an atom, hence if the absorption of the substance is

proportional to the density the absorption per atom must be

proportional to the mass of the atom. If M^, M^ are the masses
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of the atoms of A and B respectively, then when Lenard's law

holds we may put

a = yMi , h = yil/o , «! = 7i il/j , h^ = jJL , a. = y.^Mi , h, = yJSl^

.

Substituting these values we find

mM.RA
R'a

R'b =
nM^Rs

or if Qi and q.^ are respectively the masses of A and B per unit

volume

R'n =

qy + q-^

'

q.R_B

?! + qo

These results enable us to calculate the secondary radiation from

elements which can only be obtained in the combined state.

198. Reflection of catJiode rays produced hy an electric

discharge. When these cathode rays, which are very much
slower than those produced by radio-active substances, strike the

surface of either a conductor or an insulator secondary cathode

rays start ft^om the surface in all directions ; this phenomenon is

generally called the diffuse reflection of the cathode rays : we
must be careful however to remember that reflection is used in

a different sense firom that which is usual in optics, where for

example we should not speak of the phosphorescent light given

out by such a substance as quinine when struck by ultra-violet

FiK. 98.

light as reflected light ; in the case of the cathode rays all the

cathode rays proceeding from a sin-face struck by cathode rays

are called reflected rays. The existence of such rays is easily
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shown by an experiment due to Goldstein*. The cathode rays

from the cathode G fall on the plate A which can be rotated by

a handle passing through a stuffing-box. The half of the tube

AB on the illuminated side of A becomes phosphorescent from the

cathode rays diffusely reflected from A. The reflection occurs

even when the plate does not itself become phosphorescent under

cathode rays.

199. Measurements of the amount of ' reflection ' experienced

by cathode rays when incident upon different substances and at

different angles of incidence have been made by Campbell

Swintonf, by Starke|, and by Austin and Starke|. Campbell

Swinton's experiments, which had for their object the measure-

ment of the variation of the ' reflected ' rays at various angles of

Fig. 99.

incidence and emergence, were arranged as represented in Fig. 99.

C is the cathode ; A the reflecting surface, a flat piece of platinum

which could be rotated about its axis ; F a Faraday cylinder which

* Goldstein, Wied. Ann. xv. p. 254, 1882.

t Campbell Swinton, Proc. Roy. Soc. Ixiv. p. 377, 1899.

+ Starke, Wied. Ann. Ixvi. p. 49, 1898; Ann. der Phys. iii. p. 75, 1900.

§ Austin and Starke, Ann. der Phys. ix. p. 271, 1902.
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receives the rays emitted by the surface ; this could be set so that

the opening made any required angle with the direction of the

incident rays ; the charge received by this cylinder was taken as

the measure of the amount of reflection. Campbell Swinton

came to the conclusion that although the ' reflection ' was very

diffuse there was appreciably more in the direction in which the

angle of emergence was equal to the angle of incidence than in

any other direction ; he found that the total amount of emission

was slightly greater at oblique than at normal incidence ; he

measured also the charge received by the reflector and found

that though with normal incidence it received a large negative

charge, the charge diminished as the incidence became more

oblique, vanished, and finally with very oblique incidence became

positive. The positive charge received by the reflector has also

been observed by Austin and Starke (I.e.).

Starke determined the proportion between the incident and

receding rays, or rather the ratio of the negative charge acquired

by the reflector to that carried by the receding rays.

The principle of the method used by Starke is as follows. The
cathode rays enter through a hole in the cylinder and strike the

reflector; the cylinder and reflector are each connected to earth

through high-resistance galvanometers ; when the rays strike

against the reflector currents pass through these galvanometers

;

let ii,io be the currents through the galvanometers connected with

the reflector and cylinder respectively; let N be the number of

corpuscles striking the reflector in unit time, n the number leaving

it in the same time, e the charge on a corpuscle; thi'n, if there is

no ionisation in the gas of the cylinder, no escape of the receding

^>>v

Fig. 100.

rays through the hole, and no diftusion of the incident rays in the

cylinder causing some of the incident rays to strike the walls of

the cylinder instead of the reflector, and if we neglect the charge

carried away from the cylinder by the secondary Rontgen rays
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excited by those Rontgen rays proceeding from R, the place of

impact of the cathode rays, we have

(iV^ —n)e = ii ; ne = i^
;

n L
N li + la

'

hence if we measure i-^ and I'a we can determine the value of njN
;

in practice some corrections are necessary, for which we must

refer to Starke's paper (^.c); the value of njN depends upon the

metal ; the following are Starke's values for this quantity

:

Metal Density njN Metal Density njN

Pt 21-5 •72 Brass 8-1 •43

Pb 11-3 •63 Fe 7-7 •40

Ag 10-5 •59 Zn 7^1 •40

Bi 9-9 •58 Al 2-6 •25

Ni 8-9 •48 Mg Vl •25

Cu 8-5 •45

Thus the value of njN increases with the density of the metal ;.

the numbers given above are roughly proportional to the square

root of the density ; we see that even for the lightest metals the

number of corpuscles receding from the surface is as much as.

one-quarter of the number of those approaching it. The pre-

ceding values of nIN are when the incidence of the cathode rays

is normal ; in this case Starke found that nJN did not depend upon

the velocity of the incident rays. This result can only be approxi-

mately true, otherwise the numbers in the preceding table would

apply to the jB rays which are just rapidly moving cathode rays ;,

the results for the /3 rays are however quite different. It is note-

worthy that the value of w/iV in this case seems to be determined

by the density and not by the atomic weight of the metal, in the

case of the ^ rays we have seen that the rays coming from the

metal are determined by the atomic weight and not by the;

density.

200. The fact observed by Campbell Swinton {I.e.) that when

the incidence is very oblique the reflector acquires a positive

instead of a negative charge, has been carefully studied by Austin

and Starke*, who have measured the charge received by the-

* Austin and Starke, Ann. der Phys. ix. p. 271, 1902.
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reflector for cathode rays incident at various angles ; they find

that the angle of incidence at which the charge received by the

reflector changes from — to + depends on the material of which

the reflector is made, the state of its surface and the velocity of

the rays. With denser reflectors the change from — to + takes

place at a smaller angle of incidence than it does with lighter

reflectors ; and, again, the smaller the velocity of the rays the

smaller the critical angle. The amount of influence exerted by

the nature of the metal, and the velocity of the rays, may be

illustrated by the following numbers due to Austin and Starke.

With a platinum reflector, and with cathode rays produced by

a potential difference of 9000 volts, the critical angle of incidence

was 60° ; with a copper reflector, and a potential difference of

8700 volts, the critical angle Avas 80°, and with a potential

difference of 5000 volts, 70°. The positive potential to which the

reflector is raised never exceeds a few volts.

201. Since, in some cases, the reflector receives a positive

charge from the impact of the negatively electrified corpuscles,

more corpuscles must leave the surface than arrive at it ; it follows

that the velocity of the receding corpuscles must, on the average,

be less than that of the approaching ones, otherwise the energy

emitted by the reflector would be greater than the energy re-

ceived. Another reason for thinking that the velocity of the

secondary rays is much smaller than that of the incident is that

a positive potential of a few volts is sufficient to prevent them

leaving the surface. Measurements of the velocity of the 'reflected'

rays, by means of the deflection they experience in a magnetic

field, have been made by Merritt*, Austin and Starke {I.e.), and

Gehrcke"f" ; both Merritt and Austin and Starke came to the con-

clusion that the velocity of the reflected rays was much the same

as that of the incident ; Gehrcke, however, by a very ingenious

method showed that among the ' reflected ' rays there were a large

number whose velocities were considerably less than that of the

incident rays. Gehrcke's method is represented in Fig. 101 ; K^

and K2 are two cathodes connected together and with the negative

pole of an electrical machine ; the rays from K^ went straight from

the cathode on to a fluorescent screen FF', while those from K. fell

* Merritt, Physical Review, vii. p. 217, 1898.

t Gehrcke, Ann. der Phys. viii. p. 81, 1902.

T. G. 2e
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on a magnesium reflector, the 'reflected' rays from which fell on the

same screen. J^ and J^ are the coils for producing the magnetic

Fig. 101.

field. The appearance of the phosphorescence on the screen be-

fore and after the magnetic field was started is shown in Fig. 102.

Fig. 102.

The middle patches F, F' represent the phosphorescence without

a magnetic field due to the direct and reflected rays respectively

;

the patches above and below these represent the phosphorescence

when the magnetic field was on, the upper and lower patches
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corresponding to fields in opposite directions. It will be noticed

that while the patch of phosphorescence, due to the direct rays,

has not been sensibly broadened by the magnetic field, the narrow

patch due to the 'reflected' rays has become a broad band, showing

the presence of some rays much more easily deflected, and there-

fore moving more slowly than the incident rays. Since one of the

boundaries of the reflected patch keeps in line with one of the

direct patch, there must be some of the reflected rays which move

with approximately the same velocity as the incident rays.

We conclude from this experiment that a surface struck by

cathode rays emits secondary rays which on the average move

more slowly than the primary ones. The ratio of the number

of secondary to the number of primary rays is greater at oblique

than at normal incidence. The ' reflection ' of cathode rays at

the surface of a solid seems in many respects analogous to the

emission of corpuscles from a body illuminated by ultra-violet

light. The corpuscles in the primary rays penetrate some little

distance below the surface, ionising the molecules against which

they strike ; the secondary corpuscles produced in this way, and

also some of the primary ones whose motion has been reversed

by the collisions they have made with the molecules of the

reflector, escape from the reflector and form the reflected cathode

rays, which thus consists of particles originating in two distinct

ways.

The path of a corpuscle which strikes the reflector obliquely

will be nearer the surface than if it strikes the reflector normally,

and thus the corpuscles liberated by it will have a shorter

distance to travel before reaching the surface of the reflector and

emerging from it, we should therefore expect the oblique rays

to produce more reflected rays.

Lenard* has also investigated the effects of the incidence of

cathode rays on metallic surfaces. The rays he used had velocities

corresponding to a potential difference of 4000 volts as the maxi-

mum, and his results differ in some respects from those obtained

by Austin and Starke who used rather faster rays. Lenard

could not detect any rays coming from the surface with velocities

comparable with those of the incident rays, but he obtained

* Lenard, Ann. der Plnju. xv. p. 485, 1904.

2G—2
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a copious supply of very slow secondary rays ; the velocity of these

rays corresponded to that acquired by a fall through a potential

difference of about 10 volts, and this as well as the amount of the

secondary radiation was independent of the angle of incidence and

of the state of polish of the surface; the amount of secondary radia-

tion varied with the nature of the metal, aluminium giving the

largest supply when tested by the brightness of the phosphorescence

produced by the rays.

Scattering of Cathode Rays hy the gas inside the tube.

202. Measurements of the scattering of cathode rays inside the

discharge tube have been made by Kaufmann*, who employed the

electrical method. The greatest potential differences employed was

only about 7500 volts, so that the velocity of the rays in Kaufmann's

experiments was very much less than in those of Lenard on the

absorption of these rays (p. 382). The principle of the method used

by Kaufmann was as follows. Consider a bundle of rays originally

horizontal passing through the gas, then if Nq is the number of

corpuscles crossing a vertical plane AB in unit time, the number

crossing a parallel plane CD at a distance x from AB will be N^e'^^,

where h is by definition the coefficient of absorption ; if e is the

charge carried by a corpuscle the quantity of negative electricity

entering the space between AB and CD in unit time is i\V, the

amount leaving it is N^ee~^-'^ ; hence if ABCD is surrounded by a

metallic cylinder the quantity of electricity received by the cylinder

in unit time is Noe{l—e~^^); thus, if we compare the charge

received by the cylinder with that which passes through the end

CD, we shall find (1 — e~^^)/e~''-*, from which we can deduce the

value of b. Kaufmann in this way determined b for nitrogen,

carbonic oxide, carbonic acid and hydrogen, at pressures ranging

from about 1/50 to 1/28 of a millimetre of mercury and

with potential differences from about 2500 to 7500 volts; he

found that if V is the potential difference in the discharge tube

in volts, p the pressure in millimetres of mercury, then for the

same gas, within the limits of pressure and potential difference

indicated, b Vj-p was constant ; i.e. the absorption coefficient is

proportional to the pressure and inversely proportional to the

kinetic energy of the corpuscle. The values for the different

gases are indicated in the following table

:

* Kaufmann, Wied. Ann. Ixix. p. 95, 1899.



201-208] RAYS FROM RADIO-ACTIVE SUBSTANCES. 405

Gas hVjp Molecular weight

H.,

CO,

730
5650
6380
6830

2

28
28
44

The values of h do not follow those of the molecular weight

as closely as the values determined by Lenard ; one reason for this

may be the greater velocities of the rays investigated by Lenard

;

we have seen (p. 378) that it is only for very rapidly moving

cathode rays that we could expect Lenard's law to be strictly true;

another reason may be that in the method used by Kaufmann
the positive and negative ions produced by the primary rays

by collision with the molecules of the gas might diffuse with

different velocities to the conductors in the tube, so that part

of the current measured in these experiments may be due to

secondary ionisation.

The 7 Rays.

203. The absence of any magnetic deflection of these rays

and of any indication of a charge points to the conclusion

that they are of the same character as Rontgen rays and do not

consist of rapidly moving negatively charged particles. As these

rays are very much more penetrating than ordinary Rontgen rays

and as the importance of the ' scattering ' compared with the loss

of energy due to ionisation of the absorbing substance increases

with the hardness of the rays, it is important to investigate the

expression for the absorption of rays when scattering is taken into

account. Let us consider the case of rays parallel to the axis of

X passing through a plate of material bounded by planes at right

angles to this axis. As these rays pass through the material they

will be scattered, some of the scattered rays going forwards, others

backwards ; there will thus be two streams of 7 rays in the plate,

one stream travelling in the direction of the incident rays the

other in the opposite direction. Let / be the energy passing at

a distance x from the point of the plate through unit area in unit

time in the first of these streams, R the corresponding amount for

the second stream. If a fraction ^dx of the energy of the rays is
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absorbed when they travel through a distance dx, and if hdx is the

fraction of the energy scattered, then we have

BI = ^i {I + R) dx - ^Idx,

-8R = ^h(I + R)dx-^Rdx,

^+/3I = ^h(I+R),

-^^^R = hh{I+R).

To solve these equations put I = Ae^^,R = Be^^; substituting these

values in the preceding equations we get

{\ + l3-^h)A =hhB,

{-\ + ^-^h)B = ^hA,

hence (/3 — hlif — \" = ^h",

hence X = ± V/S (/li - h)

;

we have if X = \//8 [fS - h),

I = Ae^'^ + A'e-^\

To determine A and A' we have the conditions that when a- = 0,

1 = 1^, the intensity of the incident rays, and when x = d, d being

the thickness of the plate, R = 0. Making these substitutions we

find

A-^i'd-^/i-vr^^
13-^h + X

-2\d

SO that /, the intensity of the rays after passing through the plate,

is given by the equation

/= 2^X

The intensity of the ' reflected ' rays is got by putting a; = in

the expression for R, doing this we find that the intensity is

given by the equation

7 }, (f^d _ ^-Xd\
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From these expressions we see that the intensity of the rays

after passing through the plate is not given by an exponential

expression, i.e. is not proportional to e~'^''; if the coefficient of

absorption is calculated on the basis of such a law the values of

the coefficients obtained will vary with the thickness of the plate,

even though the primary radiation is homogeneous. Rutherford

showed that the value of the coefficient of absorption varied with

the thickness of the layer; this is shown in the following table

where column (I) gives the coefficient of absorption calculated on

the basis of the exponential law for the first 2'5 mm. of substance

traversed, column (II) for the thickness 2"5 to 5 mm., column (III)

for 5 to 10 mm. and (IV) from 10 to 15.

Substance
!

I II III IV

Mercury ' ^726

641
282

1

•661

563
•266

538
480
248

493
440
•266

Lead
Zinc

The coefficients decrease with the thickness of the substance

travelled. This is usually attributed to the primary radiation

being heterogeneous, the more absorbable portions being weeded

out first ; it would however also arise from the erroneous assump-

tion of an exponential law, and although it is probable from other

reasons that the 7 radiation from radium is heterogeneous, we
cannot without further calculation prove this from experiments

such as those represented in the table.

An interesting special case of (1) is when there is no absorption

of energy but only scattering, in this case /3 = h and \ = 0, and

(1) becomes

7 = L

Thus the intensity of the transmitted radiation f;ills off much
less rapidly than if it were expressed by an exponential law.

We see from p. 326 that when the radiation from one corpuscle

does not interfere with that from a neighbouring one

, _ Stt iVV

3 m-
'
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where N is the number of corpuscles in unit vokime, e the charge

and m the mass of a cor])uscle
;
putting

e/in = 1-7 X 10", e = 10-^«,

and assuming that the number of corpuscles in an atom is equal

to the atomic weight, we find that, if a is the density of the

substance,

h = -250-,

so that / = -z 77r=—-, (3).
1 + •125(Td ^ '

Thus if there were no absorption of energy by ionisation, &c.

it would take a layer of water 800 cm. thick to reduce the intensity

to 1 7o of its original value. The scattering gives a finite limit

to the penetrating power of any radiation analogous to Rontgen

rays. The larger the ratio of the energy scattered to the energy

spent in ionisation the more will the absorption of the rays depart

from the exponential law.

If the electric forces in the pulses constituting the 7 rays are

not uniform in direction from back to front but are positive in one

part of the pulse, negative in another, then if the corpuscles in the

atoms over which the pulse is travelling are so closely packed that

the pulse may cover two corpuscles A and B simultaneously, A
being in the positive, B in the negative part of the pulse, then

since the accelerations of A and B are of opposite signs the mag-

netic force due to their motion will be in opposite directions.

Since these electric and magnetic forces due to A and B tend to

neutralize each other the energy radiated from the two combined

will be less than that from either separately, the energy absorbed,

i.e. the value of h, will be less than the value just given, and the

penetrating power of the radiation greater than indicated by the

expression (3).

We shall show later that in consequence of the emission of

radiation from a moving charged body, such a body, when acted

upon by a force Xe, does not start at once with an acceleration

Xe/m, where m is the mass of the body. The acceleration is at

first zero and gradually increases until it reaches the limiting

value Xe/m ; if this initial stage, whose duration only depends on

the charge and mass of the charged body, occupies an appreciable

part of the time taken by the Rontgen pulse to pass over the
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body, the amount of energy radiated would be considerably less

than that given by the investigation in § 161, where the accelera-

tion was assumed to have the maximum value Xe/m during the

whole of the time the pulse was passing ; thus for very thin pulses

the value of h would be considerably less than that given by

this investigation, and therefore the absorption of the rays less

than that given by the expression (3).

The investigations that have been made of the absorption of

the 7 rays, show that these pulses are so thin that the time taken

by them to pass over a corpuscle, or if the pulses consist of alter-

nations of sheets of positive and negative electric force the time of

transit of one of these sheets is comparable with the time taken

for the acceleration to reach its maximum value. For equation (3)

is equivalent when ad is small to I = I^e — '125ad ; thus the absorp-

tion coefficient A. calculated in the usual way would be '125(t,

so that (X/density) would be "125. The following table taken

from a paper by Wigger {Jahrhuch des Radioaktivitdt, li. p. 391,

1906) shows that for the 7 rays from radium the absorption is

much less than that given by this result, \/density being constant

and about '02 instead of •125.

Absorption of y rays from radium bromide.

Observer... Rutherford. INPClelland. Wigger.

Absorption by Absorption by plates Absorption after rays

thin metal 1-25 cm. thick, the rays have passed through
sheets havuig previously passed

through 8 mm. of lead

28 mm. of lead

Material (\/density) (X/density) (\/density)

Mercvu-y... •068 •036 •0208

Lead •068 •037 •0213

Tin •052 —
Copper ... •035 — •0226

Iron •039 — •0211

Zinc •039 •033 0201
Aluminium — •038 •0208

Sulphur... — — •0202

The thinner the pulse, the smaller should be the value of

(\/density).



CHAPTER XIII.

THE POWER OF THE ELEMENTS IN GENERAL TO EMIT
IONISING RADIATION.

204. The radiations discussed in the last chapter were those

emitted by a few elements of which two only, uranium and
thorium, were known before the discovery of radio-activity, the

others, radium, polonium and actinium were brought to light by
the study of this property. The question arises, is the property

of emitting radiations of this character confined to these elements,

or is it possessed, though to a very much smaller extent, by the

elements in general ? Of late years a considerable amount of

attention has been given to this question, resulting in the

collection of a large amount of evidence in favour of the view

that this property is possessed to some extent by all bodies,

although there seems to be a great gap between the amount of

radiation emitted by the least active of the recognised radio-active

elements and the most active of the others.

All the investigations on the radiation emitted by ordinary

matter have been made by the electrical method, by measuring

the amount of ionisation in a volume of gas placed in the

neighbourhood of the body under investigation. We have seen

(p. 6) that gases enclosed in metallic vessels are ionised to a

slight extent and that the amount of ionisation is, in small

vessels, proportional except in the case of hydrogen to the density

of the gas, we have seen too in the last chapter that the ionisation

produced by the radiation from radio-active substances follows

exactly the same law.

Rutherford and Cooke* and M'=Clennan f have shown that

part of the ionisation of the gas inside a closed vessel is due to

* Eutherford and Cooke, Physical Review, xvi. p. 183, 1903.

t M'^Clennan, Physical Review, xvi. p. 184, 1903.
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radiation coming from outside the vessel, for they found that when

the closed vessel is surrounded by thick lead screens the ionisation

in the gas inside the vessel is very considerably reduced. Cooke *

found however that there was a limit to the diminution that

could be produced in the ionisation by screening ; for however

thick the lead screens were made the ionisation inside the vessel

never sank to less than about one-third of the amount when the

screens were removed. Experiments have been made by Cooke

f

and also by Wood;}: to find out whether this external radiation

which can be screened off enters the vessel from above, below or

sideways. Screens were arranged so as to cut off the radiations

travelling in these directions separately, but no well marked

differences in the amount of radiation travelling in different

directions were established, the external radiation seems to be

fairly uniformly distributed in all directions.

A further step was made by Strutt§, M*^Clennan and Burton 1| and

Cooke If, who showed that the amount of ionisation inside a closed

vessel varied with the nature of the material of which the vessel

was made and this result was subsequently confirmed by Righi**.

Speaking generally we may say that, for vessels of the same size and

shape, lead vessels give the largest ionisation, tin and iron

considerably less, and zinc, aluminium and glass least of all ; the

relative amounts however depend, as we shall see later, to a

considerable extent upon the shape and size of the vessel. This

variation in the amount of ionisation with the nature of the walls

of the vessel occurs whether or not the external radiation is

screened off.

Two ways suggest themselves as to how the influence of the

walls of the vessel on the ionisation might arise. In the first

place ions might be produced by chemical action between the gas

and the metal ; we shall see later that chemical action may result

in the production of free ions ; or again ions might slowly diffuse

out from the metal into the gas, such as seems to occur when a

* Cooke, Phil. Mag. 6. vi. p. 403, 1903.

t Cooke, Phil. Mag. 6. vi. p. 403, 1903.

+ Wood, Phil. Mag. 6. ix. p. 550, 1905.

§ Strutt, Nature, Feb. 19, 1903.

II M'^Clennan and Burton, Nature, Feb. 20, 1903.

H Cooke, Nature, April 2, 1903.

** Riglii, II Nuovo Cimeitto, Jan. 1905.



412 THE POWER OF THE ELEMENTS IN GENERAL [XIII

metal is heated to redness when positive ions are given out,

originating perhaps from gases absorbed by the metal. This view

is however untenable, for Campbell* has shown that the ionising

effect of a metal can penetrate thin aluminium foil; it is also

rendered extremely improbable by the fact that the ionisation in

different gases depends only upon the density of the gas and not

upon its chemical properties. The other way of explaining this

variation in the ionisation is to regard it as due to radiation

coming from the metal itself, and the question then arises

whether the radiation comes from the lead or other metal used for

the vessel, or whether it is due to a radio-active impurity in the

metal. This is a point that requires the most careful attention, for

the activity of the radio-active substances, such as radium, so

enormously transcends that of the metal, that the presence of

an amount of radium so small as to be absolutely beyond detection

by any chemical or spectroscopic analysis would produce amounts

of ionisation far greater than those actually observed.

Now radium and its emanation are very widely diffused

substances, thus for example I observed that air which had

bubbled through Cambridge tap-water was highly conducting

f

and the conductivity was traced to the presence in the water of

small quantities of radium emanation. I also found traces of

radium in the most diverse substances such as various sands,

gravels, clays and even in some specimens of wheaten flour. The

amount of radium however in different specimens varied very

capriciously. Elster and Geitel;}: have detected the presence of

radium in the soil, and Strutt § has lately made a very exhaustive

examination of a large number of rocks in all of Avhich he found

appreciable quantities of radium. It is evident therefore that

radium in minute quantities is very widely distributed and that it

is necessary to eliminate this source of radio-activity before we

can establish the radio-activity of ordinary matter. Another

source of error, affecting experiments made in laboratories where

radium has been used, is that the walls and contents of the

building get contaminated with a deposit of one of the transform-

ation products of radium and acquire radio-activity in this way ; to

* Campbell, Phil. Mag. 6. ix. p. 531, 1905 ; 6. xi. p. 206, 1906.

t J. J. Thomson, Phil. Mag. 6. [4], p. 352, 1902.

+ Elster and Geitel, Phygik. Zeitschr. iv. p. 526, 1903.

§ Strutt, Proc. Roy. Soc. Ixxvii. p. 472, 1906.
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guard against this effect it is necessary to scrape the old surface

from all vessels used for experiments of the kind we are discussing

and to work with virgin surfaces.

The evidence against the ionisation observed in closed vessels

ai'ising from radio-active impurities may be summarized as

follows.

Different observers using quite different samples of the various

metals agree in the order in which they place the various metals

with respect to this power of emitting radiation. In comparing

the results of experiments of this kind regard must be had to the

shape and size of the vessel as well as of the material of which it

is composed : the radiation given out by the walls of the vessel is

of two kinds, one very penetrating, the other easily absorbed : the

ionisation due to the former kind of radiation is proportional to

the volume of the vessel, while that due to the absorbable kind is

proportional to the area of the surface : thus the ratio of the

ionisations in equal vessels made of different materials will depend

upon the proportion between the ionisation due to the surface and

that due to the volume, and hence upon the shape and size of the

vessel.

Experiments have been made by Strutt* and Wood-j* in which

the vessels were of the same size and shape, the results for the

relative amounts of ionisation are given in the following table :

Material

Ionisation

Strutt Wood

Lead 4-2

4-4 to 6-3

2-7

2-3

5-2

4-7

2-7

2-3

Tin
Aluniiniuiii

Zinc

If radium were present as an impurity we should expect to find

large variations in the effects produced by different samples of the

same material, of the same order as those we do find in different

specimens of water or soil. Again if radium were present in the

metals we should expect to find also its emanation. Many

* Strutt, Phil. Mail. 6. v. p. 680, 1903.

t Wood, Phil. Ma<j. (5. ix. p. 550, 1905.
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attempts have been made to detect this emanation but without

success. I have dissolved large quantities of the salts of different

metals in distilled water, and left the solutions standing for

months so as to give time for any emanation to come out, but on

bubbling air through the solution no trace of emanation could be

obtained, and attempts to detect it by boiling the water were

equally unsuccessful. Campbell * has carried this test still further,

he dissolved in nitric acid 1500 grammes of the same lead which

he had used for the closed vessel in which the ionisation test was

made, but on bubbling air through the solution after it had stood

for some time no trace of emanation could be detected.
»

On the supposition that the ionisation in the lead vessel was

-due to radium, the amount of radium in the 1500 grammes of lead

could be calculated, and hence the amount of emanation it would

give off; this calculation showed that this quantity of emanation

would have increased the leak in the testing chamber 500-fold ; as

no measurable increase was produced the experiment seems

conclusive against the hypothesis that the ionisation produced by

the lead was due to the presence of a small quantity of radium.

Campbell f, by comparing the ionisation produced by the

metals with that produced by their salts, has shown that the

emission of radiation is an atomic property, he has also shown

that samples of the same salt prepared by different methods

produce the same effect ; this is very strong evidence against their

activity being due to an impurity.

205. Another test as to whether or not the activity is due to

an impurity is the following : if the effects were due to an impurity,

say radium, the quality of the radiation given out by all metals

would be the same. Campbell | has made a very elaborate investi-

gation on this point. The general principle of his method is as

follows. Suppose we have a box two sides of which are parallel

plates of the substance to be investigated arranged so that the

distance between them can be varied continuously, the other side

of the box being made of a substance whose radio-activity is

small, a series of measurements of the ionisation inside the box

are made, starting with the two plates close together and gradually

* Campbell, PML Mag. 6. xi. p. 206, 1906.

t Campbell, Proc. Camb. Phil. Soc. xiii. p. 282, 1906.

t Campbell, Phil. Mag. 6. xi. p. 206, 1906.
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increasing the distance between them. The radiation emitted by

the phites is of two kinds, one kind a penetrating radiation which

can travel across the greatest distance separating the plates with-

out appreciable absorption, the other kind an easily absorbable

radiation which gets stopped after travelling through a few

centimetres of air. The ionisation due to the penetrating

radiation is proportional to the distance between the plates and

will be graphically represented by a straight line passing through

the origin. The ionisation due to the second kind of radiation

will, when the plates are close together, be proportional to the

distance between them, but as the distance between the plates

increases the rate at which the ionisation increases with the

distance will fall off, and when the distance between the plates is

greater than the radiation can penetrate the ionisation will become

independent of the distance.

If this radiation has the same properties as the a radiation, i.e.

if the ionisation due to it is uniform for a distance I and then

ceases, we can easily show that the amount of ionisation when the

plates are separated by a distance cc is equal to

"^fO-
when X is less than I, and to hfiNl when w is greater than l.

Here iV is the number of rays emitted by the plate, /j, the number

of ions produced by each ray per unit length of path. The

ionisation due to the penetrating radiation may be represented

by px.

Hence if y is the ordinate of the curve representing the

ionisation when the plates are separated by a distance cc, we have

when X is less than I, and

y = ^fxNl+px

when X is greater than I.

Thus for large values of x the curve (Fig. 103) becomes a

straight line. If this line cuts the axis of y in X, ON will

represent the total ionisation due to the absorbable rays. If the

tangent to the curve at the origin cuts this line in Q then the

abscissa of Q is equal to 1/2 and is therefore a measure of the
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penetrating power of the absorbable radiation. In practice

corrections have to be applied to these expressions to allow for the

a

Fig. 103.

influence of the sides and the obliquity of the rays, for these we

refer the reader to Campbell's paper.

If experiments of this kind are made (1) with the box

shielded from external radiation by thick lead screens, (2) when
unshielded, and curves drawn for the two sets of experiments, then

a third curve, whose ordinates are the differences of the ordinates

of (1) and (2), will represent the effect of the external radiation. If

this curve is a straight line the radiation arising from the external

radiation is entirely of a penetrating character ; this is found to be

the case when the box is made of lead or aluminium, for most

metals however the curve resembles that given in Fig. 103,

showing that the penetrating radiation when passing through the

metal sets up by an easily absorbable secondary radiation. The

results obtained by Campbell are expressed by the following table.

s is the number of ions produced per second by the intrinsic

absorbable radiation from 1 sq. cm. of the surface of the metal,

when totally absorbed in air.

s' the number of ions produced per second by the easily

absorbable secondary radiation from 1 sq. cm. of the metal under

the conditions of the experiment when the radiation is totally

absorbed in air.

V the number of ions produced in 1 c.c. per second by the

penetrating radiation from the box.
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V the number of ions produced in 1 c.c. per second by the

external radiation and the penetrating secondary radiation excited

by it.

a the distance the absorbable intrinsic radiation can travel in

air without losing its ionising power.

X, the absorption coefficient of the easily absorbable secondary

radiation.

Material s s' V V a \

Lead 1 270

260

10-2

13-4

14-2

26-3

12-0)

12-5f
12-5}

12-Of

9

Lead 2

Copper 1 103 160 2-2 22-0 0-6

Copper 2 110 91 8-1 27-4 9 0-5

Aluminium ... 117 14-8 17-0
6-0)

6-5S
9Tin 144 156 3-1 18-9 0-5

Silver 146 146 25-5 17-0 8-5 0-9

Platinum 74 411 17-3 14-1 12-0 0-4

Gold 78 169 10-4 16-8 10-0 0-6

Zinc 72

119

51

124

15-4

12-3

16-8

10-5

10-0

13-0

0-5

0-5Iron

It will be seen that the quality of the radiation, as determined

by the value of a, varies considerably from metal to metal, the

value of a found for these metals is in most cases considerably

greater than 6 5, the value for the a radiation from radium.

Campbell has been able to detect the ionisation due to the

radiation from metals after the radiation has passed through thin

aluminium foil, and he has detected in this way the radiation from

non-conductors such as sulphur for which the previous method can

not be used.

If gases share this property of giving out radiation then the

radiation of the gases themselves should produce no inconsiderable

effect when the linear dimensions of the vessel are large compared

with the quantity a given in the preceding table. For when, as is

the case with this intrinsic radiation, the radiation from a cubic

centimetre of gas and the absorption of the radiation are both

proportional to the number of molecules of the substance per cubic

centimetre, it is easy to show that the stream of intrinsic

radiation passing through unit area due to a volume of the

T. G. 27
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substance, is independent of the number of molecules per cubic

centimetre, provided the linear dimensions of the substance are

large compared with the distance the radiation can travel through

it without being absorbed. Hence when the linear dimensions of

the vessel are large compared with the value of a for the radiation

emitted by the gas, the stream of radiation due to the gas will be

comparable with that emitted by a slab of liquified or solidified

gas and thus unless the radiation emitted per molecule were much
smaller for the gas than for the metal the stream of radiation from

the gas would be comparable with that coming from the sides of

the vessel. When the volume of the gas is large enough for this to

be the case the ionisation due to the gas radiation will be pro-

portional to the volume and so in an investigation like Campbell's

would affect the value assigned to the penetrating radiation from

the walls of the vessel.

With regard to the nature of the easily absorbed radiation

Campbell has shown that it does not consist of negatively

charged particles. For if it consisted of such particles we

could from its penetrating power deduce the velocity of the

particles and hence the potential difference which would be

sufficient to stop them if they moved against the electric field.

Campbell made the radiation from metals pass through such a

field and found that the radiation emerged from the field without

any appreciable diminution in intensity.

Vai-iatiuns in the ionisation inside a closed vessel.

206. When air is shut up in a closed vessel the ionisation in

the air is subject to curious fluctuations and changes, the origin of

which is not yet fully understood. Thus for example Campbell

and Wood, working in the Cavendish Laboratory, have shown

that in an unscreened vessel the ionisation shows regular diurnal

variations, having a maximum in the early morning. The most

obvious explanation of this is that there is a similar variation in

the amount of radium emanation in the lower regions of the

atmosphere. Dike has verified this hypothesis by showing that

the induced radio-activity deposited on a negatively electrified

surface in the Cavendish Laboratory has well marked diurnal

variation, with a pronounced maximum in the early morning.

Diurnal variations in the amount of induced radio-activity have

also been observed by Simpson* in Lapland. If the emanation
* Simpson, Phil. Trans, ccv. p. 61, 1906.
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from radium j^resent in the atmosphere diffuses out of the soil,

the quantity near the surface would depend greatly upon vertical

currents in the atmosphere and we should expect to get the

greatest accumulation of emanation near the surface when the

upward convection currents have their minimum value. It is

remarkable that the gradient of electrical potential in the air

gives maxima at the same time. Another very remarkable result

is that the ionisation inside a closed vessel goes on increasing for

several weeks and often rises to a value two or three times the

value obtained when the air was fresh. At first indeed there may

be a temporary diminution in the ionisation, as was observed by

M'^Clennan and Barton, due probably to the decay of radium

emanation present in the air when it was first enclosed, the

subsequent increase is more obscure. Elster and Geitel have,

as we have seen, observed abnormally strong ionisation in cellars

and caves in which the air is stagnant, but as bricks and the

walls of the cave contain radium this is what we should expect

from the slow diffusion of the radium emanation from the walls

into the air. In the case of closed metallic vessels, however,

the cause is more obscure as no emanation has been detected

from these metals even when the time allowed for any emana-

tion there might be to accumulate is much longer than that

necessary to enable the ionisation in a closed vessel of the

metal to double or treble in value. When once the ionisation

has risen to a high value a large quantity of fresh air has

to be sent through the vessel before the ionisation sinks to its

normal value, as if the cause of the increase stuck with some

persistency to the walls of the vessel. The fact that the satura-

tion current reaches these high values shows that the increase

is not due to an accumulation of ions but to an increase in

the rate at which they are produced. Is it possible that these

additional ions are produced by some chemical action between the

gas and the walls of the vessel and that this action has, like

some other such actions, e.g. the combination of hydrogen and

chlorine, a period of so-called induction, i.e. that it takes a

considerable time before the action goes on at the normal rate ?

The subject of this chapter is treated very completely by

Campbell in his valuable paper in the Ja/irbuch der Radioaktivitdt,

Bd. 2, p. 434, 1906.



CHAPTER XIY.

lONISATION DUE TO CHEMICAL ACTION, THE BUBBLING OF
AIR THROUGH WATER, AND THE SPLASHING OF DROPS.

Electrification due to Chemical Action.

207. In many cases of chemical combination in which gases

take part we get electrification of the gas ; Pouillet* was the

first to discover an example of this effect ; he found that while

a carbon cylinder is burning, the air round the cylinder is posi-

tively while the cylinder itself is negatively electrified. Lavoisier

and Laplace
-f-

showed that the same effect occurs with glowing

coal. Pouillet:|: also found that when a jet of hydrogen burns

in air, there is positive electrification in the surrounding air,

negative electrification in the hydrogen. Lavoisier and Laplace §

found that when hydrogen is rapidly liberated by the action of

sulphuric acid on iron there is considerable positive electrification

in the gas ; in this case the interpretation of the results is made

difiicult by the electrical effects produced by the bubbling of the

gas through the liquid, these we should expect to be very con-

siderable as the gas is liberated in small bubbles, which is the

most favourable case for getting a considerable electrification in

a given volume of air. This and other cases of electrification

by chemical action have been investigated by Enrightj! and by

TownsendU; the latter showed that the hydrogen produced by

the action of sulphuric acid on iron retained its electrification

* Pouillet, Pogg. Ann. ii. p. 422.

t Lavoisier and Laplace, Phil. Trans. 1782.

X Pouillet, Pogg. Ann. ii. p. 426.

§ Lavoisier and Laplace, Memoires de VAcademic des Sciences, 1782.

Ii
Enrigbt, Phil. Mag. v. 29, p. 56, 1890.

II Towusend, Proc. Camb. Phil. Soc. ix. p. 345, 1898; Phil. Mag. v. 45, p. 125,

1898.
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after passing tlirough tubes filled with tightly packed glass-wool,

thus proving that the electrification could not be carried by the

coarse spray produced by the bursting of the bubbles, as this is

stopped by the wool. Townsend also showed that when chlorine

is liberated by the action of hydrochloric acid on manganese

dioxide the chlorine has a strong positive electrification ; and that

the oxygen produced by heating potassium permanganate carries

with it a strong positive charge.

Townsend has shown that gases liberated by electrolysis carry

with them considerable charges of electricity. Thus the hydrogen

evolved by the electrolysis of sulphuric acid at temperatures as

high as 40"^ or 50° C. has a considerable positive charge; the

charge on the oxygen is exceedingly small in comparison, -it is also

positive. When these gases are liberated by the electrolysis of a

solution of caustic potash the electrification on the hydrogen is

very small, while the oxygen has a much larger negative charge

the amount of which rapidly increases with the temperature ; the

nature of the electrode too has a considerable influence on the

amount of electrification which comes off in the gas. The interpre-

tation of these results, like those of the evolution of gases by the

action of acids on metals, is made difficult by the electrical effects

produced by the bubbling of the gases through the liquid,

Kosters*, who has also investigated this subject, ascribes most of

the electrification to the bubbling.

Townsend f found that these electrified gases possess the

remarkable property of producing a cloud when they pass into

a vessel containing aqueous vapour ; this cloud is produced even

when the air in the vessel is far from saturated with moisture, and

does not require any lowering of temperature such as would be

produced by the expansion of the air in the vessel. Townsend

found that when the gas liberated by electrolysis was not charged

no cloud was produced, and that the weight of cloud produced, other

circumstances being the same, was proportional to the charge in

the gas. Clouds are produced, however, in some cases in which no

charges are perceptible ; thus H. A. Wilson | has shown that if

solutions of salts or acids, or even of sugar or glycerine, are sprayed

* Kosters, Wied. Ann. Ixix. p. 12, 1899.

t Townsend, I'roc. Camh. Phil. Soc. ix. p. 345, 1897.

X H. A. Wilson, rhil. Ma<j. v. 4.5, p. 454, 1898.
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by a Gouy sprayer into a vessel and the air from this vessel passed

through sulphuric acid a cloud is formed when this air emerges

into a damp atmosphere. The cause of this seems fairly clear,

although the passage through the sulphuric acid may rob the drops

of the solution of their water, the acid or salt in the drop is carried

along with the air through the sulphuric acid ; when this emerges

into the moist atmosphere the water condenses round the salt or

acid and forms a drop of the solution, thus the drops in the cloud

are not pure water, but solutions, and as the vapour pressure for

these solutions is smaller than that for pure water the drops do

not evaporate, even although the atmosphere is not saturated with

moisture. Meissner* has also described clouds not accompanied

by electrification which are produced when air containing ozone is

passed through a solution of potassium iodide : these can be ex-

plained in a similar way by supposing that the ozone acting on

the potassium iodide produces some substance which readily dis-

solves in water when it comes into contact with it. I think that

a similar explanation may hold for the clouds produced by the

electrified gas, for the carriers of the electricity are evidently

complex bodies of very considerable size, since Townsendf found

that the velocity of these carriers under a potential gradient of

1 volt per cm. was only about 1/8000 of the velocity under the

same electric field of the ions produced by the action of the Rontgen

rays on the gases : if we suppose that these systems can dissolve

in water like an acid or salt and lower the vapour pressure, the

process by which the cloud is formed would be the same as that

in H. A. Wilson's experiment.

Townsend measured the rate of fall, the weight of the cloud,

and the amount of electrification carried by it ; the first of these

measurements gives the size of a drop, the second the number of

drops, and the third the charge on a drop ; he found, assuming

each drop to be charged, that the magnitude of the charge on the

carrier of the electricity in electrolytic oxygen was about 5'1 x lO"^*'

electrostatic units.

Bloch;]: has also measured the velocity in the electric field of

the ions produced when hydrogen is evolved by the action of hydro-

* Meissner, Jahresber. f. Cheni. 1863, p. 126 ; see also Townsend, Proc. Camb.

Phil. Soc. X. p. 52, 1899.

t lb. ix. p. 345, 1897.

:J:
Bloch, Ann. de Chemie et de Ph)jsiqitc, [8], iv. p. 25, 1905.
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chloric acid on zinc, when COo is prepared from marble and

hydrochloric acid, and when oxygen is prepared by heating

potassium permanganate, he found that the velocity for a potential

gradient of a volt per centimetre was in all cases of the order

1/100 mm. per second. From the equation

X = 67r/j,aV,

where V is the velocity acquired by a sphere of radius a when

moving under the action of a force X through a fluid having

viscosity /x, we find, putting V= 10"^ /u. = 2 x 10-^ Z = 3 x lO-^*'

X (1/300), that a= 2'5 x 10^'', so that the size of these carriers is

much larger than that of a single molecule.

loiiisation produced hy the oxidation of phospJiorus.

208. The case of ionisation by chemical action which has been

most closely studied is that of the oxidation of phosphorus. Air

which has passed over phosphorus at not too low a temperature

has the power of discharging both positively and negatively

electrified bodies. This flict was known to Matteucci *, the

phenomenon was also investigated by Naccari f, and ELster and

Geitelj and was subsequently discovered independently by Shelford

Bidwell § ; of late years it has been the subject of investigations by

Barusll, Schmidt!!, Harms**, and Bloch |"f. Barus made experi-

ments to see if the ionising properties of the phosphorised air

could be exerted through thin films of various materials, the

only films through which he could get an appreciable effect were

those made of thin tissue paper, and here the effect seemed to

make its way through the pores rather than through the material

itself, as on oiling the paper to stop up the pores the transmission

ceased. Barus found that the air which had passed over phos-

phorus was very active as a cloud producer. If hydrogen is

passed over phosphorus it does not become a conductor of

electricity.

* Matteucci, Encyclopedia liritaiinica (1855 edition), viii. p. 022.

t Naccari, Atti della Scienzc dc Torino, xxv. p. 252, 1890.

J Elster and Geitel, Wied. A)ui. xxxix. p. 321, 1890.

§ Slielford Bidwell, Nature, xlix. p. 212, 1893.

II
Barus, Experiments loith ionised air, Washington, 1901.

H G. C. Schmidt, Ann. der Phys. x. p. 704, 1903.

** Harms, Pliys. Zeitschr. iv. p. Ill, 1902.

tt Jiloch, Ann de Chcmie et dc J'hi/siqiu-, [H], iv. p. 25, 1905.
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Recent experiments made by Harms and Bloch have proved

that the conductivity of the air which has passed over phosphorus

is due to the presence of ions in the gas. Thus Bloch has shown

that the conductivity can be taken out of the phosphorised air by

making it pass through a strong electric field, a property character-

istic of an ionised gas.

Bloch and Harms have shown that the current through the

phosphorised air can be saturated but that in consequence of the

inertness of the ions it requires a very intense field to drive all the

ions to the electrodes. Bloch determined the velocity of the ions

under an electric field and showed that, as in all known cases when

the ions are produced by chemical action, the mobility of the ions

was very small compared with that of ions produced by Rontgen

rays, the velocity of the ions in the phosphorised air being for the

same electric field only about 1/1000 of that of ions produced by

Rontgen rays ; this shows that the ions in the phosphorised air are

of very considerable size having radii comparable with 10~® cm.

Bloch has also determined the value of a, the coefficient of

recombination, for the ions in the phosphorised air and finds that

this too is only about one-thousandth part of a for the ions

produced by Rontgen rays. All the properties of the phosphor-

ised air indicate that the ions in it are some oxides of phosphorus

collected around charged nuclei ; the production of a cloud when

the air comes into contact with damp air is quite in accordance

with this view, as these oxides are soluble in water and would thus

lower its vapour pressure and produce condensation.

Ozone is produced when oxygen passes over phosphorus, but

Goekel * has shown that the ozone may be absorbed without

destroying the conductivity.

Both Harms and Bloch have shown that the number of ions

produced when oxygen passes over phosphorus is very small in

comparison with the number of oxygen atoms which enter into

combination with the phosphorus,

Elster and Geitel f have shown that the conductivity produced

by passing air over sulphur even at a high temperature is

exceedingly small compared with that produced by phosphorus.

* Goekel, Phys. Zeitschr. iv. Aug. 1.5, 1903.

t Elster and Geitel, Wied. Ann. xxxix. p. 321, 1890.
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Conductivity produced hy Hydration.

209. Le Bon* has shown that the hydration and dehydration

of certain salts produce conductivity in the surrounding gas. The

most conspicuous case is that of sulphate of quinine, when sulphate

of quinine is heated above a certain temperature and then allowed

to cool, the quinine phosphoresces and the air over the salt

becomes a conductor of electricity. This seems to be a case

of ionisation by chemical action and not the emission of ionising

radiation from the sulphate, iov Miss Gates*!*, who has made many

experiments on this subject, found that the effect on the air

disappeared if the sulphate were covered with the thinnest

aluminium foil procurable. Miss Gates, and later KalahneiJ:,

found that the current of electricity from the quinine through

the air was greater when the quinine was positively, than when

it was negatively charged, and that the difference was greater

when the conductivity was due to hydration than when it was

due to dehydration. This result indicates an excess of positive

ions in the air.

When the water of crystallisation is driven off salts by

raising them to a high temperature there is in many cases a

production of ions.

Another very interesting case of the production of ions is that

discovered by Beattie§ and which has also been investigated by

Garrett and Willows||. Beattie found that if a mixture of sodium

chloride and iodine is sprinkled over a metal plate and the plate

heated to a temperature somewhat over 300° C large quantities of

positive ions and smaller quantities of negative ones are given off by

the salt, the number of these ions increases rapidlyas the temperature

increases. This and similar effects have been investigated by Garrett

and Willows ; they find that the ionisation observed by Beattie is

due to the formation and subsequent dissociation of the iodide of the

metal of which the plate is composed. Heating ZnCl..> or ZnL in

platinum vessels they find that these salts at temperatures above

350° C. give off large quantities of ions, the rate increasing rapidly

* Le Bon, Compt. Rntd. cxxx. p. 891, 1900.

t Miss Gates, Phyx' Rev. xviii. p. 18.5, 1904.

X Kalahne, Ann. der I'liys. xviii. p. 450, 1905.

§ Beattie, Phil. Mnej. [n], xlviii. p. 97, 1899
;

[(J] i. p. 4-22, 1901.

II
Garrett and Willows, Phil. Map. vi. 8, p. 437, 1904.
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with the temperature. They found too that if a quantity of Znl,

was kept at a constant temperature the rate at which the evohition

of ions took place diminished according to an exponential function

of the time, i.e. could be represented by an expression of the form

e""^^ ; at the temperature of 360° C. the rate of production of ions

fell to half its original value in about 41 minutes. They also

determined the velocity of the ions in an electric field and found

that in this, as in the other cases of ionisation by chemical action,

the velocity is very small compared with that of ions produced by

Rijntgen rays. When the temperature of the salt was 360° C.

they found for the positive ions coming from ZnClo, ZnBr.,, or Znlg

the velocity of 6 x 10~^ cm./sec. for a potential gradient of one

volt per centimetre. The velocity of the negative ion seemed

considerably larger but very irregular. An interesting question,

the answer to which is still uncertain, is what is the carrier of the

positive charge which forms the nucleus of the positive ion when

such a salt as Znl., is heated, is it an atom of zinc or one of hydrogen

derived from the moisture which such a hygroscopic salt is likely

to contain ?

Many salts when heated to redness give out much larger

quantities of ions than metals at the same temperature. Some

salts give out an excess of negative, others of positive ions, all the

lower oxides I have tried give an excess of negative, and all the

phosphates of positive.

There are many other cases in which it is probable that

chemical action is the cause of the emission of corpuscles and thus

of electrical separation. We have seen that when metals are

stimulated by the action of ultra-violet light, high temperature,

Rontgen rays, or the radiation from radio-active substances, the

atoms of the metal give out corpuscles. May not the same effect

be produced by the stimulus or disturbance given to the atom

when it takes part in a chemical reaction ? That some such

effect is produced seems probable from the behaviour of some

oxides when heated, the oxides of calcium and barium give out

as Wehnelt has shown large quantities of corpuscles. This does

not seem altogether due to the high temperature of the atom of

calcium in the compound, for if that were the cause the rate of

emission might be expected to be of the same order for different

compounds of calcium and also for the metal itself: it is however

very much greater for the oxide than for the metal or any other
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salt yet investigated, indeed the phosphate gives out at not too

high temperatures an excess of positive electricity instead of an

excess of corpuscles. These factors suggest that in the case of the

oxide there are chemical changes going on in which the calcium

atom gets disturbed and emits a copious supply of corpuscles.

In the case of barium oxide which also emits corpuscles when
heated it is known that there is a transformation from one oxide

to another at high temperatures, in these transformations the

atoms of barium might be expected to be disturbed and caused to

emit corpuscles.

Electrification j^roduced hy the bubbling of air through water,

the splashing of drops.

210. Lord Kelvin* showed that air bubbled through water

carried with it a negative charge, the amount of this charge

depending upon the purity of the water, the addition of salts or acids

to the water diminishing the effect, and in some cases reversing the

sign of the electrification. The closely connected effect produced

by the splashing of drops had previously been investigated by

Lenardf, whose attention was called to the question by the well-

known fact that there is something exceptional in the phenomena
of atmospheric electricity at the foot of a waterfall when the water

falls upon the rocks and breaks into spray. Lenard found that

when a drop of water splashes against a plate, a positive charge

goes to the water, while the surrounding air is negatively electri-

fied. The amount of the electrification is influenced to a remark-

able extent by the purity of the water ; thus Lenard found that

while the effect was very marked with the exceptionally pure

water at Heidelberg, it was almost insensible with the less pure

water at Bonn. He found too that the splashing of a weak
solution of sodium chloride produced positive instead of negative

electrification in the air ; thus while the splashing of rain electrifies

the air negatively, the breaking of waves on the sea-shore will

electrify it positively.

In some experiments that I made on the subject^, I found

that the effects produced by exceedingly minute traces of some

* Lord Kelvin, Froc. Roy. Soc. Ivii. p. 835, 1K1I4.

t Lenard, Wicd. Ann. xlvi. p. 584, 1892.

X J. J. Thomson, I'liil. M,iij. v. 37, p. 341, 1894.
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substances were exceedingly large ; thus, although rosaniline is

a very powerful colouring agent, I found that its presence in

water could be detected by the electrical effect before any change

in the colour was apparent.

Kosters* found that while air bubbled through pure water

was negatively electrified, the addition of "007 per cent, of

sulphuric acid to the water made the air coming through electri-

cally neutral, while the addition of more acid caused the air to

be positively electrified, although the amount of this was small

compared with the negative electrification due to pure water.

The effect produced by the addition of salts and acids to the

water on the electrification of air passing through has also been

investigated by Lord Kelvin, Maclean, and Galt-f*.

When air bubbles through water, or when the area of a drop

of water is suddenly increased by the splashing of the drop against

a plate, a virgin surface of water is exposed to the air; if, as seems

to be the case, a double layer of electricity is formed at this surface,

and if the ions in the layer next the air come from the air, then

there must be left in the air an excess of negative ions if the outer

coating is positive, and of positive if the outer coating is negative.

Lenard;]: found that electrification was produced by many

liquids besides water and aqueous solutions ; thus, mercur}' pro-

duced a very large effect of the same sign as water ; if mercury

is vigorously shaken up in a bottle, and the air drawn off, it is

found to be strongly charged with negative electricity ; turpentine,

too, gives a large effect of the opposite sign to that of water,

the air being positively, the turpentine negatively, electrified.

The splashing of carbon bisulphide also gives rise to considerable

electrification, the sign of the electrification being the same as

for water.

The nature of the gas surrounding the liquid has also a very

considerable effect upon the electrification ; thus Lenard found

that the electrification due to the splashing of water surrounded

by hydrogen was much less than when the water was surrounded

by air ; using very carefully purified hydrogen, I got only a very

* Kosters, Weid. Ann. Ixix. p. 12, 1899.

t Lord Kelvin, Maclean, and Gait, Phil. Trans. A, 1898.

X Lenard, Wied. Ann. xlvi. p. 584, 1892.
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small electrification, and that of the opposite sign to the effect

in air.

Recent experiments made by Kahler * have shown that the

absence of electrification when air is bubbled through salt solutions

is not due to the absence of ions but to the presence of both

positive and negative ions in equal numbers, in the case of pure

water only negative ions are present. Aselmann"f- has shown that

the ions produced by the splashing of drops are of many different

sizes, thus for the velocity, under the potential gradient of a volt

per centimetre, of the negative ions produced by the splashing ofpure

water he found values ranging from 4 cm./sec. to 2"7 x 10^^ cm./sec,

the greater number of ions having velocities between 4 and 1"6 x 10~^

cm./sec. For the ions produced by the splashing of a 0'2 per cent,

solution of NaCl he found the velocities of the negative ions to

range from 4 cm./sec. to l"9xl0~^ cm./sec, while the velocities of

the positive ions were between 8"8xl0~^ cm./sec. and 3'4xl0~^

cm./sec.

* Kahler, A7in. der Phys. xii. p. 1119, 1903.

+ Aselmann, Ann. der Phys. xix. p. 960, 1906.



CHAPTER XY.

SPARK DISCHARGE.

211. We have hitherto mainly been discussing cases in which

the ionisation was produced independently of the electric field

acting upon the gas, we shall now proceed to the consideration of

cases in which the ionisation is mainly due to the action of the

electric field itself, and when the electric field before sending the

electric current through the gas has first to make the gas a con-

ductor. Cases when ionisation is produced by an electric field have

already been considered on pp. 270 et seq., we shall now consider

the most familiar case of this kind—the electric spark. To take

as simple a case of this as possible, let us suppose that we have two

large metal plates parallel to one another and near together, let the

plates be placed in connection with a large battery of cells or some

other means of producing a difference of potential between them

;

then if we start with a very small difference of potential between

the plates the only current which will pass from one plate to the

other will be the very small one due to the spontaneous ionisation

of the gas between the plates ; this current is not luminous and is

proportional to the distance between the plates, and so by pushing

the plates near together may be made as small as we please. On
measuring the potential difference, however, a stage is reached

when a current accompanied by luminosity passes between the

plates, and when this, the sparking stage, is reached the potential

differences between the plates remain approximately constant, even

when the number of cells in the circuit comiecting the two plates

is increased. The potential difference between the plates when

the spark passes depends upon the distance between the plates,

i.e. the length of the spark, and on the nature and pressure of the

gas in which the plates are immersed ; the investigation of the

connection between these quantities has occupied the attention
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of many observers. Before we consider their results, it will be

useful to consider some properties of the spark which have an

important effect on the accuracy of such observations.

212. We shall call the greatest potential difference, which can

be applied to the electrodes for an indefinitely long time without

causing the spark to pass, the spark potential difference. It must

not be supposed, however, that whenever a potential difference

just greater than this is applied to the plates a spark always

passes ; it frequently happens that if the potential difference is

only applied for a short time the air between the plates can sustain

a much greater difference of potential than the spark potential

without a spark passing through it. Thus Faraday* long ago

observed that it takes a greater potential difference to start the

first spark than is required to keep up the sparks when once they

have been started, and that the effect of one spark in facilitating

the passage of its successors does not die away until the gas has

rested for several minutes. I found that if the gas is dried with

extreme care it is possible to get it to stand, without a spark pass-

ing, a potential difference three or four times as large as that

which is sufficient to produce a spark in less perfectly dried gasf.

The dry gas seems, however, to be in an unstable state as far as its

electrical properties are concerned, for when once a spark has been

forced through it the potential difference between the plates falls

to the value for a moist gas, and the gas is not again able to

stand a greater potential difference until it has rested for several

minutes ; this result suggests that if we had a perfectly dry gas it

might not be possible to start a spark through it. The gas would,

however, be in an unstable state, and may be compared to a super-

saturated solution into which a foreign body has to be introduced

before crystallisation begins, though the process once started con-

tinues until the solution ceases to be supersaturated. Another

analogy would be a gas supersaturated with aqueous vapour,

when for condensation to take place we require the presence of

nuclei round which the drops may condense. The tendency of

the gas tv get into this electrically unstable state is much dimin-

ished by the presence of moisture, or of gases from fiames, sparks,

or arcs, by the illumination of the cathode by ultiu-violet light, or

* Faraday, K.tycrinu'utdl lii'm'drclicfi, ij 1117.

t J. J. Thoinson, J'liil. Mmj. v. 30, p. 313, 1893.
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by the exposure of the spark-gap to Rontgen or Becquerel rays, in

short by any agent which introckices ions into the field. War-

burg* has made very extensive researches on the effect produced

by several of these agents on the passage of sparks ; the method

he used consisted in measuring the interval between the applica-

tion of a potential difference greater than the spark potential and

the passage of the spark ; this interval, which may be several

minutes when the potential only just exceeds the spark potential,

diminishes as the potential difference increases, we shall call it

the ' lag ' of the spark. The amount of the ' lag ' has an import-

ant effect on many phenomena connected with sparks ; thus for

example if it is great and an induction coil or some other machine

furnishing a very rapidly changing potential be used to produce

the spark, the terminals may support for the short time during

which the electric field lasts a potential difference which would

produce a spark if the lag were short ; in a case like this an agent

might make the spark pass by diminishing the time of lag

even though it had no effect on the spark potential. A notable

instance of this is the effect produced by ultra-violet light on

sparks passing between the terminals of an induction coil. Hertzf

showed that the exposure of the spark-gap to such light facilitated

the passage of the spark; E. Wiedemann and Ebert;]: showed that

if the negative electrode is screened off from the light, leaving the

spark-gap and positive electrode illuminated, no effect is produced

;

we have seen (Chapter X.) that the illumination of a negatively

electrified body leads to a discharge of negative ions, and that no

ions are produced when the body is positively electrified. Swyn-

gedauw§ found that if the positive electrode was large its illu-

mination helped the spark : it is possible that with large electrodes

sufficient light may be reflected from the positive to the negative

electrode, or to some body in the neighbourhood of the positive

electrode which is negatively electrified by induction, to cause the

negatively electrified body to emit ions.

Wiedemann and Ebert (I.e.) showed that the nature of the

gas had considerable influence upon the amount of the effect

* Warburg, Sitz. Akad. d. Wissensch., Berlin, xii. p. 223, 1896 ; WitJ. Ann. lix.

p. 1, 1896 ; Ixii. p. 385, 1897.

+ Hertz, Wied. Ann. xxxi. p. 983, 1887.

X E. Wiedemann and Ebert, Wied. Ann. xxxiii. p. 241, 1888.

§ Swyngedauw, Rapports presentes an Congres International de Physique, Paris,

iii. p. 164.
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produced by ultra-violet light, the effect being especially large in

carbonic acid gas (the currents due to photo-electric effects in this

gas are much larger than in air). Warburg* showed that the

chief effect of the ultra-violet light was to diminish the ' lag ' and

that the effect on the spark potential was comparatively small.

This is clearly shown by the figures given in the following table,

taken from Warburg's paper: the potential difference was produced

by a battery of storage cells, and a contact make and break was

used, by means of which the potential difference was applied to

the air-gap for a short interval, in this case "0012 sec. The frac-

tions in the table have for their numerators the number of times

a spark passed when the potential difference was applied for this

time, and for their denominators the number of times the potential

difference was applied ; thus the fraction j\j indicates that the

spark never passed, and the fraction {^ that it always did so. The

gas used in these experiments was hydrogen at a pressure of

11 mm. of mercury, the spark potential was 960 volts in daylight,

1080 in the direct light from an arc lamp, and 1260 when this

light had passed through glass. The electrodes were platinum

spheres, 7 mm. in diameter, and the spark length was 4'5 cm.

Potential Difference

in volts

o
to
05

o oo
>o

o o
o

o ooo
CO

o
CD

CO

o
o
"5

ooo
«D

o
o

o o
00

In the dark

A
i8

in
10

10
10

^ 1^

r% ^0 ^U 1% T% tV A
In daylight

In the arc light

through glass

In the arc light

It will be seen from this table that while in the dark the

spark does not always pass even when the potential difference

is 9 times that required to produce a spark when the field is con-

tinuous, in the arc light a potential difference only a little greater

than the minimum required to produce a spark always produces

a spark ; the table shows too that daylight produces a very per-

ceptible diminution of the 'lag.'

* Warburg, Sitz. Akad. der Wissensclui/tcii, Berlin, xii. p. '223, 1890.

T. G. 28
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Warburg* showed that the ' lag ' in a very dry gas was much
longer than in one containing a small quantity of water vapour

;

the difficulty of starting the electric discharge in very carefully

dried gas has already been alluded to.

The importance of the ' lag ' in relation to the mechanism of

the spark discharge seems first to have been realised by Jaumanni",

who pointed out that while it lasted some process must be going

on in the gas which converts it from an insulator to a conductor.

During this process no light can be detected even in the darkest

room, and both Jaumann and Warburg failed to find by direct

experiments with electroscopes any indication of a current passing

through the gas at this stage. Warburg |, however, at low pres-

sures observed some effects which seem to indicate that during the

lag there is a current passing through the gas although it is too

small to be detected by an electroscope or to produce any lumi-

nosity. The evidence for this is based on the effect produced by

a magnet on the discharge through a gas at low pressure ; a dis-

charge is hindered by the action of a transverse magnetic field

owing to the deflection of the ions which carry the current

;

Warburg showed that the magnetic field not only hampered

the luminous discharge, it also produced a great increase in the

duration of the ' lag
'

; he concluded from this that during the lag

there is a feeble current which is essential for the production of

the spark, and that the magnetic field by hampering this current

prolongs the time which has to elapse before the spark can pass.

Walter^ by taking photographs of sparks on rapidly moving

plates has shown that a bright spark is preceded by faintly lumi-

nous brush discharges. We shall see when we consider the theory

of the spark discharge that the formation of a preliminary current

is necessary for the production of the spark unless the potential

difference is very great.

Effect of rapid variations in the potential of the terminals on

the passage of a spark.

213. Jaumannll has made some interesting experiments on

the effect on the spark length of rapid changes in the electrical

* Warburg, Wied. Anii. Ixii. p. 385, 1897.

t Jaumann, ib. Iv. p. 656.

+ Warburg, ib. Ixii. p. 385.

§ Walter, ib. Ixvi. p. 636, Ixviii. p. 776.

II
Jaumann, Wien. Sitz. xcvii. p. 765, 1888.
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condition of the electrodes. The experiments are of the following

type. The main current from an electrical machine charged the

condenser B, while the condenser G could be charged through

the air space F, G being a small condenser whose capacity was only

55 cm., while B was a battery of Leyden jars whose capacity was

about 1000 times that of C; a wire was connected to the inside

coating of B and terminated about 5 mm. above the plate E,

which was connected with the earth. A glow discharge passed

from the wire to the plate, and the difference of potential between

the outside and inside coatings of the jars B was constant and equal

to about 12 electrostatic units. When the knobs of the air break

F were suddenly pushed together a spark about 5 mm. in length

passed across the air break and in addition a bright spark 5 mm.
long jumped across the air space at e where there was previously

only a glow. The passage of the spark at F put the condenser G
in connection with B, and thus produced a rapid variation in the

potential of the wire, and the spark at JS was the result. From
experiments of this kind Jaumann came to the conclusion that if

V is the potential difference between the electrodes the condition

dV
for sparking is that V -j- and not V should have a definite value,

so that if we could make the potential difference vary with great

rapidity it might produce a spark even though its magnitude were

much below the sparking value. I cannot see, however, that the

experiments justify this conclusion; it must be remembered that

when we add on the small condenser we start electrical vibrations,

28—2



436 SPARK DISCHARGE. [XV

and that while these are going on the maximum value of the

potential in certain parts may greatly exceed the value when the

vibrations have died away. Thus, to take a very simple case,

suppose A is a, very large Leyden jar, while 5 is a very small one,

originally A is charged, B is not, the outsides of both are connected

with the earth ; if the insides of A and B are suddenly connected,,

then though the final potential of B will be smaller than the

initial value of the potential of ^, yet the maximum value during

the oscillations will be nearly twice as large as the initial poten-

tial of A, and thus if B were suddenly connected with A a spark

might pass across the plates of B although B might stand without

sparking a potential difference equal to that originally existing

between A : the passage of this spark would, however, be due to

the oscillation producing a great increase in the maximum poten-

tial difference, and would not necessarily indicate that with a given

potential difference the spark would pass more easily if this were

changing than if it were steady. This question has been the

subject of much controversy, it is often called the question of

'constant spark potential' and has been discussed by Jaumann*,

Swyngedauw-f-, and K. R. Johnson j.

Variation of the spark potential difference with the spark length

and pressure of the gas.

214. The first measurements of the potential difference re-

quired to produce a spark through air at atmospheric pressure were

made by Lord Kelvin§ in 1860, since then the subject has attracted

nuich attention and important investigations have been made by

Baillell, Liebigli, Paschen**, Peaceff, Orgler|:|:, Strutt§§, Bouty||||,.

* Jaumann, Wied. Ann. Iv. p. 656, 1895 ; Wien. Sitz. xcvii. p. 765, 1888.

t Swyngedauw, These : Contribution a VEtude des Becharges, 1897.

X Johnson, Drude's Ann. iii. p. 460, 1900; v. p. 121, 1901.

§ Lord Kelvin, Collected Papers on Electrostatics and Magnetisnt, p. 247.

II
Bailie, Annales de Chimie et de Physique [5], xxv. p. 486, 1882.

II Liebig, Phil. Mag. v. 24, p. 106, 1887.]

** Paschen, Wied. Ann. xxxvii. p. 79, 1889.

ft Peace, Proc. Roy. Sac. hi. p. 99, 1892.

tt Orgler, Drude's Ann. i. p. 159, 1900.

§§ Strutt, Phil. Trans. 193, p. 377, 1900.

nil Bouty, Comptes Rendus, 131, pp. 469, 503, 1900.
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Earhart*, Carrf and Russell J, Hobbs§ and Kinsley ||. The

values of the spark potential difference given by the earlier

experimenters are as a rule somewhat larger than those found

under similar circumstances by more recent observers, probably

because latterly more attention has been paid to eliminating the

effects due to ' lag
'

; whenever ' lag ' is present the potential

difference when the spark passes is higher than the minimum
required to produce a spark. We shall first give a general account

of the laws which have been brought to light by the experiments

made on this subject, reserving until the end of the chapter the

tables which embody the numerical results obtained by the above-

mentioned physicists.

Let us first take the case where the electrodes are so large

compared with the distance between them and placed in such a

position that the lines of electric force are parallel to each other,

this condition would be fulfilled if the electrodes were parallel

planes placed at a distance from each other not greater than a

small fraction of their diameter; it is approximately fulfilled in

the arrangement most frequently used where the electrodes are

portions of spheres of large radius placed close together.

In the first place the potential difference required to produce

a spark of given length does not depend upon the metal of which

the electrodes are made (it is possible that aluminium and magne-

sium electrodes may be exceptions to this rule). Experiments

on this point have been made by RighilF, Peace, and Carr. Righi

tried electrodes of carbon, bismuth, tin, lead, zinc, and copper and

got the same potential difference with all these substances. Peace

(I.e.) who made very careful experiments with electrodes of zinc

and brass could not detect the slightest difference in the

potential difference required to spark across them. Carr found

the spark potential to be the same with electrodes of brass, iron,

zinc, and aluminium. On the other hand, De la Rue and Husfo

Miiller** came to the conclusion that sparks pass more easily

* Earhart, Phil. Mag. vi. 1, p. 147, 1901.

t Carr, Proc. Roy. Soc. Ixxi, p. 374, 1003.

+ Russell, Phil. Mag. [6], xi. p. 237, 1900.

§ Hobbs, Phil. Mag. [6], x. p. 617, 1905.

li
Kinsley, Phil. Mag. [6], ix. p. 692, 1905.

II Eighi, Nuovo Cimento (2), xvi. p. 97, 1876.
** De la Rue and Miiller, Phil. Trans. 169, Ft. 1, p. 93, 1898.



438 SPARK DISCHARGE. [xv

between aluminium electrodes than between electrodes of any

other metal, but that with this exception the nature of the elec-

trodes has no influence upon the spark length. It is worthy of

remark that the cathode fall of potential which is very closely con-

nected with the spark potential does not differ by more than a few

volts for electrodes of all the metals used by Righi ; for aluminium

and magnesium electrodes, however, it is decidedly smaller.

Coal Gas

too soo 30O 400 MO 600 700 800 »oo 1000 CentirTvUers

Fig. 105.

100 200 300 400 500 600 700 800 900 1000 Ccriti-'neters

Fig. 106.
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The connection between the spark potential and the spark

length is represented by the curves given in Figs. 105, 106, 107,

and 108 for air, hydrogen, and carbonic acid and coal gas at

atmospheric pressure, the ordinates are proportional to the

potential difference required to produce a spark of a length repre-

sented by the abscissae.

The curves in Figs. 105—108 are due to Liebig (l. c), who
used spherical electrodes 19"5 cm. in diameter. The curves

260
, Hydrogen.

£00 - \
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100 40 ^^
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Fig. 107.

running up to the vertical axes represent the connection between

the average value of the electric intensity, i.e. V/d, where V is the

spark potential and d the spark length, and the spark length.

300 400 500 600

Fig. 108.

Lent/ths en Centt^neters
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It will be seen that except for very short sparks the curves

representing the relation between V and d are approximately

straight lines, so that for moderately long sparks the relation

between V and d would be of the form

V=a + hd,

where a and h are constants. Chrystal* has shown that the

simple relation

V= 4-997 + 99-593 d,

where V is measured in electrostatic units and d in centimetres,

agrees with Bailie's very numerous experiments on the spark poten-

tial in air at atmospheric pressure quite as well if the spark length

exceeds 2 mm. as the more complicated formula

F2 = 10500 (rf + 0-08)rf

proposed by Bailie himself. Carey Foster and Prysonf also

found that the linear relation V= a + bd was the one which best

represented the results of their experiments on the potential

difference required to spark through gas at atmospheric pressure.

215. The curves we have given do not however give any indica-

tion of the relation between the spark potential and the spark

length when the latter is exceedingly small. When the spark length

falls below a certain value which is inversely proportional to the

pressure, and which we shall call the critical spark length, the

potential difference has a minimum value, and if the spark length is

still further diminished the spark potential begins to increase and

goes on increasing until the spark length gets down to about 10"'* cm.,

when it very rapidly diminishes. The increase of the spark poten-

tial due to a diminution in the spark length was first observed by

Peace ; as the critical spark length at atmospheric pressure is

exceedingly small, only about 'Ol mm., it is difficult to experiment

with sparks short enough to show the effect, as however the

critical spark length varies inversely as the pressure, we can by

diminishing the pressure increase the critical spark length until its

observation becomes comparatively easy. Perhaps the simplest way

of showing the effect is to use slightly curved electrodes and to

observe the position of the spark as these are brought closer

* Chrystal, Proc. Rotj. Soc. Edin. xi. p. 487, 1882.

t Carey Foster and Pryson, Chemical Neivs, xlix. p. 114, 1884.
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together. When the electrodes are at some distance apart the

spark passes along the shortest line between them ; as the electrodes

are pushed together it will be found that a stage is reached when

the spark no longer passes along the shortest line, but goes to

one side, taking a longer path, showing that it is easier to pro-

duce a long spark than a short one ; with this arrangement the

potential difference required to produce the spark does not vary

as the electrodes are moved nearer together, it remains constant

and equal to the minimum potential difference required to pro-

duce a spark ; the spark length too is constant and equal to the

critical spark length ; the position of the spark is determined by

the condition that it passes at the place where the distance be-

tween the electrodes is equal to the critical spark length. In order

to measure the increase of potential difference due to the dimi-

nution in spark length it is necessary to use perfectly flat and

parallel electrodes, when these are pushed together the length of

the spark is necessarily diminished. The electrodes used by Carr

{I. c.) are represented in Fig. 109 ; they were plane brass plates

embedded in ebonite and separated by ebonite rings of different

f. .-^.

Td&3//t7y

^ c

Fig. 109.

thicknesses. With this apparatus Carr obtained the results given

in the following tables

:

Pressure 2"02 mm. : gas—air.

Spark length Spark potential in volts

1 mm.
2 mm.
3 mm.
5 mm.

10 mm.

558
371

357
376
472
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Pressure 1'05 mm. : gas—air.

[xv

Spark length Sjjark potential in volts

1 mm.
2 mm.
3 mm.
5 mm.

10 mm.

1826
594
397
355
379

The effect is even more strongly marked in hydrogen, as the

following table shows.

Pressure 2*6 mm. : gas—hydrogen.

Spark length Spark potential in volts

1 mm.
2 mm.
3 mm.
5 mm.

10 mm.

1781
462
398
285
317

In each of these cases the spark potential for the shortest

spark is greater than for the longest. When the spark length

falls below about 5 x 10~* cm. the spark potential, as Earhart has

shown, falls off rapidly; Ave shall return to this point later on. The

existence of a critical spark length is also proved by the remark-

able changes which take place in the appearance of the discharge

when the electrodes are brought very near together. Thus in the

course of some experiments on the discharge between large parallel

plates I observed* that at very low pressures the discharge went

from the under side of the lower plate, which was the positive elec-

trode, and round to the top of the upper plate ; the space between

the plates was quite free from any luminous discharge : showing

the discharge went more easily round the longer path than by the

much shorter one between the plates. The same thing is shown

in Figs. 110 and 111, which are drawings given by Lehmannf of

the appearance as seen through a microscope of the discharge

between electrodes of different shapes placed very near together.

* J. J. Thomson, Proc. Camh. Phil. Soc. v. p. 395, 1886.

t Lehmann, Moleciilare Physik, ii. p. 295.
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A very famous experiment due to Hittorf *, represented in Fig. 112,

is another illustration of this. The two electrodes were only 1 mm.

Fig. 110. Fig. 111.

apart, the regions around them were connected together b}^ a long

spiral tube 375 cm. long; in spite of the enormous difference be-

tween the lengths of the paths the discharge, when the pressure

Fig. 112.

was very low, all went round through the spiral, the space between

the electrodes remaining quite dark.

216. The curves in Figs. 105—108 show how rapidly the

value of V/d (V being the spark potential and d the distance

between the plates) increases as d diminishes. This was observed

* Hittoif, Wied. Ann. xxi. p. 9(), 1884.
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by Lord Kelvin in 1860. If the electric field were uniform V/d

would be the electric intensity between the plates ; in general,

however, when a current of electricity passes through a gas the

field is not uniform but is greater at one or both of the electrodes

than in the rest of the field, we are not justified therefore in

assuming that V/d is the maximum electric intensity between

the electrodes.

Variation of the spark potential tvitli the pressure.

217. If the spark length is constant and not too small then,

starting with air at atmospheric pressure, as the pressure is

diminished the spark potential decreases, the relation between the

potential and pressure being at first a linear one; on further diminu-

tion of the pressure the spark potential reaches a minimum value,

after this any further diminution in the pressure is accompanied by

an increase in the spark potential. The relation between the spark

potential and the pressure is represented by the curve in Fig. 113,

«««L_
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« ^--^
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2ao

V."^

Pressure in Millimetres

Fig. 113.

taken from a paper by Carr {I. c.) ; in this curve the ordinates

represent the spark potential, the abscissae, the pressure ; the

electrodes were parallel planes and the spark length 3 mm. The
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pressure at which the spark potential is a minimum is called the

critical pressure. Peace (I. c.) showed that the critical pressure

depended upon the spark length, the shorter the spark length the

greater the critical pressure. He showed too that the minimum
spark potential was constant, being independent of the spark

length; in air it was equal to about 351 volts, so that unless the

spark length is less than about 5 x 10~^ cm., a potential difference

of less than 351 volts cannot produce a spark.

These points are well illustrated by the curves in Fig. 114, taken

from Carr's paper ; they represent the relation between the pres-

sure and the spark potential, for spark lengths of 1, 2, 3, 5, and

Pressure in Millimetres of Mercury

Fig. 114. Air.

1 mm. The critical pressures for these spark lengths as given by

Carr are as follows.

Spark length Critical pressure
Product of spark length
and critical pressure

1 mm.
2 mm.
3 ami.
5 mm.

10 mm.

4-98 mm.
2-71 mai.
1-89 mm.
1-34 mm.
•679 mai.

4-98

5-42

5-67

6-7

6-79
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It will be seen that the product of the critical pressure and

the spark length is approximately constant : we must remember

that owing to the flatness of the curves in the neighbourhood of

the critical pressure the exact determination of the critical pres-

sure is a matter of some difficulty, especially with the shorter

sparks : the differences in the product of the critical pressure and

the spark length are not greater than could be accounted for by

the errors in the determination of the critical pressure.
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Fig. 116. Hydrogen.
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The same features are shown by sparks through hydrogen and

carbonic acid ; the curves for these as given by Carr are shown in

Pressure in Millimetres

Fig. 117. Carbonic Dioxide.

Figs. 116 and 117, and the connection between the critical pressure

and the spark length shown in the following tables

:

Hydrogen. Minimum potential 280 volts.

Spark length Critical pressure
Product of spark length

and critical pressure

1 mm.
2 mm.
3 mm.
5 mm.
10 mm.

iO-3 mm.
5-93 mm.
4-02 mm.
2-8 mm.
1-46 mm.

10-3

11-8

12-06

14-0

14-6

Carbonic acid. Minimum potential 420 volts.

Spark length Critical pressure
Product of spark length
and critical pressure

1 mm.
2 mm.
3 mm.
5 mm.
10 mm.

5"02 mm.
2"52 mm.
1-63 mm.
r07 mm.
•510 mm.

5-02

5-04

4-89

5-35

5-1
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The constancy of the product of spark length and critical

pressure in the case of carbonic acid is very marked.

Carr has also given curves for the connection between spark

length and pressure for H2S, SO2, COo, C.Ho, 0^, N.O ; these are

shown in Fig. 118.

2-2 ?-# i-S 2-8_ 8 h 12 I-4- 1-6 l-e Z

Pressure in Millimetres

Fig. 118.

The spark length for these gases was 3 mm.

Very careful experiments on the relation between the pressure

and the spark potential were made by Strutt* for air, hydrogen,

nitrogen, and helium ; the experiments on nitrogen and helium are

especially interesting, as the minimum spark potential in these

gases was found by him to be greatly aifected by minute traces

of impurity. Thus the presence of a very minute quantity of

oxygen in nitrogen increased the minimum spark potential from

251 volts to 388 volts. Thus nitrogen from which the oxygen had

been removed by passing the gas over metallic copper gave a

minimum spark potential of 388 volts, the value of this potential

for a specimen of nitrogen prepared from air by the absorption of

the oxygen by alkaline pp'ogallol was 347 volts ; when, however,

the oxygen was more completely removed by bubbling the gas

repeatedly through the liquid alloy of sodium and potassium the

minimum spark potential fell to 251. The curves obtained by

* Hon. R. J. Strutt, Phil. Trans. 193, p. 377, 1900.
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Strutt for nitrogen are shown in Fig. 119. Curve No. 2 refers to

the purest specimen, curve No. 1 to a specimen which had been

passed several times through the sodium and potassium alloy, but

^ r

y Cur/c N< 1

^
y'

y
yy

A^ C,ur\ e N<'2

1 /.

y

I ^^
]dt^

^

Pressure iu Millimetres of Mercury

Fig. 119. Nitrogen.

not so often as that to which curve No. 2 relates : the minimum
spark potential for this specimen was 276 volts. The curves after

passing the critical pressure are parallel.

The discharge through helium, which was also studied by Strutt,

presents many interesting features. Ramsay and Collie * first drew

attention to the ease with which the discharge passed through

'S 500
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Pressure in Millimetres of Mercury

Fig. 120. Helium.

helium. Strutt's experiments, the results of which are represented

in Fig. 120, show that for a given lengtli of spark the critical

* Ramsay and Collie, Troc. Roy. Soc. lix. p. 257. ISUG.

T. G. 29
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pressure is exceedingly high, being about five times that of air for

the same spark length and more than twice that of hydrogen. The

great effect of small impurities on the minimum spark potential

is shown by the different curves in Fig. 120, which refer to samples

purified in different ways : the smallest value of this potential

obtained by Strutt was 261 volts.

218. We have seen that the product of the critical pressure and

the spark length is constant and is also independent of the nature

of the electrodes, it is thus a property of the gas ; the following table

contains the values of this product q, calculated from the measure-

ments of Carr and Strutt, and also the mean free paths (X.) of the

molecules of the gases at atmospheric pressure ; these with the

exception of helium are taken from the table in 0. E. Meyer's

Kinetische Theorie dei- Gase, p. 142, that of helium is deduced from

Lord Rayleigh's* experiments on the viscosity of helium : though

these free paths are taken for a particular pressure, the ratio of

the free paths of the molecules of different gases is independent

of the pressure. The numbers in column (3) are the spark length

in millimetres multiplied by the critical pressure measured in

millimetres of mercury:

Gas

Air
Nitrogen
Oxygen

Hydrogen

Carbonic acid

Svilphiu- dioxide

Nitrous oxide

Siilplim-etted hydrogen
Acetylene
Helium

Minimum spark
potential 3

341 S. 5-7

251 S. 6-7

455 C.

(302—308 S )

1 278 C.
]

14-4

419 C. 5-1

457 C. 3-3

418 C. 5

414 C. 6
468 C.

261 S. 27

X X 10^ cm.

•95

•98

ro5

•68

•48

•68

•628

2^6

105 X x/5

•17

•14

•12

•13

•14

•14

•10

•10

The letters S. and C. indicate that the measurements were

made by Strutt or Carr : no very great accuracy can be claimed

for the values of q, as the determination of the critical pressure is

difficult ; a small error in the determination of the spark potential

near this pressure would lead to a large error in the value of the

* Lord Eayleigb, Proc. Roy. Soc. Ixix. p. 198, 1896.

(
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critical pressure. Taking this into account, I think the differences

shown in the preceding table for qjX from the constant value

1"3 are not, except in the case of sulphuretted hydrogen and

helium, greater than might be explained by errors of experiment.

In the two exceptions sulphuretted hydrogen and helium there

are special circumstances which make us hesitate to accept the

results as final without further experiment. Sulphuretted hydro-

gen is decomposed by the spark, hydrogen being liberated ; if such

a decomposition had occurred in the experiments we have used

for the determination of q, the spark would have passed through a

mixture of hydrogen and sulphuretted hydrogen, the hydrogen

would increase the critical j^ressure and hence the value of q.

Again as Strutt's experiments show, the numbers for helium are

very greatly affected by the presence of small amounts of impurity,

so that it would hardly be safe to draw conclusions from this gas

unless the free path determination had been made with the same

specimen of gas as the electrical determinations.

We may, I think, conclude that for a large number of gases

the value of qjX is approximately constant, i.e. that with a given

spark length the critical pressure is proportional to the mean free

path of the molecules of the gas.

Paschens Law.

219. As the result of a series of very numerous experiments on

the relation between spark potential and pressure, Paschen* came

to the conclusion that the spark potential depended only upon the

product of the pressure and the spark length : i.e. upon the mass

of gas between unit area of the electrodes. Thus, if the spark

length d and pressure p of the gas are both altered, but in such a

way that their product does not change, the spark potential V
will remain constant; or in other words F is a function of pd.

The following results taken from Paschen's paper show how

nearly the law is obeyed over the range of pressures studied by

him ; all these pressures, it ought to be noticed, are considerably

above the critical pressures. V is the spark potential measured in

electrostatic units, ji) the pressure measured in cm. of mercury,

and d the spark length in cm. : the electrodes in these experiments

were spheres 1 cm. in radius.

* Paschen, Wied. Ann. xxxvii. p. 79, 1889.

29—2
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Air: -pd^ 7*5 Air : pd = 20

p d V

10 0-75 16-23

15 0-50 16-54

20 0-38 16-75

25 0-30 17-00

30 0-25 16-83

40 0-17 16-86

50 0-15 16-68

75 0-1

Mean

16-33

16-65

P d V

28-6 0-7 34-30

33-3 0-6 34-63

40 0-5 35-12

50-0 0-4 34-77

66-66 0-3

Mean

35-39

34-64

Hydrogen : pd = 7-5 Hydrogen : pd = 20

p d V

10 0-75 9-50

15 0-50 9-32

20 0-38 9-47

25 0-30 9-59

30 0-25 9-58

40 0-187 9-69

50 0-15 9-90

75 010

iVIean

10-44

9-68

P d V

28-6 0-7 19-12

33-33 0-6 19-25

40-00 0-5 19-43

50-00 0-4 19-43

68-66 0-3

Mean

20-00

19-45

Carbonic acid : pd = 7'5 Carbonic acid : pd = 20

p d V

12-5 0-6 16-45

15-0 0-5 16-48

20-0 0-38 17-02

25-0 0-30 17-92

30 0-25 17-79

40-0 0-187 18-33

50-0 0-15 17-77

75-0 0-10

Mean

17-21

17-37

P d V

33-33

40-00

50-00

66-66

0-6

0-8

0-4

0-3

Mean

3303
32-86

33-46

34-11

33-6
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The relation between the spark potential and the product ixi

is shown in the curves for air, hydrogen, and carbonic acid in
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Paschen's experiments were all made at pressures considerably

greater than the critical pressure ; it has, however, quite recently

been shown by Carr (I.e.) that Paschen's law holds at all pressures.

This is very clearly shown by the curves in Figs. 122, 123, which
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Fig. 123. Carbon Dioxide.

represent the relation between the spark potential V (in this case

measured in volts) and the product pd (p was measured in niilli-

metres of mercury and d in millimetres) ; five different values of d

were used, ranging from 1 to 10 mm. ; the results of these are

represented on the curve by symbols attached to the points on the

curve determined by the various experiments. It will be seen

that the points for all the spark lengths all lie on the same curve,

and in this case the range of pressures extended far below the

critical pressure. The results of Paschen's law are very important

;

we see that to find the spark potential corresponding to any spark

length and any pressure it is only necessary to possess the results

of experiments made with a constant spark length over the whole

range of pressures. We see, too, that it follows from this law that

the critical pressure must vary inversely as the spark length, a

result for which as we have seen there is direct experimental

evidence. It follows too from this law that if we know the values

of the spark potential required to produce a spark of constant

length for all pressures we can deduce the value of the spark

potential for a spark of any length at any pressure.



219-220] SPARK DISCHARGE. 455

Potential difference required to produce very short sparks.

220. Earhart* has made a series of experiments on the differ-

ence of potential required to produce sparks whose length is

comparable with the wave-length of sodium light ; the electrodes

used were steel spheres, and the connection between the spark

potential and the distance between the spheres is shown in Fig. 124,

in which the abscissae are the spark potential and the ordinates

the shortest distance between the spheres. In consequence of the
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curvature of the electrodes, the least distance between the spheres

is not necessaril)^ equal to the spark length ; thus when the

distance is less than the critical spark length the spark will pass,

* Earliiut, Phil. Maij. vi. 1, p. 147, 1901.
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not across the shortest distance, but across a place where the

distance is equal to the critical spark length. Thus Earhart's

curves do not show the increase in potential difference with

diminishing distance between the electrodes as they would have

done if they had been plane : the most interesting feature of the

curves is the very rapid diminution in the spark potential when
the distance between the electrodes falls to less than about

3 X 10~^ cm. ; when the distance is less than this the spark

potential falls off rapidly with the distance, and seems from

Earhart's results to become directly proportional to the distance.

The smallest potential difference actually measured was 32 volts

when the distance between the electrodes was 3 x 10~^ cm. : this

is only about one-tenth of the minimum spark potential. Earhart

made some observations on the effect of pressure ; diminution

of the pressure from three atmospheres to one atmosphere did not

seem to affect the discharge potential when the electrodes were

very close together ; when the pressui-e was diminished below

one atmosphere however the discharge potential also diminished.

An inspection of the curves suggests that the. character of the

discharge changes when the electrodes are brought within a certain

distance of each other, or what is equally consistent with the

curves, when the average electric intensity, F, between the plates

reaches a certain value (about a million volts per cm.): when F
has once reached this value Earhart's experiments suggest that

the discharge is determined by the condition that F, i.e. V/d,

if V is the potential difference and d the distance between the

electrodes, should have this value. These experiments raise many
important points, and it is to be hoped that they will be carried

much further.

The following considerations seem to afford a possible explana-

tion of the behaviour of the discharge when the electrodes are

very close together. We have had occasion before to make use

of the hypothesis that in a metal, even at ordinary temperature,

free corpuscles are moving about in every direction; if these

coi-puscles could escape from the metal under ordinary conditions

the metal would be unable to retain a charge of negative electricity.

Now one of the reasons the corpuscles do not escape is that as

soon as they leave the metal there is an electrostatic attraction

between the corpuscle and the metal equal to e^^^'", where e is the
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charge on the corpuscle and r the distance of the corpuscle from

the surface of the metal ; this attraction, unless the kinetic energy

with which the corpuscle leaves the metal exceeds a certain very

high limit, will drag the corpuscle back into the metal. Let us

now suppose that an external electric force F acts on the corpuscle,

tending to make it move away from the metal ; then if Fe is

comparable with 6^4^'-, the external field will give appreciable

assistance to the corpuscle in escaping from the metal, and will

enable corpuscles to leave the metal, whose kinetic energy is too

small to allow them to escape in the absence of an external field.

If Fe is comparable with e"/4<r'^, F must be comparable with e/4r^

Now in electrostatic measure e = 3"4 x 10~^", let us put ?• = 10"'',

then e/4?'- = 8"5 x lO". Now in Earhart's experiments ^ was about

10" volts per cm., or in electrostatic measure 3'3 x 10-^ ; this is

more than one-third of the value of e/4r-, so that if, as is quite

possible, r is somewhat greater than 10~s the pull exerted by the

external field would be able to drag the corpuscles away from the

metal : as soon however as coi'puscles can leave the electrode, that

electrode will act like a cathode, and a discharge of negative

electricity will pass from this to the opposite electrode. If this

explanation is correct the discharge across these very small

distances is entirely carried by the corpuscles and no part of it

by positive ions ; in the discharge we have previously considered,

corpuscles and positive ions both take a share in carrying the

discharge.

Since the publication of the first edition of this book some

interesting experiments on the potential difference required to

produce very short sparks liave been made at Chicago University

by Kinsley and Hobbs. Kinsley*, who worked with exceedingly

short sparks, the spark length in some cases being as small as

3 x 10"'' cm., and the sparking potential only one volt, found that

while each set of experiments gave a linear relation between the

spark potential and the spark length, the slope of the line

graphically representing this relation varied with the treatment

the electrodes had received, i.e. with the way they had been

cleaned and polished. This is perhaps scarcely to be wondered at,

as deposits of moisture, etc., on the electrodes comparable in

thickness with the spark length would (]uite escape detection by

* Kinsley, PIill. Man. [C], ix. p. (;<I2, 1905.
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optical means. Kinsley calls attention to a characteristic peculi-

arity of these short sparks ; when once a spark has passed, the

insulation between the electrodes is destroyed, the surfaces cohere

and a metallic bridge seems to be formed between them and they

have to be separated by a distance much greater than the original

spark length before the coherence is destroyed.

Hobbs*, who worked with sparks considerably longer than

those used by Kinsley, and who did not meet with the same

variations as long as the electrodes remained unchanged, observed

the exceedingly important and suggestive fact that when once the

spark length is reduced to the point at which sparks begin to pass

with diminished potential, the relation between the spark length

and the potential difference is independent of the pressure and

nature of the gas, while it does depend upon the nature of the

metal of which the electrodes are made. This is clearly shown by

the curves in Figs. 125, 126, 127. Fig. 125 gives the relation between

the potential difference and the spark length for air at different

pressures, Fig. 126 the relation for different gases and Fig. 127 that

for different electrodes. The constant value before the dip is due

to one of the electrodes being spherical and the other plane, thus

by choosing different paths the spark can vary its length within

Air
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* Hobbs, Phil. Map. [6], x. p. 617, 1905.
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wide limits, it chooses the path for which the potential difference

is least, thus unless the sparks are very short the potential

difference will be the minimum potential difference discussed in

§ 217, and the increase of potential observed with sparks between
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parallel fiat electrodes, when the spark length is diminished,

will not occur. We see from these results that the passage of the

spark in the second stage is determined by the condition that the

electric force between the plates should have a constant value

depending on the metal of which the plates are made but not upon

the pressure or nature of the gas between them. This result

confirms the view expressed in the first edition of this book, that

the spark is carried in this case by carriers dragged by the electric

field out of the metal and not out of the gas. It would be

interesting to see whether these carriers are corpuscles or a

mixture of negatively electrified corpuscles and positively electrified

atoms. This could be tested by making the two electrodes of

different metals ; if all the carriers were corpuscle? the potential

difference would depend only upon the metal used for the negative

electrode ; if they were all positively electrified atoms then only the

positive electrode would be active, which if they wei'e a mixture

both electrodes would affect the potential.

If a field of the strength measured by Hobbs, about 100 volts

per 10~^ cm., is sufficient to tear the carriers from the metal, then

if we separate two metal electrodes by a solid dielectric and apply

a field of this strength, if some of the carriers were corpuscles

these would be dragged through the dielectric so that with a field

of this strength the leakage of electricity through the dielectric,

ought to be much greater than for weaker fields.

According to the results given by Almy* it would be possible

to apply fields of this strength to mica, quartz, and ebonite ; it is

perhaps more than a chance coincidence that the discharge passes

through many solid and liquid dielectrics, for fields just a little

less intense than that under consideration. It is, I think, pro-

bable that the process by which discharge takes place through

solid and liquid dielectrics is analogous to that which produces

these short sparks, i.e. that the corpuscles are dragged out of the

atom by the electric field rather than by collision with other

corpuscles.

* Almy, Ann. der Physik, i. p. 508, 1900.



220-221] SPARK DISCHAEGE. 461

Discharge when the electric field is not uniform.

221. Bailie* and Pascheni" have made some very interesting

experiments on the potential difference required to spark between

spheres small enough to make the variations in the strength of

the electric field considerable. Bailie's results are given in table A,

Paschen's in table B :

A. Potential Differences,

Pressure 760 mm., Temp. 15'—20^ C

Spark Spheres Spheres Spheres Spheres Spheres Spheres
Leugth Planes 6 cm. 3 cm. 1 cm. •6 cm. 35 cm. •1 cm.
in cms. diam. diam. diam. diam. diam. diam.

•05 8-94 8-96 9-18 9-18 9-26 9^30 9^63

•10 14^70 14^78 14-99 15-25 15^53 16-04 16^10
•15 20-20 20^31 20-47 21-28 21-24 21-87 19^58

•20 25-42 25-59 25-95 26-78 26-82 2713 21-91

•25 30-38 30-99 3133 32-10 32-33 31-96 23-11

•30 35-35 36-12 36-59 37-32 37-38 36-29 24-12

•35 40^45 41-45 41-47 42-48 42-16 39-39 25-34
•40 45-28 46-34 46-77 47-62 46-34 41-77 2603
•45 50-48 51-46 51-60 51-56 50-44 43-76 26-62

•40 44-80 45-00 45-00 45-50 44-80 41-07 26-58

•45 49-63 50-33 49-63 52^04 48-42 43-29 28-49

•50 54-35 5506 54-96 54-66 53-25 47-21 30-00
•60 63-82 65-23 65-23 65-23 59-69 53-75 31-51

•70 74-09 75-40 73-79 72-28 64-22 56-47 32-92

•80 84-83 87-98 84-76 77-61 67-75 58-79 33-82

•90 94-72 97-44 94-62 8013 70-56 59-09 34-93

1^00 105-49 112-94 104-69 83-05 72-38 59-49 36-24

We see from the tables that with a given spark length between

two equal spheres, one charged and insulated and the other put to

earth, the potential difference varies with the diameter of the

spheres; starting with planes the potential difference at first

increases with the curvature and attains a maximum when the

sphere has a certain diameter. This critical diameter depends

upon the spark length, the shorter the spark the smaller the

critical diameter.

* Biiille, Aniialcs de Chimie et de Pliijsique [5], xxv. p. 486, 1882.

+ Paschen, Wied. Ann. xxxvii. p. 79, 1889.
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B. Short Sparks. Long Sparks.

Spark Spheres Spheres Spheres
Length 1 cm. •5 em. 25 cm.
in cms. radius radius radius

•01 3-8 3-42 3-61

02 5-04 5-18 5-58

03 6^62 6-87 6-94

04 8-06 8-82 8-43

05 9^56 9-75 9-86

06 10^81 10-87 11-19

07 11-78 12-14 12-29

08 13^40 13-59 13-77

09 14-39 14-70 14-89

10 15-86 15-97 16-26

11 16-79 17-08 17-26

12 18-28 18-42 18-71
14 20-52 20-78 21-26

Spark
Length
in cms.

Spheres
1 cm.
radius

Spheres
5 cm.
radius

Spheres
•25 cm.
radius

-10 15^96 16-11 16^45

-15 21^94 22-17 22^59
•20 27-59 27-78 28-18
-25 32-96 33-42 33-60
-30 38-59 39-00 38-65
•35 43-93 44-32 43-28
•40 49-17 49-31 47-64
•45 54-37 54-18 51-56
•50 59-71 59-03 54-57
•55 64-60 63-35 57-27
•60 69-27 67-80 59-95

70 78-51 75-04 63-14
•80 87^76 81-95 66-39
•90 68-65

1^00 70-68

r20 74-94

1^50 79-42

The results given in these tables show that when the spheres

are very small the potential difference required to produce a spark

Fig. 128.
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of given length is, if the spark is not too short, very much less

than the potential required to produce the same length of spark

between parallel planes, and that the spark potential difference

with points as electrodes only increases slowly with the length of

the spark. The effect of the shape of the electrode on the spark

length is shown by the curves represented in Fig. 128, which is

taken from a paper by De la Rue and Mliller*. The curves give

the relation between spark potential and spark length for two

planes, two spheres one 3 cm. in radius, the other 1"5 cm. in

diameter, two coaxial cylinders, a plane and a point, and two

points.

222. Schusterf has, by the aid of Kirchhoff's solution of the

problem of the distribution of electricity over two spheres, calcu-

lated from Bailie's and Paschen's results the maximum electric

intensity in the field before the spark passed : the results for

Bailie's experiments are given in the following table.

Spark Spheres Spheres Spheres Spheres Spheres Spheres

Length Planes 6 cm. 3 cm. 1 cm. •6 cm. •35 cm. •1 cm.

in cms. diam. diam. diam. diam. diam. diam.

•05 179 180 186 190 197 206 292
•10 147 149 153 163 176 198 376
•15 135 138 141 157 170 206 425
•20 127 131 1.37 154 170 219 460
•25 122 127 134 154 180 236 478
•30 118 124 130 156 189 253 494
•35 116 122 129 159 197 263 516
•40 113 122 129 164 204 272 528
•45 112 120 127 166 214 278 540

•40 112 118 124 157 197 268 539
45 110 119 122 167 206 275 578
50 109 117 125 166 218 296 608
•60 106 116 125 181 233 327 639
•70 106 117 126 188 234 339 667
•80 106 123 130 192 250 349 685
•90 105 120 132 191 255 349 708

1^00 106 128 133 194 258 349 733

It will be seen that the smaller the spheres, i.e. the more

irregular the electric field, the greater the maximum electric

* De la Kue and Miillcr, Phil. Trans. 1878, Pt. i. p. 55.

t Schuster, Phil. Mag. v. 29, p. 182, 1890.



4()4 SPARK DISCHARGE. [XV

intensity. We must be careful to distinguish between the electric

field before the spark passes and the electric field during the

discharge or even during the interval between the application of

the potential difference and the passage of the discharge, for during

this interval ions are moving about in the field and producing

fresh ions ; both of these effects will modify the distribution of the

electric field. Thus to take an example, suppose we have a nega-

tively electrified point near to a positively electrified plate ; if

there are no ions in the field the electric force would be a

maximum at the point, and would steadily diminish as we

approach the plate ; if, however, there are ions present in the

neighbourhood of the point the negative ions will be repelled

from the point, while the positive ions will be pulled into it;

this will have the effect of increasing the electric intensity at

a distance from the point at the expense of that close to the

point : if the negative ions congregate at the plate, so as to form

a layer of negative electrification close to the plate, the electric

intensity at the plate may rise to very high values. This is what

actually occurs, for Mr Blyth has measured at the Cavendish

Laboratory the distribution of electric intensity between a point

and a plate when the discharge is passing, and has shown that

it is large close to the point, is then comparatively small for

some distance but becomes large again close to the plate.

Thus if there is any preliminary ionisation it does not follow

that the maximum electric intensity when the spark passes is that

calculated by the use of KirchhofPs solution. Russell* has shown

that in the cases when the preliminary ionisation is likely to be

small and the maximum electric intensity in the spark therefore

the same as that calculated by the theory, the maximum electric

intensity is independent of the spark length, and the condition for

discharge is that this intensity should rise to a definite value.

When the conditions are such that the spark passes between points

without any preliminary brush or glow discharge Voegef has shown

that the potential difference for a spark of length d can be

expressed by the formula

F= 4800(^ + 24.000,

where V is expressed in volts and d in centimetres.

* Russell, Phil. Mag. [6], ii. p. 237, 1906.

+ Voege, Ann. der. Phys. xiv. p. 556, 1904.
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The alteration of the electric field during the 'lag' will

explain why, when one or both of the electrodes are small, a

spark does not necessarily pass even although the potential

difference between an electrode A and a point P near to A
(calculated on the assumption that there are no ions in the field)

is greater than that required to produce a spark of length AF
between plane electrodes ; for during the ' lag ' the movement of

the ions in the field may have so reduced the potential difference

between A and P that it is less than that required to produce

a spark of length aP.

Although the processes going on during the lag may reduce the

inequalities in the electric field between small electrodes, they

cannot be expected to remove them entirely, and when the field is

far from uniform, as is the case with pointed electrodes, we can

easily see that the potential difference required to produce a long

spark is less than that required to produce a spark of the same

length between plane electrodes. For let the curve APQ (Fig.

129) represent the distribution of potential between small elec-

trodes A , B, and let CD be the curve which represents the potential

Fig. 129.

difference required to produce a spark in a uniform field (the

ordinate of a point on CD represents the spark potential required

to produce a spark whose length is equal to the abscissa of the

point); then we see that although the potential difference BQ
between the small electrodes may be less than BB, that required

to produce a spark of length AB in a uniform field, the two curves

T. G. .-50
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may intersect ; if they do so at P, then a spark will pass from

^4 to P, the whole potential difference will be thrown on the

region between P and B, so that the strength of this part of the

field will increase and the spark will travel on to B.

223. When the electrodes are of different sizes Faraday*

found that the spark potential is different according as the smaller

electrode is positive or negative; De la Rue and Miiller-f- also

observed the same effect; according to Wesendonck+ this differ-

ence only occurs when a brush discharge accompanies the spark,

when the conditions are such that the discharge passes entirely

as a spark the spark potential is the same whichever way the spark

passes.

Spark Potential in different Gases.

224. For pressures considerably greater than the critical

pressure the relation between the spark potential and the spark

length is a linear one; if V is the spark potential measured in

electrostatic units and x the spark length at atmospheric pressure

measured in centimetres, then

V = ax + h.

The experiments by Bailie, Liebig, Paschen, Orgler give the

following values for the constants a and b in hydrogen, air, and

carbonic acid.

Gas

Baille Liebig Paschen Oegler

a b a b a b a b

Air
Hydrogen ...

Carbonic acid

99-6 5 87-4

55-8

91-8

92-5

43-0

91-1

93-6

46-3

85-6

Wolf §, who measured the spark potential required to produce

a spark 1 mm. long at pressures varying from 1 to 5 atmo-

spheres, found that (as we should expect from Paschen's law) the

relation at these high pressures between spark potential and pres-

* Faraday, Experimental Researches, §1480.

t De la Rue and Muller, Phil. Trans. 1878, Pt. i. p. 55.

X Wesendonck, Wied. Ann. xxviii. p. 222.

§ Wolf, Wied. Ami. xxxvii. p. 306, 1889.
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sure is a linear one ; if V is the spark potential in electrostatic

measure and x the pressure in atmospheres, then Wolf found that

V was given by the following expressions :

For hydrogen V= 6-509*' + 6-2

For oxygen V = 9-Qa- + 4-4

For air F=10-7*- +3-9

For nitrogen V = VI-QSx + 5-0

For carbonic acid V= 10-22.K + 7-2.

If F is the average electric force between the electrodes

in these experiments, then F=10V.

The order of the spark potential for different gases, as will be

seen from the preceding table, depends upon the pressure ; thus

at the pressure of 1 atmosphere V for COo is greater than V for

air, while at high pressures it is less.

225. Bouty* has made a series of experiments on the electric

field required to make a gas into a conductor, using a method which

dispensed with the use of metallic electrodes. In this method the

gas at a low pressure is contained in a glass vessel with parallel

sides, and this vessel is placed in the space between two parallel

plates parallel to the walls of the vessel, the difference of potential

between these plates is increased until the gas in the glass vessel

becomes luminous, indicating that a discharge is passing through

it ; the strength of the electric field, i.e. the electric force (not the

potential difference), when this occurs, is called by Bouty the cohe-

sion dielectrique of the gas. A very considerable number of gases

were examined by this method. Bouty found that the cohesion

dielectrique F for gases up to 6 cm. pressure could be represented

by the formula

F=a+hp,
where a and b are constants and p is the pressure. When F is

measured in absolute electrostatic units and p in atmospheres,

Bouty found that

For hydrogen F=V4^ +63-83^

For air F = 1-593 + Ud'Odp

For carbonic acid F = 1-703 + 144-4p
;

he compares these expressions with those given by Wolf and

points out that while the coefficients of jj are not so very different

* Bouty, C. It. 131, p. 4()9, I'.KK).

30—2
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the constant terms are of quite a different order ; he ascribes this

difference to the electrodes in Wolf's experiments being metal,

while in his expei'iments they were glass ; it seems to me that the

following explanation is more probable. If V is the potential

difference required to produce a spark of length I through gas at

a pressure p considerably greater than the critical pressure, then

we have approximately, if A and B are constants,

V=^A + Blp;

since we know by Paschen's law that F is a function of Ip ; hence

F, the average electric intensity when the spark passes, is given

by the equation

F=j+Bp,

hence the constant term varies inversely as the length of the spark

while the coefficient of p is independent of the spark length. In

Wolf's experiments the spark length was only 1 mm., while the

distance between the plates in Bouty's experiments was much

greater so that the difference in the spark length would explain the

difference in the constant term, and it is not necessary to ascribe

it to the nature of the electrodes. Bouty* has determined the

constants, a, b, in the expression F = a + bp for the cohesion

dielectrique for a number of vapours; the results are given in

the following table. Bouty's measurements were made at pres-

sures ranging from "0055 cm. to 2 cm. of mercury. The constants

apply when the pressure is measured in cm. of mercury and F in

volts per cm.

Vapour of a h

Water 333 500
Methyl-alcohol ... 375 616
Etliyl-alcohol 364 800
Ether 360 1000
Methyl formate... 364 1020
Ethyl propionate 312 1083
Acetone 355 1100
Ethyl formate . .

.

360 1110
Methyl acetate . .

.

369 1250
Carbon bisulphide 330 1510
Toluol 380 1610
Benzol 377 1670

Bouty, C. R. 131, p. 503, 1900.
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It will be seen that the vahies of a vary v'ery little in com-

parison with those of h. The values of b are in nearly every

case in the same order as those of 1/A., where A, is the mean free

path of the molecules of the gas, and are in many cases roughly

proportional to this quantity.

226. V. Rontgen* arrived at the conclusion that the spark

potential for a constant spark length was inversely proportional to

the mean free path of the molecules of the gas through which the

spark passed ; we have seen, however, that the ratio of the spark

potential for different gases varies with the pressure and the spark

length, so that this statement does not give complete expression

to the laws of the spark-discharge. If we look at the question

from the point of view of Paschen's law we see that from that law

where x is the spark length and A, the mean free path of the mole-

cules of the gas ; if the spark potential for different gases depended

only upon the mean free path of the molecules of the gases the

function f would be the same whatever were the nature of the

gas; but, if this were the case the minimum potential required

to produce a spark would be the same for all gases, a result which

is inconsistent with the determinations made of this quantity.

When the spark length is much greater than the critical value V,

the potential difference required to produce a spark of length x

may be expressed by the linear relation

A/

where X, is the mean free path of the molecules of the gas. In the

following table, p. 470, the relative values of B for a number of

gases are given, the value for air being taken as unity.

There are thus very decided variations in the value of B for

different gases. The results for helium and argon are very

remarkable, they show that for a given increase in the potential

difference, the increase in the spark length in these gases will be

about ten times that in air.

* Kiintgen, Golthujcn Nnch. 1878, p. 390.
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We shall see that on the theory of the discharge given later,

B in the above formula is the potential difference through which

a corpuscle must fall in order to acquire enough energy to begin

to ionise the molecules of the gas by collision.

B gas/B air

Gas

Paschen Strutt Orgler* RiTTERt BOUTYJ

H2 1-01 1-04 TOO
CO2 •61 •604 •65

CI2 •843

C,H4 •632

He •3 •23

Arg •07

Hg. Vap •76

227. Natterer§ tested for a large number of gases the length

of spark produced at constant pressure by a small induction coil ; the

measurements made b}^ this method are of necessity exceedingly

rough but they are for many gases the only measurements we

possess relating to the passage of the spark. Part of Natterer's

results are given in the following table, the temperature when not

stated is to be taken as about 20'' C, the spark lengths are in

millimetres.

It will be noticed that the spark lengths are short in vapours

of complicated chemical constitution in which the mean free paths

are small; the halogen elements chlorine, bromine and iodine seem

to exert a great influence in shortening the spark, these elements

and their compounds have short free paths.

Natterer found that the spark length was exceptionally long

in the monatomic vapours of mercury and cadmium, we have seen

that it is also long in the monatouiic gas helium.

* Orgler, Aim. der Phys. i. p. 159, 1900.

t Ritter, Arm. der Phys. xiv. p. 118, 1904.

X Bouty, Journal de Pliysique [4] 2, p. 401, 1903.

§ Natterer, Wied. Ann. xxxviii. p. 63, 1889.
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Gas Spark length Gas Spark length

Ho 15—20
10—15
9—14
8—10
5—7
2—4
2—3-5

1-5—2
2—3

2-5—3
4—7
3—5
3—5

1-5—2
2-2-5
5—8
4—7

1-75—2
1-5—2
1-25—1-5
1-75—2
5—7

2-25—2-5
1-75—2
1-5—1-75

7—10
3—4

HON (80° 0.) 2—3
10—14
8—13
10—13
9—12
8—11
6-8
7—9
8—11

1-5-2
6—9
4—7
4—7
5-8
2—3
7—9
4—5
3—7
3—3 5

1-75-2
2-25—2-75

2—2-5
2-2-25

1-5—1-75
1-75—2

2—2-5
6—7

No 00
NO C2H4
0., OoHg
HCl OH3OH (100° 0.)

OOoCL
HBr OH3.0HO(100°C.)...

CoH,0H(110°0.) ...

CH^'Cl
HI
Br2 (100 C.)

L, (230° C.) OoN,
H,0 (130° C.) (CH3)oOO (100° 0.)...

C0H5OHO (100° 0.)...

o.;h,oi

(CoH5)oO (100° 0.) ...

OS2 (1^0° 0.)

H.,S

N2O
SO2
HgCL(27rC.)
NH, OiiHfi (110° 0.)

PH3 O^H.S (110° 0.)

CoH3020oH5(110°0.)
OoH^Br (100° 0.)

OHCl3(100°0.)
OjHrBr (100° 0.)

(CH3).,CHBr(100°C.)
OHs'l (100° 0.)

80012(135° 0.)

PCI3 (137-5° 0.)

ASOI3 (181-5° 0.)

PBr3(271°0.)
SiF4 (101° 0.)

POI3O (153° 0.)

SiOl4 (170° 0.) . ... OOI4 (110° 0.)

SnCl^ (260° 0.) O.,H5l(100° 0.)

OHBr, (180° 0.)

Hg(OoH5)2(195°0.)...
OH4
CoHo

Theory of the Electric Discharge througli Gases.

228. It will assist us in coordinating the very varied phe-

nomena attending the discharge of electricity through gases, if we

at this stage endeavour to form some idea of the mechanism by

which the discharge is produced. A theory of the discharge was

given by the author in a paper read before the Cambridge Philo-

sophical Society, Feb. 1900, and published in the Philosophical

Magazine, [5] 50, p. 278, 1900. On this theory the conduction

through gases is due to the presence in the gas of ions produced

by the electric field itself.

We have seen that a gas is ionised, when cathode rays, i.e.

rapidly moving corpuscles, pass through it ; these cathode rays

when their velocity is accelerated or retarded give out Rontgen

rays, and these rays also ionise gases through which they pass.

When a cui'rent of electricity passes through a gas, it is carried by
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moving corpuscles and positive ions, the velocity of these de-

pending on the strength of the electric field. The moving cor-

puscles are cathode rays, these ionise the gas directly by striking

against the molecules, and indirectly by means of the Rontgen

rays which are produced when the cathode rays come into collision

with the molecules of the gas : the Rontgen rays produced

in this way constitute Wiedemanns' Entladungstrahlen. Thus

when there are any corpuscles present to begin with, an electric

field, by setting these in motion with sufficient velocity, may

produce a new supply of corpuscles, and these again may produce

another generation of corpuscles and so on. It will be noticed

that the collisions are the source of the ionisation, not only when

this is produced directly by the impact of cathode rays, but also

when it is due to the Rontgen rays, for it is by the collisions that

the Rontgen rays originate. Thus when an electric force acts

upon a gas in which there are corpuscles, these corpuscles will be

the parents of others, and on this account the number of corpuscles

will increase ; on the other hand the recombination of corpuscles

with positive ions to form neutral systems, and with uncharged

molecules to form massive negative ions, will reduce the number of

free corpuscles ; if the rate of recombination exceeds the rate of

production, any corpuscles originally present in the gas will tend

to disappear and the gas will cease to conduct electricity, while if

the rate of production exceeds the rate of recombination the

number of corpuscles will increase and the gas will become a

better and better conductor; in order that it should remain in

a steady state the rate of recombination must equal the rate of

production.

Let us now endeavour to find an expression for the energy

available for ionisation : to simplify the reasoning let us suppose

that the electric force X is everywhere parallel to the axis of x
;

if A. is the free path of a corpuscle in the gas the energy of the

corpuscle when it collides with the molecule of the gas will be

proportional to Xe\\ the investigations we have given of the

ionisation produced by cathode rays of different speeds, p. 378,

show that the amount of this energy which is available for ionisa-

tion is a somewhat complicated function of the energy possessed

by the corpuscle before collision ; for small values of this energy,

the energy / available for ionisation is proportional to E, the
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energy of the corpuscle, but as E increases / attains a maximum
value after which it diminishes as E increases. We can show also

that the energy given out as Rontgen rays varies in a similar way,

attaining a maximum for a particular value of E. Lot {E) be the

amount of energy E available for ionisation; if n is the number

of corpuscles per unit volume, u the velocity of the corpuscle, the

number of collisions made by the corpuscle per cubic centimetre

per second is niilX, hence the energy available for ionisation is

Now let us consider the number of ions produced by this

energy ; since ionisation requires a finite amount of energy, if ^ (E)

is less than a certain value no ions will be produced, but if the

energy exceeds this value there will be ionisation increasing with

the value of {E).

The amount of ionisation produced by a given amount of

energy will evidently depend upon the nature of the gas, it may
however, when there is considerable current through the gas, also

depend upon the work done by the electric field on the gas ; for we

must remember that the molecules of the gas are exposed to the

action of both cathode and Rontgen rays, and a molecule even

though it may not be actually ionised by the absorption of these

rays, may if it has any power of storing energy acquire internal

energy and thus when any fresh radiation comes along may fall an

easier victim than a molecule in the normal state. To put the

same argument in a different form, suppose that an atom gets

ionised when its internal energy reaches a critical value, then if it

has any power of storing up energy its ionisation may be due to

the combination of energy it has acquired by previous absorption

of Cathode and Rontgen rays with the energy given to it by the

rays falling upon it at the instant of ionisation.

229. We may express this by saying that the number of ions

nti
produced per unit volume per second is -^ F {E,nuE), E being

A,

equal to Xe\. When the current througli the gas is small, we

may neglect the effect of the energy stored up in the atoms of the

gas ; the number of corpuscles produced by each collision will
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depend upon E alone, the number produced per second per cubic

centimetre of gas will be equal to

'^fiEli.e.lo'^fiXeX).
.

The number of corpuscles will diminish through their com-

bination with positive ions or with neutral molecules, as the latter

enormously outnumber the former, the combination with the

molecules will be the most important ; the number of collisions

between the corpuscles and molecules per second per cubic

centimetre of gas is nujX, if a fraction 7 of these results in re-

combination the number of corpuscles which are lost per c.c. per

IXXL

second is 7 — . Hence taking the gains and losses together we see
A.

that the rate of increase of the corpuscles is equal to

^(/(Z.A)-7).

Hence by the equation of continuity we have

when the current is steady, this equation becomes

^(,») = 'f(/(X.x)-,),

and when the electric field is uniform this may be written as

d
-^(7iu) = a. nil,
dec

where a is independent of a- and is equal to (f(Xe\) — 7)/X.

The solution of this equation is

nu = Ge"''
;

nu is the quantity of negative electricity passing in unit time

through unit area of a plane at right angles to the axis of x

at a distance a; from the origin, and can be measured by placing

a metal plate at this distance, connecting it with an electrometer,

and measuring by means of this instrument the rate at which

negative electricity is reaching the plate. A very valuable series

of experiments on this effect have been made by Townsend* and

* Townsend, Phil. Mag. vi. 1, p. 198, 1901.
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Townsend and Kirby*, who have determined the values of a for

gases under different pressures and for electric fields of different

intensities. The following are the values of a found by Townsend
for air

:

A' volts

per cm.

Pressure
•17 mm.

a

Pressure
•38 mm.

a

Pressure
1^10 mm.

a

Pressure
2 I mm.

a

Pressure
4^1 mm.

a

20 •24

40 •65 34 — — —
80 1^35 13 45 •13 —
120 rs 2^0 M •42 •13

160 2^1 2^8 2^0 •9 •28

200 — 3-4 2^8 re •5

240 2^45 3-8 4-0 2^35 •99

320 2-7 4-5 5-5 4-0 £•1

400 — 5-0 6-8 6^0 36
480 3-15 5-4 8-0 7^8 5 3

560 — 5-8 9 3 9^4 7^1

640 3-25 6^2 10^6 10^8 8^9

230. Thus we see that for a given value of X, a begins by

increasing with the pressure, it attains a maximum at a particular

pressure, and then diminishes as the pressure increases ; we see

too that the larger the value of X the higher the pressure

at which a is a maximum. The values given for a at the two

lowest pressures show that, as the force is increased, a. approaches

a constant value.

These results follow at once from the value we have obtained

for a, viz.

fiXeX)-y
\

or

If X is constant, then at the pressure when a is a maximum,

f(XeX)Xe (f{XeX)-y)
\-

0. •(1)>

where /'(^-)=-i^^^
Townsend and Kirl)y, ih. p. 630
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equation (1) may be written

Xe\f {Xe\) =f{Xe\) -y (2).

This equation determines the vakie of X when a is a maximum

;

we see from the form of the equation that the solution of (2)
is of the form

XeX = c,

where c is independent of both X and X ; thus the value of \,

when a is a maximum, is inversely proportional to X, and since

X is inversely proportional to the pressure, it follows that the
pressure at which a has its maximum value is proportional to X.

Townsend has shown how from the measurements of a we can
deduce the free path of the corpuscle. If the ionisation is due to

the collision of the corpuscle with the molecules, then unless a
corpuscle can detach by one collision more than one corpuscle, the
maximum number of corpuscles produced will be equal to the
number of collisions; in this case we see that a = l/X; hence a

when it becomes independent of the strength of the field is

equal to the reciprocal of the mean free path, i.e. to the number of

collisions made by the corpuscle in moving over 1 cm. Thus, from
the table on p. 475, we may infer that a corpuscle makes about
3-25 collisions per cm. when moving through air at a pressure of

•17 mm. of mercury or 19 per cm. when the pressure is 1 mm.
Townsend has shown that the numbers of collisions determined
in this way agree well with the number deduced from the Kinetic

Theory of Gases for the collisions between a body of negligible

size and one of the size of a molecule of air. The number of

collisions made by a corpuscle moving through air at a pressure

of 1 mm. of mercury, as determined by the Kinetic Theory, is

about 21 per cm. of path. Townsend and Kirby have shown that

the numbers of collisions made by a corpuscle moving through

hydrogen or carbonic acid at this pressure are respectively 11-5

and 29 : these, again, agree well with the values deduced from the

Kinetic Theory.

When we are dealing with corpuscles moving with the velo-

city of those in the Lenard rays, i.e. with velocities between
10» and 10^" cm./sec, the number of ions produced is much smaller

than those produced by the comparatively slow corpuscles dealt
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with in the preceding experiment: thus, Durack* has shown

that a corpuscle moving with a velocity of 5 x 10® cm./sec. only

produces about "4 ion when moving through 1 centimetre of

air at the pressure of 1 mm. of mercury, and with the still more

rapidly moving corpuscles shot out from radium the ionisation is

still smaller. The effect of velocity on the ionisation was con-

sidered on p. 378.

231. In the experiments just referred to the currents were

very small, the initial supply of corpuscles being obtained from

metals exposed to ultra-violet light or from gases under the action of

Eontgen rays, in such cases there is, when the potential difference

is considerably less than that required to spark through air in its

normal condition, no indication of instability in the current, nor is

there any appreciable luminosity in the gas. We get a much
closer approximation to the conditions existing in luminous

discharges, such as sparks or electrical discharges through gases at

low pressures, when we use a more abundant supply of corpuscles.

Such a supply is very conveniently obtained by a method due to

Wehneltf, in this method the cathode is a platinum wire coated

with a thin film of lime and raised to incandescence by an electric

current. Wehnelt has shown that the incandescent lime emits

copious streams of corpuscles, producing under comparatively small

potential differences very large currents. I have found this method

of the greatest assistance in studying the properties of the electric

discharge, the conditions are easily controlled and the characteristic

features of the discharge can be obtained with potential differences

small enough to be measured with great accuracy.

To study the ionisation produced in the gas by the electric

field I used a tube in which the lime covered cathode was fixed,

while the anode, a flat disc, could be moved backwards and forwards,

and the distance between the electrodes adjusted to any required

value without altering the temperature of the cathode or the

pressure of the gas ; a series of measurements of the relation

between the current through the tube and the potential difference

between the electrodes was made for three distances, 1 mm., 5 mm.,

10 mm., between the anode and the cathode ; an example of such

* J. J. E. Durack, Phil. Miuj. vi. i, p. 2'l, 1U02.

t Wehnelt, Ann. der Phijs. xiv. p. 425, lUOl.
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a series is given in Table 1, the pressure of the air in the tube was

in this case about '2 mm. of mercury.

Table 1.

Potential difference

Distance between Electrodes

iu volts between 1 ram. 5 mm. 10 mm.
anode and cathode

Galvanometer Galvanometer 1 cm.
deflections deflections = 2 X 10~'amp.

cm. cm. cm.
10 •2 1-6 •5

15 1-0 5-3 1-9

20 2-4 10-7 3-8

25 6-7 22-4 7-8

30 19-9 45-1 14-3

35 56-3 113 39-3

(anode glow) (anode glow)
37 — — 170

(anode glow)
40 117 252 244
45 172 348 411
50 188 352 414
52 — 458 504

(discharge) (discharge)

55 203
56 396

(discharge)

These results are represented by the curves in Fig. 130.

The table shows clearly the ionisation produced by the electric

field, for the currents for the same potential difference were always

greater when the distance between the electrodes was 5 mm. than

when it was 1 mm., although in this case the average electric force

was much greater for the short distance than for the large. The

ionisation by the field set in in this case with potential differences

less than 10 volts.

The flat part of the curves indicating a stage where the

ionisation increases very slowly with the potential difference is

represented as we have seen in the results obtained at low pressures

with small currents. One of the most interesting features of these

curves is the very rapid increase of current which occurs when

luminosity sets in, in some cases at this stage the currents increase
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about fortyfold for an increase of potential difference of less than

1/10 of a volt : this enormous increase in the current involves of

course a great increase in the amount of ionisation. A character-

istic and suggestive feature is the abruptness with which the

Cms

luminosity sets in ; with small potential differences the whole

discharge is dark, as the potential difference increases a purplish

glow appears very gradually at the anode ; this is not accompanied

by any abrupt increase in the current ; still increasing the potential,

we have a stage in which all the luminosity in the gas is

confined to this anode ; suddenly however a blue glow quite

distinct in colour and appearance from that at the anode springs

from the cathode, accompanied by a large increase in the current.



480 SPARK DISCHARGE. [xv

Under favourable circumstances the appearance of this himinosity

is exceedingly abrupt, a change of 1/10 of a volt being sufficient

to convert the discharge from a state in which no such luminosity

could be detected even in a dark room to one when it was visible

in broad daylight from a considerable distance.

The strength of the electric field at which this luminosity

appears depends very largely on the current passing through the

gas ; this is shown by the curves in Fig. 130, but still more plainly

in Fig. 131, which represents the change in the potential current

D'Xhargi

eo^olti

Fig. 131.

curves produced by diminishing the supply of corpuscles by

lowering the temperature of the cathode ; it will be seen that the

potential difference required to produce luminosity with the small

current is much greater than that required with the large. It is

easy by altering the temperature of the cathode to pass from a

state of things where a potential difference of twenty volts will

produce this luminosity to one where a potential difference of

several hundred is unable to do so.

We can also show the effect of current density without altering

the temperature of the cathode by placing near the tube an
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electromagnet, so arranged that the lines of magnetic force are

parallel to the line joining the cathode and anode in the discharge.^

tube. The effect of the magnetic force is to make the corpuscles'

run along the lines of fjree, and thus without altering the number

of corpuscles emitted by the cathode it concentrates their paths

and so increases the current density in the tube. When the

magnet is ' on,' ionisation and luminosity occur in the tube with

a lower potential than when it is ' off,' and it is easy to arrange,

matters so that, keeping the potential difference constant, the

discharge is luminous when the magnet is on and dark when it is--

off. When the potential difference is too small to produce a bright

discharge even when the magnet is on, the current through the

tube is often greater when the magnet is on than when it is off.

By placing the magnet so that the lines of magnetic force are

across the line joining the anode and cathode we can render the

paths of the corpuscles more diffuse than they would be without

the magnetic field, so that the maximum current density is

diminished by the magnet. In this case it requires a larger

potential difference to produce a luminous discharge with the

magnet on than with it off. Similar effects produced by a magnet

on another kind of discharge are described in my ' Recent

Reseai^hes,' p. 105.

232. The fact that the strength of the electric field when
luminosity sets in depends upon the current density is I think an

illustration of the principle enunciated in § 228, that the discharge-

produces a cumulative effect on the molecules of the gas in its

immediate neighbourhood, and that the luminosity of an atom need

not be the result of a single collision between a corpuscle and the

atom. For if the luminosity were the result of one collision, then,

since the energy of the corpuscle depends only upon the electric

field and not upon the current density, the effect of increasing the

current density would merely be to increase in the same proportion

the number of luminous atoms ; while as a matter of fact if the

potential difference between the electrodes is kept constant and

the current increased by raising the temperature of the cathode^

the increase in the luminosity is greater out of all proportion

than the increase in the current. Fi-om the abruptness with which,

the luminosity sets in, it WM)idd seem as if just before the discharge;

some of the atoms of the gas are in a critical condition, so that a.

T. G. 31
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very slight increase in the strength of the electric field makes the

equilibrium of the atom unstable, an explosion occurs resulting in

an expulsion of corpuscles, producing an increase in the current,

and such a shaking up of the atom that the energy radiated by

the corpuscles in it is sufficient to produce luminosity. Thus the

luminosity and ionisation which accompanies it may be regarded as

arising, not from the coqDuscles in the atom being dragged out by

the direct action of the electric field, or from being knocked out by

rapidly moving corpuscles striking against them, but rather from an

explosion in the atom, due to the atom having absorbed so much

internal energy that its equilibrium becomes unstable. We have

already seen reasons for supposing that in the case of secondary

Rontgen radiation and the emission of corpuscles by metals ex-

posed to ultra-violet light something of this kind takes place.

To get a more definite conception of the way the instability

arises, let us suppose that for the atom to become unstable and

luminous its internal energy must increase until it reaches a

definite value E^. If the energy possessed by a corpuscle were

within certain limits, the effect of one collision of the corpuscle

with an atom might be to give to the atom enough internal energy

to make it luminous. But even if the corpuscle were less energetic,

and in one collision gave a smaller amount of internal energy to

the atom, it would still communicate some energy to it, and if the

atom had any power of storing up energy, this would form a con-

tribution towards the critical amount of energy required to make

the atom luminous.

The atom after having had this energy communicated to it

would not, as long as it retained any of it, require as much energy

to make it luminous as before. The atom too might acquire

energy not merely by its own collisions with corpuscles but also

by the collisions of corpuscles with neighbouring atoms. Such

collisions would generate soft Rontgen rays the energy of which

might be absorbed by the neighbouring atoms and help to raise

their energy to the critical point. The energy in these rays might

by itself raise the internal energy of the atoms to this critical

value or else raise it so nearly to this value that a collision with

a corpuscle would give it enough energy to carry it past the

critical stage. The rate at which energy comes to an atom, from

collisions of corpuscles with itself and with neighbouring atoms.
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will depend upon the rate at which energy is communicated by

the electric field to the gas, i.e. it will depend upon F x nu, where

F is the electric force in its neighbourhood and nu the flow of

corpuscles through unit area, and not merely on F itself The
atom will radiate away some of its internal energy ; if the rate of

this radiation at any time is proportional to E, the internal energy

possessed by the atom at that time, say equal to (BE, then if q is

the rate at which internal energy is being communicated to the

atom, we have
dF

so that if E vanishes with t,

F=hl-e-n
P

Thus qll3 is the limit to the internal energy acquired by the

atom, and the atom will or will not acquire the critical amount

of energy E^ according as q is greater or less than ^E-^^, in the first

case the atom will become luminous while in the second it will

not. As g depends upon nu as well as upon F, we see that when

nu is large the atom may become luminous with smaller electric

fields than when nu is small. This result is a very marked

feature of the discharge.

233. In the cases we have been considering, there was a

source of corpuscles, in one case the hot lime, in the other Rontgen

rays or ultra-violet light, independent of the electric field ; this field,

acting on the corpuscles produced by these agents, gives them

enough energy to produce new ions by collision with the molecules of

the gas through which they are moving ; in this way the number of

corpuscles is greatly multiplied and they become even in com-

paratively weak fields numerous enough to carry large currents and

give rise to the luminosity characteristic of many kinds of discharge.

If however there is no supply of corpuscles except those pro-

duced by the field itself, the casual presence of a few corpuscles

in the gas when the field was first applied could not give rise to

a permanent current through the gas. For these corpuscles would

under the action of the electric field be pushed away from the

cathode, and as there is no source of corpuscles in their rear would

not be renewed, thus though in consequence of ionisation by

collision many more corpuscles might reach the anode than were

31—2
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originally present in the gas, the supply would give out after a

time proportional to that required by a corpuscle to travel from one

electrode to the other. The conductivity of the gas would however

be maintained if the positive ions could produce ions by collision

either with the molecules of the gas or with the cathode itself, for

in this case as the positive ions moved backwards they would

supply corpuscles to take the place of those expelled by the

electric field. We have evidence that the positive ions in very

strong electric fields can produce corpuscles both by collision with

the molecules of a gas and with a metal electrode. The first

proof of ionisation by collision of positive ions with the molecules

of a gas was obtained by M'^^Clelland *, who measured the relation

between the current and the potential difference when the anode

was a hot platinum Avire and the cathode a coaxial metal tube at

the temperature of the room. The hot wire gives out as we have

seen positive ions, these are repelled from the wire and carry the

current through the gas. The relation between the current and

the potential difference is represented by the curve in Fig. 132, in

this case the pressure of the gas was "75 mm.
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Fig. 132.

We see from this figure that the current gets saturated when

the potential difference is about 80 volts and does not appreciably

increase until the potential difference is 200 volts, after this it

increases rapidly, indicating that ionisation by the electric field

has set in, and as only positive ions start from the hot wire the

ionisation must be produced by the agency of the positive ions. We
see that ionisation does not begin until the potential difference is

* M-'Clelland, Proc. Camb. Phil. Soc. xi. p. 296, 1901.
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very large. The following experiment made by the author* shows

directly the ionisation produced by the collision between rapidly

moving positive ions and the molecules of a gas, and also the

liberation of corpuscles by the impact of positive ions against

a metal plate.

I ^^''^^-T'

Fig. 133.

C is the cathode of a discharge tube containing gas at a low

pressure, the anode is the wire at the top ; the brass tube B is

fitted into a hole in C so that positive ions coming from the anode

to the cathode may travel down the tube and fall upon the

plate M\ this plate can be charged positively or negatively by

means of a wire attached to it and passing out of the tube. The

discharge through the tube was produced either by an induction

coil or by a Wimshurst machine, the results were the same whichever

instrument was used. The cathode G was earthed and a strong

transverse magnetic force applied to B to prevent any cathode rays

due to a reversal of the coil passing down the tube. That the

* J. J. Thomson, Froc. Camb. Phil. Soc. xiii. p. -212, 1905.
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positive ions produce corpuscles when they impinge against the

metal plate 31 can easily be shown by charging M negatively, say

to a potential of 80 volts ; then, proceeding from the part of the

plate struck by the positive ions, a pencil of feebly luminous rays

can be seen, presenting an appearance like that shown in Fig. 133, /3:

this pencil can by applying a magnet be shown to consist of

corpuscles, for it is very easily deviated by the magnet and the

direction of deflection shows that the rays are negatively charged.

These rays are not projected from the plate with any great

velocity, this is proved by the fact that they are completely

stopped when the plate is charged positively to a potential of

2 or 3 volts.

The appearance of the beam of positive ions when M is charged

positively shows that corpuscles are produced by the passage of

the positive ions through the gas before they strike against the

metal, for in this case the boundary of the beam of positive ions

becomes fluffy and bends towards the positive plate as in Fig. 133, a;

the fluffy boundary is very susceptible to magnetic forces and

the direction of the displacement shows that it is formed by

corpuscles.

Austin* has also recently shown that the impact of positive

ions against a metal plate makes it emit corpuscles.

234. Townsend-f- has measured the number of ions produced

by the collision of positive ions in air and hydrogen, and Hurst j

Air, p == 2 mm. Hydrogen, p = 8 mm. C02,jo= 2 mm. Nitrogen, p =:4 mm.

X /3
A' ^ ^ /3 X ^

700 •0282 525 -0475

700 -059
1400 -0085 525 033

1050 ^164 CO2, p= i mm.
700 •049

Air, ^ == 1 mm. Hydrogen, jo = 4 mm. 700 ^0041 Nitrogen, p == 2 mm.
350 •0141 350 ^0295 875 -0138

350
525

•025

•06
395
437

•022

•0345
525 ^082

700 -214

1050 ^0353

480 •048 CO2, /*= ^5 mm.
525 •066 Hydrogen, p= 2 mm.

525 ^0174
Nitrogen p == 1 mm.

262 -041 700 -06 350 •099

Air,^ == ^66 mm. 350 ^107 875 -079 525 •15

350
437

•049

•084

Hydrogen, p = l mm.
262 ^202

C02,^ = "25mm. Nitrogen, p == •5 mm.

525 •12 350 33 525 -089 2Q2-5 •074

* Austin, Phys. Rev. xxii. p. 312, 1906.

t Townsend, Phil. Mag. [6] 6, p. 598, 1903.

t Hurst, Phil. Mag. [6] 11, p. 535, 1906.
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the number in CO., and nitrogen at different pressures and in

electric fields of different strengths, some of their results are given

in the Table on the preceding page : X represents the force acting

on the positive ion expressed in volts per centimetre, j3 the number

of ions produced by a positive ion per cm. of path, and jj the pressure.

It will be noticed that the positive ions produce many more

ions in hydrogen than they do in air, and a comparison with the

results given on p. 475 shows that the number produced by the

positive ions is small compared with that produced by the cor-

puscles ; the values of /3 for nitrogen are considerably larger than

the corresponding values for air.

235. Before attempting to obtain by the principles we have

been discussing the connection between spark potential, spark

length and pressure it will be helpful to consider some facts as to

the distribution of electric force along the spark, obtained by the

study of the discharge at low pressures when the structure of the

discharge is much more obvious than it is at atmospheric pressure.

This structure as we shall see later shows many variations, but an

example which may be taken as typical is that shown in Fig. 134.

iU

jtiiiiiail

IJlliiillJ

IJiHl!!

Fig. 134.

The distribution of electric intensity along the line of discharge is

shown in Fig. 135. Next to the cathode there is a dark space
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called the Crookes dark space, the thickness of which does not

depend upon the distance between the electrodes, then comes a

luminous piece called the negative glow, then comes a dark space

60
50
40
30
20

-flO

—

, .

p— —

'

—
vJ ,-

1 IX l=tt^^^
8 9 10 11 12 13 14 cms

Positive column Negative glow

Fig. 135.

called the Faraday dark space, and then a stretch of luminosity

reaching to the anode, called the positive column. From the curve

:giving the electric intensity we see that this is approximately

uniform along the positive column ; but that in the Crookes dark

;space the electric intensity is very much greater. The potential

difference between the cathode and the negative glow, called the

cathode potential fall, is as we shall see later independent of the

pressure of the gas and of the distance between anode and cathode, as

long as this is greater than the thickness of the dark space. Recent

measurements made by Strutt have proved that the cathode fall

of potential is equal to the minimum spark potential. We see,

too, that it is only in the Crookes dark space that the electric

intensity is greater than in the uniform positive column, it is

therefore only in this space that the positive ions would be likely

to produce fresh ions by collisions with molecules of the gas. To

sum up we have a uniform electric intensity along the positive

column and a variable but very much greater intensity inside the

Crookes dark space. The thickness of the dark space does not

depend upon the distance between the electrodes, so that the

further these are apart the longer the region of uniform electric

intensity along the positive column.

The distribution of electric force given in Fig. 135 shows that it

is only close to the cathode that the positive ions can, in a space

s.comparable with the free path of an icm, fall through the potential
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difference necessary to give them enough energy to produce ions by

collision with molecules of the gas or by impact against a metal

plate. As it is only in a thin layer of gas close to the electrode

that the positive ions can produce fresh ions by collisions with the

gas, the number of ions produced in this thin layer will probably

be very small compared with those produced by collision with the

cathode itself, and in any case since the seat of production of

corpuscles by the collision of positive ions is close to the surface of

the cathode, the mathematical development of the consequences of

this production will proceed along the same lines whether the gas

produces an appreciable fraction of the corpuscles or not.

Suppose then we have two parallel metal plates with a strong

electric field between them, then when a current of electricity

passes through the gas between the plates, the positive ions are

driven up against the cathode with such a high velocity that they

cause the cathode to emit a stream of corpuscles. These corpuscles

driven off from the cathode acquire under the electric field

sufficient energy to ionise the gas, producing positive ions which

strike against the cathode and produce corpuscles by their impact.

Thus the corpuscles driven from the cathode and the positive ions

in the gas are mutually dependent on each other, the positive ions

producing the corpuscles and the corpuscles the positive ions ; the

two streams, positive ions in one direction, corpuscles in the

opposite, are inseparably connected and if one disappears the

other must disappear also.

This mutual dependence of the corpuscles and the positive ions

is shown in a very beautiful way, in some experiments made by

A'

b
•n

,-/

r
- h

'

Fig. 13G.
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Schuster* and Wehneltf on the effect of placing solid obstacles in

the Crookes dark space, these obstacles cast a shadow on the cathode

and there is no emission of cathode rays from the region of this

shadow. This effect is illustrated in Fig. 136, taken from

Wehnelt's paper ; in this figure D is the obstacle, K the cathode.

236. We shall now proceed to calculate the relation between

V the potential difference and d the distance between the plates

;

we shall suppose that the current is small so that there are not

enough ions between the plates to appreciably disturb the uniformity

of the electric field : thus the potential difference between the

Vx
cathode and a point distant x from it will be —^ . If n is the

number of corpuscles and u the velocity of the corpuscles at this

point the number of positive ions produced by them in a layer of

thickness hx is proportional to nu^x, let it be equal to anuhx ; if the

positive ions had an uninterrupted fall to the cathode they would

Vxe
reach it with an amount of energy —

-^ , where e is the charge on

the ion, but the energy will be less than this (1) because the ions

lose some of their energy by collision before they reach the cathode

and (2) because some of the ions recombine during the journey and

so do not reach the cathode at all ; we shall suppose that on the

average the energy possessed by the positive ions when they reach

VBX
the cathode is —r- e"^-^, thus the energy given to the cathode in

unit time by the positive ions is

{'' Vex

Jo d

we have also ^- (nu) = anu,
ax

thus nu = ?ioMoe"*,

where iIqUo is the stream of corpuscles coming from the cathode

:

but the emission of corpuscles from the cathode is due to the

impact of the positive ions ; if we suppose that the number of

corpuscles emitted in unit time is proportional to the energy given

* Schuster, Proc. Eoy. Soc. xlvii. p. 557, 1890.

t Wehnelt, Wied. Ann. Ixvii. p. 421, 1899.
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up to the cathode by the positive ions in that time we have

UQUfi = k
I

anu —j" e^^^dx,

where k is a constant.

Substituting for nu the vahie n,,u^e'^^ we get

a J

"''
d "la-/3 {a- 13f^ (a- (3)''

T^_^ZL^I ( I I^^
a ke \ e>°-^"* 1 (1).

(, d (a - /3)^ d {a - ^)]

This equation gives the relation between the potential difference

and the distance between the electrodes.

Now a is proportional to 1/X,, and ^ to 1/A,', where X is the mean

free path of a corpuscle and \' that of a positive ion in the gas

;

as long as we keep to the same gas both \ and \' will be propor-

tional to L the mean free path of a molecule of the gas, thus both

a and /3 are proportional to the pressure, and therefore (a — /3)/a

will be independent of the pressure; we see fi'om (1) that F is a func-

tion of pd, where p is the pressure, thus Paschen's law is obeyed.

We see that when d = 0, V is infinite, thus it would be impos-

sible to produce indefinitely short sparks by the mechanism we

are discussing ; when we considered, see p. 455, such sparks we

suggested that they arose in a different way.

The denominator of the right-hand side of equation (1) is a

maximum and therefore V is a minimum, when d has the value

determined by the equation

dx \ X xj

where x is written for (a — l3)d. Thus x is a solution of the

equation

e='(x'-x + l) = l,

or X = - 1"8 approximately, thus the spark length for minimum
1'8

potential is ^ , and the minimum potential Fq is given by
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the equation

F. = ^"|-' (2).

Since a and ^ are both inversely proportional to the mean free

path of the molecules of the gas, i.e. are directly proportional to

the pressure, the critical spark length on this theory would vary

inversely as the pressure, this as we have seen is the case. Since

is independent of the pressure, the minimum potential

difference required for discharge will be independent of the pressure.

If I is the critical spark length, and Fo the minimum spark

potential, we have, by equation (2) putting a= 1/X, where A. is the

mean free path of a coi-puscle in the gas at the critical pressure,

'"
I ke'

Now by the definition of A', Ijke is the potential difference through

which one positive ion must fall to liberate one corpuscle from

the cathode, if we call this potential difference U, we have

Fo = l-2^fr.

Since I is considerably greater than X, Fo is less than U. For air

Xjl is about 10, so that F^ = VIU.

237. So far we have supposed that the ionisation produced

by the positive ions takes place at the surface of the cathode, we

can easily extend the method so as to take into account the

ionisation produced by the positive ions throughout the volume of

the gas.

Let m be the number of positive ions per unit volume, lu their

velocity, the number of collisions made per sec. per c.c. by these

ions will be proportional to mwp, where p is the pressure of the gas

;

let the number of ions which in one second will result from these

collisions be <ymw, y will be a function of the p and of the strength

of the electric field, it will vanish when the strength falls below

a certain critical value depending on the pressure. Let as before

n be the number of corpuscles per c.c, u their velocity and ami

the number of ions which in one second results from the collisions
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between the corpuscles and the gas. The number of ions produced

per sec. per c.c. is equal to

ami + ynnv,

hence when things are in a steady state we have by the equation

of continuity

d , ,

-7- \)iu) = anu + ymw,

d , .

7- (miv) = arm + ^iniv,
dx

e {nu-\- inw) = i,

where i is the current per sq. centimetre and e the charge on

an ion.

Hence we have
d , . , 71

the solution of which is, when the field is uniform so that a and 7

are independent of x,

enu = Ce '»->'' -^ ^
,

a — 7

where (7 is a constant of integration.

If there is no emission of positive ions from the anode, then

when X = d, enu = i ; determining G from this condition we have

enu = —— jae <«-)" <=^-'^' - 7] :

a — 7

the flow of corpuscles from the cathode is got by putting x = in

the expression for rm and is therefore equal to

(a -7)

This, on the assumption of the preceding paragraph, is equal to k

times the energy given to the cathode per second.

We can calculate this energy as before ; the number of positive

ions produced per second in a layer of thickness dx at a distance cc

from the cathode is

-r(nu)dx, i.e. ^ae'^-y^^-'^c?^-,
dx e
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the energy given up by these to the cathode is

e d

hence the energy given to the cathode per second by the positive

ions is

. V .. ..,. r'

d JO
and therefore

J

Ve f'^— (ae- '"-v' '^ - 7) = ^ioL --r e" <"*->" '^ e
*''->'' "" xe-^"" dx,

— <y d Joa —

7

or

a — 7

Vfi ( J Ja-y-P)d I )

= ka^\^^ 6<-v-^' ^ - ^ ^, + .-
^v- . . .(3),

c? (a-7-/3 (a-7-/3)- (a-7-^>j

an equation giving V/d in terms of c?, when we know the expression

for 7 in terms of V/d.

We see from this equation that V is infinite when d = 0, and

when d is infinite, hence again there will be a minimum potential

difference and a critical spark length ; we see too from the equations

that the minimum potential will be less when both 7 and k are

finite than when either vanishes.

The left-hand side of equation (3) cannot be negative, the

term e"** increases rapidly with d so that when the distance between

the plates is a very large multiple of the mean free path of a

corpuscle, the left-hand side would become negative unless 7 were

exceeding small. For values of d, large compared with the critical

spark length, the right-hand side of (3) is

I
^'

'-''dia-^-^r

hence remembering that 7 is small compared with a equation (3)

becomes

Ve e^""*

^ = «""-^-"'7(^3^= (4),

Now 7 is a function of Vjd, and in the expression for 7 in

powers of Vjd the coefficients of Vjd will not, like that of Vjd on
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the right-hand side of (4), diminish as d increases, hence when d

is very Uirge we may neglect the second term on the right-hand

side of (4) and the equation reduces to 7 = ae""''.

This equation enables us to find Vjd, if we know the way

the ionising power of the positive ions depends on the strength

of the electric field. When d is very large we have 7=0, hence

discharge will begin practically as soon as the field is strong enough

to give the positive ions any ionising power at all.

In this case the strength of the electric field is uniform from

one electrode to another, this must be the case unless there is free

electricity between the electrodes, and when the field is uniform

the positive ions produce ions all along the spark. To maintain the

discharge it is sufficient that the positive ions should produce

fresh ions in the neighbourhood of the cathode, the cathode will then

be analogous to the hot lime cathode described on page 477, and

a very moderate electric field between this and the anode will be

sufficient to produce the discharge. Thus if instead of having the

field uniformly distributed from anode to cathode we concentrate

the field near to the cathode, leaving the rest of the field com-

paratively weak, a smaller potential difference will maintain the

discharge than if the field were uniform. This concentration of

the field requires the presence of large quantities of free ions near

the cathode, and until these accumulate the field will be uniform.

If the uniform field to begin with were strong enough to make

the corpuscles produce ions by their collisions, but not strong

enough to make the positive ions do so, there would be a finite

accumulation of free ions, the amount of which would depend on

the number of corpuscles present originally and upon the strength

of the field : if this accumulation were sufficient to make the field

close to the cathode strong enough to give rise to ionisation by

positive ions a current would pass ; if not there would be no

discharge, and the potential difference between the electrodes

would have to increase until the positive ions produced other ions

by collision, i.e. would have to increase until 7 became finite. When
once a spark passes, ions are produced in great abundance and

there is an ample supply to produce the requisite concentration at

the cathode ; thus after a spark has once been started it may

happen that a smaller potential difference is sufficient to maintain

it, or produce another spark following soon after the first.
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The difference between a continuous discharge and the first

spark is well shown in the diffei'ence between the appearance

presented by the discharge through a gas at low pressure of a

continuous current, and an instantaneous discharge produced by

discharging a charged Leyden jar of large capacity across an air

gap placed in series with the discharge tube ; the first discharge

shows the highly differentiated appearance represented in Fig. 134,

the second is a uniform column of light stretching without any

dark space from cathode to anode.

238. There are some cases in which a field sufficiently intense

to cause corpuscles to produce ions might produce a continuous

discharge without the necessity of the positive ions acting as

ionisers ; thus if the lines of electric force formed closed curves, as

they do when the field is produced by electromagnetic induction,

the corpuscles travelling round these, and not as in the case of

discharge between electrodes being driven out of the gas into

electrodes, would go on producing a continually increasing supply

of other corpuscles and a discharge would pass. Another case is

when the electric force is continually changing its direction ; thus

suppose A and B are the electrodes and to begin with A is the

cathode, let the field be sufficiently strong for the corpuscles to

produce ionisation by collisions, when the field is applied the

number of corpuscles between the plates will increase and there

will be many more corpuscles in the neighbourhood of B than

there were originally, if the field continued in one direction these

would be driven into B and disappear from the gas ; if we reverse

the field before this occurs then the corpuscles near B will be

driven back towards A and will produce other corpuscles; if we

again reverse the field before these have reached A, they will

again be driven back and produce other corpuscles, in this way

the number of corpuscles in the field will increase in geometrical

progression and a discharge will ultimately pass. A rapidly

alternating potential difference may thus produce a discharge

while a constant potential difference of the same magnitude would

be unable to do so.

If the supply of ions is sufficient to make the electric field

near the cathode so strong that the positive ions can ionise the

gas, the potential will be distributed so that, starting from the

cathode, there is a rise of potential equal to the minimum spark
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potential in a distance equal to the critical spark length, in this

region there is rapid production of corpuscles, which stream out

towards the anode ; as we have got this supply of corpuscles

it is not necessary that the rest of the field should be strong

enough to make the positive ions act as ionisers, indeed there

would be a current if no further ionisation even by corpuscles took

place, but in this case there would be an excess of negative

electricity along the path of the corpuscles and the intensity of

the electric force would increase rapidly towards the anode.

If, as in the case shown in Fig. 135, the electric force in the

part of the field not in the immediate neighbourhood of the

cathode is uniform, there can be no free electricity in this part

of the field, so that positive ions as well as corpuscles must be

present, thus the corpuscles must produce ionisation ; when the

conditions do not alter with the distance from the anode

d {mi)ldx = 0, hence, see page 473 we have

i^(ZeX, i) = 7,

the solution of this is X\ = c, where c may involve i, the intensity

of the current through the gas ; thus along the uniform column
n

X = -
, and the fall of potential along this column is, if I is the

cl
length of the column, Xl = -, hence if V is the difference of

c

Fig. 137.

T. G. 33
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potential between the electrodes, V^ the minimum spark potential,

then

V=Xl + V,= '^+V, (2);

if we combine the results represented by this equation with those

for sparks shorter than the critical value, the connection between

spark potential and spark length will be represented by a curve

such as that represented in Fig. (137), this it will be seen presents

the characteristics of the curves given by Carr.

It must be remembered that these results refer to the com-

tinuous discharge, it may, as was pointed out, require a much
greater potential difference to produce the first spark, where

positive ions may have to produce other ions all along their paths.

Discharge of Electricity from Points.

239. A very interesting case of electric discharge is that

between a sharply pointed electrode, such as a needle, and a neigh-

bouring metallic electrode of considerable area. In this case when
the current is small the luminosity is confined at atmospheric

pressure to the neighbourhood of the electrode, the current through

the rest of the gas is carried almost entirely by ions of the same

sign as the charge on the point.

Chattock (see page 68) has shown that the velocity of these

ions under unit electric force is the same as that of the ions pro-

duced by Rontgen or Becquerel rays, and Townsend (see page 39)

has shown that the charge on the ions is also the same. If the

point is placed at right angles to a large metal plane, then for

electricity to stream from the point the potential of the point

must exceed that of the plane by an amount called by v. Rontgen*

the minimum potential ; this minimum potential depends upon

the sharpness of the point, the pressure and nature of the gas and

the sign of the electrification of the point, being less if the point

is negatively than if it is positively electrified ; according to War-

burg f, the minimum potential does not depend upon the distance

of the point from the plane ; Sieveking;]: found that this was only

* V. Rontgen, Gottingen Nach. p. 390, 1878.

t Warburg, Wied. Ann. Ixvii. p. 69, 1899.

+ Sieveking, Ann. der Phys. i. p. 299, 1900.
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true when the distance between the point and the plane was

considerable, for short distances the minimum potential increased

rapidly with the distance. When the potential difference between

the point and the plane exceeds the 'minimum potential ' a current

of electricity passes from the point to the plane ; the magnitude of

this current for a given potential difference between the point and

the plane rapidly diminishes as the distance from the plane

increases : Warburg (/. c.) has shown that if d is the shortest

distance between the point and the plane, then for a given

difference of potential the current is proportional to Ijd^'^'^, this

law holds whatever be the sharpness of the point.

Value of the Minimum Potential.

240. As this depends upon the sharpness of the point we can

only compare the values of this quantity for the same point under

different circumstances. The following table gives the value for

the minimum potential with the same point at different pressures

as determined by Tamm *
:

Pressure in cm. of mercury Point - Point +

76 2140 volts 3760 volts

70 2135 „ 3755 „
60 2105 „ 3705 „
50 2035 „ 3585 „
40 1905 „ 3350 „
30 1690 „ 2970 „
20 1360 „ 2390 „
10 910 „ 1580 „

Thus the change in the minimum potential with the pressure

is very slow when the pressures are high but becomes much faster

at lower pressures.

The ratio of the minimum potential for positive and negative

points is approximately the same at all pressures. Observations

of the minimum potential in different gases have been made by
v. Rontgenf and by Precht;]:; the results of their observations are

* Tamm. Ann. der Phys. vi. p. 259, 1901.

t V. Routgen, Gotthigeu Nach. 1878, p. 390.

J Precht, Wied. Ann. xlix. p. 150, 1893.

32—2
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given in the following table, the numbers in the first two columns

are due to v. Rontgen, those in the third and fourth to Precht.

Gas

MiDimum potential, point +
Minimum potential, pressure

760 mm.

Pressure 205 mm. Pressure 110 mm. Point + Point -

H2
0,
CO
CH,
NO
CO2
N^
Air

1296 volts

2402 „

2634 „

2777 „
3188 „

3287 „

1174 volts

1975 „

2100 „

2317 „

2543 „

2655 „

2125 volts

2800 „

3475 „

2600 „

2750 „

1550 volts

2350 „

2100 „

2000 „

2050 „

Gorton and Warburg* give the following values for M the

minimum potential from the same point in different gases.

Gas

Pressure 760 mm. Pressure 485 mm.

+ .1/ -M +M
-M +M -M +M

-M

H2
N2

CI2

Bra
L

1370
1930
2550
2250
2680

1140
1400
1950
1660
1900

1-20

1-36

1-31

1-35

1-41

1120
1630

1930
2400
2500
2620

1000
1200

1500
1660
1700
1870

1-12

1-36'

1-29 '.

1-45

1-47

1-40

Ewers i* has recently shown that if Mj^ is the minimum
potential at the pressure p^, M^ that at the pressure p^, then

where G is independent of the pressure.

Pa

PB

* Gorton and Warburg, Ann. der Phijs. xviii. p. 1905.

t Ewers, Ann. der Phijs. xvii. p. 781, 1905.
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Connection hettveen Potential Difference and Current.

241. Warburg {I.e.) found that using the same point and

keeping it at the same distance from the plate the relation between

the current i and the potential V can be expressed by the relation

i^aV{V-M),

where il/ is the minimum potential. Sieveking* considered that

the linear relation i = h{V — M) represented his experiments with

sufficient accuracy: in a recent paper by Tammf this question is

discussed, and a fornmla of the type of Warburg shown to give

better agreement : in place of the minimum potential M Tamm
writes ^ (il/j + M.^, where M^ is the potential at which the discharge

begins when the potential is gradually increased, M^, that at which

it leaves off when it is gradually lowered; the two are not identical,

the latter being the smaller : the application of the formula in

this form is limited to potential differences considerably greater

than M.

Ewers :|:
has shown that for the monatomic gases Helium and

Argon, at all temperatures and pressures.

This relation holds for diatomic gases at low pressures and at low

temperatures, at higher temperatures and pressures the relation

for these gases is

ii = a'V+h'.

The current with the same potential difference increases as the

pressure diminishes, this is shown by the following results due to

Tamm (^.c). (See Tables, p. 502.)

It will be noticed that the current with the point positive is

always less than that with the point negative, the potential differ-

ence being the same in the two cases. The increase of the current

as the pressure diminishes is more rapid at small pressures than

at high pressures ; the current seems to be roughly proportional

to the reciprocal of the pressure, while at low pressures it varies

as the square of this quantity.

* Sieveking, Ann. tier Phijs. i. p. 299, 1900.

t Tamm, Ann. der Phijs. vi. p. 259, 1901.

+ Ewers, Ann. der Phijs. xvii. p. 781, 1905.
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Tamm gives as the relation between i^ the current at a pres-

sure of X centimetres, and i^g the current at 76 cm. pressure, the

potential difference being V in both cases, the empirical equation

. _ . (76 F, 76

Current in micro-amperes.

Potential difference... -4000 -6000 -8000 - 10000
Pressure

76 1-4 4-2 8-0 13-4

70 1-6 4-6 8-6 14-5

60 2-0 5-7 10-5 17-6

50 2-6 7-8 13-7 22-8

40 3-7 11-3 20-4 33-7

30 6-8 19-5 35-3 58-0

20 14-6 44-7 80-9 134-2

Potential difference . .

.

+ 4000 + 6000 + 8000 + 10000
Pressure in cm. of Hg.

76 0-7 2-1 4-8 9-3

70 0-8 2-3 5-1 10-1

60 1-0 2-8 6-3 12-3

50 1-3 3-8 8-2 16-0

40 1-9 5-6 12-3 23-5

30 3-3 9-7 2M 40-4

20 7-3 22-4 48-0 93-0

242. The relation \Ji = aV^h is, as the following investigation

shows, the one indicated by theory when the current is carried

entirely by ions of one sign.

Relation hetiueen the cur^^ent from a point and the potential differ-

ence between the point and the jjlane to ivhich it discharges.

In order to simplify the mathematical analysis we shall take a

case which, while presenting the same physical features as the

point discharge from a needle, is yet from its symmetry more

amenable to calculation, the case is that of the discharge from a

very fine wire discharging to a coaxial cylinder. Almy* has inade

* Almy, American Journal of Science [4], xii. p. 175, 1902.
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a series of experiments on this kind of discharge. Let us take a

point on the wire as the origin for polar coordinates and let r be

the distance of a point in the gas from the wire, R the electric

force at this point and p the density of the electrification, then we

have

^^-(Rr) = ^7rpr (1).

When we get beyond the region of the spark the discharge will be

carried by ions of one sign, hence if t is the current per unit length

of the wire, u the velocity of the ions, we have

I = 2'7rrup
;

but u = kR, where k is the velocity of the ion under unit force,

hence we have from equation (1)

d
.J. ,

2i
.

drr^^''^
= kR^

integrating this equation, we get

(Rrr = ~7-+C (2),

where C is a constant. To determine C, let a be the smallest

value of r, for which the ions are all of one sign (a will exceed

the radius of the wire by a quantity of the order of the minimum
spark length) ; when r = a, R will be comparable with the electric

force required to produce a spark ; thus R will at atmospheric

pressure be greater than 10'-' in electrostatic units : in these units

k for air at this pressure is 450, hence unless t were comparable

with the value 2 x 10^ in electrostatic measure, i.e. with | x 10~^

amperes, which is much larger than the currents used by

observers of the spark discharge, (2i/k) a^ will be small compared

with (Ray, i.e. C will be approximately independent of the current,

2t
and at the surface of the wire C will be large compared with -y r^.

At the surface of the cylinder, on the other hand, in general, 2i7'^/k

will be large compared with C, for suppose the radius of the cylin-

der were 10^ times that of the wire, then a current of a few micro-

coulombs per second (which is of the order of the currents used

by Tamm in his experiments) would make 2ir^/k at the surface of

the cylinder very large compared with {Ra)'- and therefore with C.
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If V is the potential at the distance ?• from the wire, we have

from (2)

integrating this equation we find, if V is the potential difference

between the cylinder and the point near the wire where the current

begins to be carried by ions of one sign, and b is the radius of the

cylinder,

'— /iSj-rl^— Ph

{>^'f-''

-iVClog^^
l^a-' + cY-C^

i^c-^cf^c^

where i is so large that 2ib^lk is large compared with G; this

becomes approximately.

k

the second term on the right-hand side varies very slowly with t,,

treating it as a constant and writing a for this term, we get

|^-(^'-«)^ (1);

if V is the potential difference between the wire and the cylinder

we have seen that F= F'+ V^, where V^ is the least potential that

can produce a spark (for air it is about 351 volts), thus we have

from (1)

^ = ~{V-V,-ar (2),

so that for large values of V, i varies as V^; thus the current

varies as the square of the potential difference. Almy* found

that the current was proportional to F(F— /3), thus for values of

V large compared with /3 it is proportional to V- ; according to

* Almy, American Journal of Science [4], xii. p. 175, 1902.
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Almy's experiments the current is more nearly proportional to the

inverse cube of the radius of the cylinder than to the inverse

square as indicated by equation (2) ; it is to be noted that any

want of symmetry in the apparatus which would make the discharge

tend to concentrate on a particular radius would make the current

vary more rapidly with the radius than if the discharge were

quite symmetrical. We see from equation (2) that the current

varies as k, the velocity of the ion under unit force, thus since the

negative ion moves faster than the positive, the discharge under

given potential should be greater when the point is negative than

when it is positive ; from Tamm's observations the ratio of the

negative current to the positive in air at atmospheric pressure is

equal to 1'44, this is not far from the ratio of the velocities of the

negative and positive ions for dry air.

Again, since t is proportional to k, and k is inversely propor-

tional to the pressure, the current should vary inversely as the

pressure when the potential difference is large ; a reference to the

table on page 502 will show that although this is approximately

true at high pressures it ceases to be an approximation to the truth

when the pressure is low, when the current varies more nearly as

the inverse square of the pressure. At low pressures and with

large currents the discharge is accompanied by luminosity right

up to the plate ; an example of this is shown in Fig. 138, taken

from a paper by v. Obermayer*: the appearance presented by the

,__,A.*iWB**¥S*fiavtJ("l};

•--^.y«•*^l•«Si•^l'•>^•^mlM«•«n^>.Vi-.«; 9

Fi«. 138.

V. Obermayer, Wien. Sitzuiuiahcr'u-htP, c. p. 127, 1891.
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discharge suggests that ionisation is taking place at the plate as

well as at the point, in which case ions of both signs would be

present between the plate and the point, and our investigation

which is founded on the supposition that the current is carried

entirely by ions of one sign would not apply. Even at atmospheric

pressure there is evidence in some cases of the presence of ions

of opposite sign to that of the electrification of the discharging

point: thus C. T. R. Wilson* notices a case in which when a

positive point was discharging into his expansion apparatus (see

p. 166) an expansion which was sufficient to bring down negative

but not positive ions produced a cloud, showing that negative ions

were present; a similar effect has also been observed by N. R.

Campbell f.

We shall see that from a spark rays are given out (Entladung-

strahlen) which can ionise a gas ; some rays are thus given out

from the small spark at the end of the discharging point, and

these rays may in certain cases help to produce appreciable ionisa-

tion at a considerable distance from the point. The discharge

from a point seems to possess very considerable actinic power |.

243. Warburg § has shown that the presence of minute traces

of oxygen in gases such as hydrogen or nitrogen produces a great

diminution in the current from a negative point while it has but

little effect on that from a positive one; thus the removal of a trace

of oxygen from nitrogen increased the current from a negative point

in that gas fifty times; this may be taken as indicating that

oxygen has a great tendency to collect round the carriers of the

negative charge and either make them less efficient as ionisers or

else make them move more slowly in the electric field. It is

probable too that the oxygen increases the difficulty of getting the

corpuscles from the point into the gas as Warburg has shown that

the presence of oxygen produces a large increase in the cathode

fall of potential in vacuum tubes.

244. Warburgll has investigated the proportion of current

received at different portions of the plane opposite the electrified

* C. T. E. Wilson, Phil. Trans. A, vol. cxcii. p. 403, 1899.

t Campbell, Phil. Mag. [6], vi. p. 618, 1903.

I
Cook, Phil. Mag. [5], xlvii. p. 40, 1899. Leduc, Eclair. Electr. xxi. p. 144, 1899.

§ Warburg, Ann. der Phys. ii. p. 295, 1900.

II
Warburg, Wied. Ann. Ixvii. p. 69, 1899.
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point ; he finds that the amount received per unit area at a point

Q on the plane is proportional to cos'"- 6, where 6 is the angle QPO,
P being the electrified point and the normal fi:-om P on the

plane, the electrified conductor is supposed to be at right angles

to the plane ; he finds that m for a negatively electrified point is

equal to 4'65, for a positively electrified point 4"82, and that it is

independent of the sharpness of the point.

The Electrical Wind.

245. The current of electrified ions which constitutes the dis-

charge from the point sets the air in the neighbourhood in motion.

For when the ions have settled down into the state in which their

velocity is proportional to the electric force acting upon them

the mechanical force acting upon them is transferred to the air

through which they are moving, this gives rise to currents of air

directed from the point, and these air currents are what is known

as the electrical wind. This motion of the air forwards is accom-

panied by a reaction on the point, tending to drive it backwards.

This reaction has been measured by Arrhenius*, who finds that

when positive electricity is escaping from a point into air the

reaction tending to drive the point backwards is, when the current

is kept constant, proportional to the pressure of the gas, and for

different gases (air, hydrogen, and carbonic acid) at the same

pressure varies as the square root of the molecular weight of the

gas. The reaction when an equal current of negative electricity is

escaping from the point is much less, the proportion between the

two depending on the pressure of the gas ; thus in air at a

pressure of 70 cm. the reaction on the positive point was 1'9 times

that of the negative, at 40 cm. 2"6 times, at 20 cm. 3"2 times, at

10'3 cm. 7 times, and at 5'1 cm. 15 times the reaction of the

negative point. The reaction on the discharging point is due to

the repulsion between the electrified point and the ions carrying

the discharge ; we can easily calculate this force. Suppose that

the needle from which the electricity is discharged points in the

direction of the axis of z ; lot p be the density of the ions at any

part of the field, Z the electric force at the same point, then F,

the force parallel to z acting on the ions, is equal to

JJJZpdocdydz ;

* Arrhenius, Wicd. Ann. Ixiii. p. 305, 1897.
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but if w is the velocity of the ion parallel to z, w = kZ, where k is

the velocity of the ion under unit electric force ; substituting this

value for Z we get

F^
I

i j
-j- pdxdydz

;

but if i is the current

i = [fwpdxdi/,

hence if k is constant throughout the field

^=i^^ w-

The reaction on the point is equal to F, hence for a constant

current F varies inversely as k ; this conclusion agrees when the

point is positively electrified with the results of Arrhenius's experi-

ments. For let us first consider the effects of pressure, k varies

inversely as the pressure ; hence F should be directly proportional

to the pressure, this is in agreement with Arrhenius's result;

next consider the reaction of different gases ; if we refer to the

values given on page 80, we see that the velocities of the ions

under unit electric force are roughly inversely proportional to the

square roots of the densities of the gases, hence F should be approxi-

mately directly proportional to the square roots of these densities.

Since the velocity of the negative ion is greater than that of the

positive the reaction on the negative point should be less than

that on the positive ; the ratio of the reaction on the positive

point to that on the negative is however much greater than the

ratio of the velocity of the negative ion to that of the positive.

We have seen however reasons for believing that a rapid con-

densation of the gas takes place around the newly-formed negative

ions after they are produced at the point, so that the velocity of

the negative ion will be greater at first than after it has been for

some time in the gas ; it is only however for these aged ions that

we know the velocity ; while in the case of the point discharge a

large part of the reaction will be due to the more rapidly moving

freshly-formed ions in the immediate neighbourhood of the point,

so that the value of F will be less than that determined by equa-

tion (1) when we substitute for k the observed velocity of the

negative ion.
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Discluirge from a point whose electrification is rapidly

changing sign.

246. If a point is charged up to a high and rapidly alternating

potential, such as can be produced by the electrical oscillations

started when a Leyden jar is discharged, then in hydrogen,

nitrogen, ammonia, and carbonic acid gas, a conductor placed near

the point gets a negative, while in air and oxygen it gets a

positive charge*. Himstedtf has shown that the distribution of

electrification in these gases differs only in degree ; he finds that in

air and oxygen, although the electrification is positive near the

point, yet it changes sign as we recede from it and ultimately

becomes negative ; while in hydrogen and the other gases

mentioned above we get positive electrification if we go close

up to the point ; the difference between the gases is that in

air the place where the electrification changes sign is some

distance from the point, while in hydrogen it is close up to it.

This outer zone of negative electrification is what we should

expect from the greater velocity of the negative ions, for under an

alternating electric field the amplitude of the path of the faster

ions would be greater than that of the slower, and thus at a

distance from the point greater than the amplitude of the slower

ions there would be nothing but negative electricity. The de-

termination of the distance at which the electrification changes

sign would be a very complicated investigation, as it would involve

in addition to the relative velocities of the positive and negative

ions the difference in the values of the current proceeding from

the point according as it is positively or negatively electrified, as

well as the difference in the minimum potential at which the

discharge begins.

247. The condition of a point from which electricity is dis-

charging seems to suffer some modification as the discharge goes

on, and this gives rise to variations in the current : Prechtj found

that a point from which positive electricity had been discharged

sometimes got hollowed out into a kind of crater, as if some of the

* Harvey and Hird, Phil. Mag. [5], xxxvi. p. 45, 1893. Himstedt, Wied. Ann.

lii. p. in, iS'Ji. J. J. Thomson, Phil. Mag. [5], xl. p. 511, 1895.

t Himstedt, Wied. Ann. Ixviii. p. 291, 1899.

+ Preclit, Wied. Ann. xlix. p. 50, 1893.
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metal had been torn away ; he found that a negatively electrified

point did not suffer any change of shape.

Theory of the discJiarge from fine points.

248. We may suppose that the escape of electricity from a

sharp point occurs in the following way. When the electric field

at the point reaches a certain intensity a short spark passes from

the point to the air a little distance away, along the path of this

spark ions are produced, positive as well as negative ; if the point

is positively electrified the positive ions are driven out from this

region into the surrounding gas and under the influence of the

electric field find their way to the metal plate to which the point

is discharging ; if the point is negatively electrified it is the

negative ions which are driven to the plate, and which carry the

electricity which is discharging from the point.

Let us apply these considerations to explain some of the

features of the discharge. We shall first consider the strength of

the field required to produce the small spark from the point.

The relation between the potential difference required to pro-

duce a spark and the spark length is (see page 497) represented

by a curve similar to a, Fig. 139, where the ordinates represent the

spark potential and the abscissae the spark length. Let us sup-

pose that the point is equivalent in its electrical effect to a small

sphere of radius a; thus if V is the potential of the sphere the
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potential difference between the sphere and a point at a distance x

CO

from its surface is V ; let the equation to the curve /S
Oj ~\' (Xj

(Fig. 139) be ?/ = V —— , then if the curve /3 intersects the

curve a a spark will pass from the point, if the curves do not

intersect no spark will pass, the smallest value of V which will

produce a spark is when the corresponding curve jS just touches

the curve a. Now when a is very small dyjdx for j3 is very small

compared with ylx, but for the curve a it is only in the neighbour-

hood of the minimum spark potential that this is the case, hence

we conclude that when /3 touches a it does so close to A, the point

corresponding to the critical spark lengths ^o and to Vq the

minimum potential difference required to produce a spark, hence

we have approximately

V ^° - V
a + Xt,

Fo here is the value of the minimum potential required to produce

a spark ; we see that V diminishes as a diminishes, i.e. the sharper

the point the smaller the discharge potential ; it also diminishes as

the critical spark length increases, and as the critical sj^ark length

is greater at low pressures than at high the minimum potential

will diminish as the pressure diminishes. In consequence of the

conductivity of the gas round the point, the radius of the sphere

taken as equivalent in its electrical action to the point may be

considerably larger than the actual radius of the point, and the

proportions between these quantities may depend upon the

pressure of the gas.

Difference between the minimimi potential for positive

and negative poiyits.

249. The minimum potential required for the discharge of

positive electricity from a point is greater than that for negative

:

this is, I think, consistent with the preceding view, for the

minimum potential difference Fq is determined by the condition that

the electric field near the electrode should be strong enough to enable
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the positive ions to produce an adequate stream of corpuscles.

Now when the point is the cathode the positive ions have two

opportunities of producing corpuscles, (1) by impact with the

electrode, (2) by impact with the molecules of the gas ; while when

the point is the anode only the second of these is available ; this

would have the effect of making V^ for the positive point greater

than for the negative and thus making the minimum potential

required for point discharge greater.

The condition we have just investigated only ensures that elec-

tricity should be able to escape from the point, it does nothing to

ensure that the discharge should be luminous. The experiments

which have been made on the discharge relate wholly to cases in

which a glow appears at the point ; we have already seen (p. 478)

that when luminosity sets in there is a great increase in the

ionisation and in the current, hence the current in the dark stages

of the discharge may well have escaped detection. We shall now

proceed to investigate the condition that luminosity may appear

at the point. We gave reasons for thinking that the appearance of

luminosity was due to the molecules of the gas acquiring a finite

amount of energy ; now the energy acquired by the molecule will

be proportional to the rate at which energy is communicated to

the gas : consider the gas enclosed between the point and the

space separated from it by a distance equal to the critical spark

length, the difference of potential between the point and the outer

boundary is V^ the minimum spark potential : if i is the current

through the gas the work done per second in this region is V,i

;

if d is the critical spark length, a the radius of the point, the

volume of this region is, if d is small compared with a, equal to

47ra^a and if n is the number of molecules in unit volume of gas

the number of molecules in the region is ^^ira-dn, hence the work

done in this region per molecule per second is Voi/4<Tra"dn ;
we have

seen reasons for supposing that the condition for luminosity is that

this should reach a definite value ; since d is proportional to X, the

mean free path, and X, is proportional to 1/n, dn will be independent

of the pressure, hence the condition for luminosity is that V^i = ca?,

where c is constant as long as the gas remains the same.

We have seen however that
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where C is a constant, ^"0 the velocity of the ion under unit electric

force at unit pressure, V the potential of the point, V a constant,

hence the condition V^,i = ca~ is equivalent to

V^V'+K —. (1).

Hence if F4 is the potential of the point when luminosity-

appears at a pressure pji , Fg the potential for the pressure pj^,

Va-V'+Jp^{Vj,-V').
V pB

This is the relation between the potential and the pressure which

Ewers has verified over a wide range of pressures.

Since the velocity of the negative ion is greater than that of

of the positive, the second term in equation (1) will, other things

being the same, be less when the point is negatively charged than

when it is positively charged ; this is one reason why the potential

required to produce luminous discharge from a positive point is

greater than that required for a negative one.

250. The appearance of the discharge between a point and a

plate inidergoes very interesting changes as the potential difference

between the point and the plate is gradually increased. Take for

example the case of a negatively electrified point in front of a

plane, when first the discharge sets in the ionisation and luminosity

are confined to the region close to the point, the electric field is

very weak except in this neighbourhood, and in this case the

current is carried entirely by negative ions. These negative ions

produce a distribution of free negative electricity between the

point and the plate ; this electrification alters the distribution of

the electric field, tending to make the electric force increase in the

neighbourhood of the plate ; the field near the plate will get more

and more intense as the current and the density of the free

electricity increase, until it gets so large that it produces ionisa-

tion and luminosity at the plate, and a glow appears at the anode.

The current will no longer be carried entirely by negative ions for

positive ions produced at the anode will travel back to the cathode :

the relation between the current and the potential difference will

be changed by the participation of ions of both signs in the

discharge. The positive electricity streaming back from the anode

T. 0. 33
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will affect the distribution of the electric force, tending to make it

increase towards the cathode ; the force near the cathode increases

until it gets large enough for corpuscles to produce ions by

collision in the neighbourhood of the cathode ; as these ions

produce other ions the current and the luminosity around the

cathode increase rapidly, and we get a new stage in the discharge.

This stage is exceedingly well-marked at low pressures and occurs

with great abruptness : the current rapidly increases and at low

pressures may become so large that the cathode gets red hot by the

impact on it of the positive ions ; the supply of corpuscles at

the cathode is increased since the incandescent metal gives out

corpuscles on its own account, thus since an increase in the current

will increase the corpuscles given out in this way, and the increase

S c n a rq e

J\l£c,f\Tive DiscHAKQe

Current
Fig. 140.
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in these corpuscles will lead to an increase in the current, the

conditions will become unstable, the current will rapidly increase

and an arc discharge will pass, the potential difference falling to a

very small value, the supply of corpuscles now being produced from

the incandescent cathode and not by ionisation by collision in the

electric field. The general character of the change in the relation

between the potential difference and the current as the character

of the discharge changes is indicated in Fig. 140, taken from

a paper by Topler*.

251. Analogous changes in the discharge take place if we
replace the point by a thin incandescent platinum wire coated

with lime, and in this case the distribution of the electric force is

much more easily studied than with the point as the changes take

place with much smaller potential differences. I have been able

in this way to study the gradual transition of the discharge from

the first appearance of the anode glow to the development of the

luminosity round the cathode. It is possible to get in this way an

intermediate stage in which the discharge presents the appearance

shown in Fig. 141. Here there is a crescent-shaped luminous patch

C

141.

between the anode and the cathode ; the measurement of the

electric force between the electrodes showed that the free electricity

has produced the distribution represented by the lower curve in

* Topler, Ann. dcr riiiji>. vii. p. -177, l'J02.

33—2
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Fig. 141, the electric force having a maximum value at the

luminous crescent ; thus in this region the electric force due to

the free electricity has risen to the value at which luminosity and

ionisation set in, producing the isolated luminous meniscus; as

the current is increased this meniscus approaches the cathode

;

when it arrives at a short distance from it, the change to the

form in which there is a great development of negative glow sets

in, and there is a great change in the appearance of the discharge

and in the distribution of the electric field.

The ionisation in the patch in Fig. 141 makes this portion of

the gas act as an anode and the free electricity due to the ions

coming from it may cause the electric field between it and the

cathode to rise again to a value when ionisation sets in, producing

a second isolated luminous meniscus. In this way we may get

a succession of striations causing the discharge to resemble that

shown in Fig. 138.

Earhart's experiments (p. 455) seem to indicate that when
the electric force reaches a certain very high value the ions can

come from the metal ; it would be interesting to further test this

view by seeing if a moderate potential was able to produce a

discharge fi-om an exceedingly fine point in a good vacuum.

Pressure in the Spark.

252. The ions in the electric field acquire kinetic energy and

as the pressure in a gas is proportional to the kinetic energy

per unit volume the pressure along the path of the spark will be

increased. This increase in pressure may be very large ; for it is

easy to show that the kinetic energy given to the ions, when a

quantity of electricity equal to Q passes through the spark, is equal

to VQ, where V is the spark potential. To take an example, let

us suppose that we have a spark one cm. long through air at atmo-

spheric pressure, and that we discharge by this spark the charge

in a condenser of 1000 cm. capacity charged to the potential

difference required to produce the spark ; this potential difference

is about 30000 volts, i.e. 100 in electrostatic units, hence in this

case V = lO-^ and Q = 10= x 10^ thus the energy given to the gas

is 10^ ergs. Now if this energy were distributed throughout 1 c.c.

of gas it would increase the pressure by Q-Q atmospheres, it is
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however confined to the very much smaller volume traversed by

the spark, the pressure in this region being proportionately

greater ; to take j^ of a c.c. as the volume of gas traversed by

the spark would probably be a very large over-estimate, and yet

even if the volume were no less than this the initial pressure

along the path of the spark would be 6G0 atmospheres. This

high pressure would spread as a pulse from the region of the

spark gap, the pressure in the pulse, when this had got so far

from the spark gap that it might be regarded as spherical,

varying inversely as the square of the distance from the spark

gap.

A well-known instance of the effects produced by this pressure

is what is called the ' electrical bomb,' where a loosely -fitting plug

in a closed vessel is blown out when a spark passes through the

vessel. The effect can easily be observed if a pressure-gauge, in

which the pressure is indicated by the motion of a small quantity

of a light liquid, is attached to an ordinary discharge-tube, the

pressure in the gas being most conveniently from 2 to 10 mm.

of mercury. At the passage of each spark there is a quick move-

ment of the liquid in the gauge as if it had been struck by a blow

coming from the tube ; imiiiediately after the passage of the spark

the liquid in the gauge springs back within a short distance of its

position of equilibrium and then slowly creeps back the rest of the

way. This latter effect is probably due to the slow escape of the

heat produced by the passage of the spark; the gauge behaves

just as it would if a wave of high pressure rushed through the

gas when the spark passed. The increased pressure due to the

discharge has been described by Meissner* and by De la Rue

and Mullerf.

The existence of a pulse spreading from the spark has been

beautifully demonstrated by ToplerJ who studied by the method

of instantaneous illumination the region round the spark innne-

diately after it had passed. As the density of the air in the pulse

differs from that of the surrounding gas, the pulse is optically

different from the rest of the field and so can be made visible.

Fig. 142 a, taken from Topler's paper, represents the appearance

• Meissner, Abhand. der kimin. Gi':iellsclutft Gottingeii, xvi. p. 98, 1871.

+ De la Rue and Miillcr, Phil. Tnins. 1880, p. 86.

+ Ti3pler, Po(j(j. Ann. cxxxi. pp. ^i^, 180, 1867 ; cxxxiv. p. 194, 18(38.
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of the field looking so as to see the whole length of the spark,

Fig. 142 6 the appearance when the spark is looked at end-on.

Fig. 142.

Topler noticed that the initial disturbance close to the spark-

gap showed periodic expansions and contractions, as if the regions

of greatest disturbance were distributed at equal intervals along

the length of the spark. There was an exceptionally large pro-

tuberance in the neighbourhood of the cathode.

In an experiment due to Hertz, which also illustrates well

the explosive effects due to the spark, the explosion seemed to be

more vigorous at the anode than at the cathode * ; in this experi-

ment the anode was placed at the bottom of a glass tube with

a narrow mouth, while the cathode was placed outside the tube

and close to the open end. The tube and the electrodes Avere in

a bell-jar filled with dry air at a pressure of 40—50 mm. of

mercur3^ When the discharge from a Leyden jar charged by

an induction coil passed through the tube, the glow accompanying

the discharge was blown out of the tube and extended several

centimetres from the open end ; the effect was not so marked when

the electrodes were reversed.

Haschek and Machef, by measuring the pressure at the surface

of a vessel through which sparks from a high tension transformer

were passing, have calculated the pressure in the spark ; with brass

electrodes and sparks 3 mm. long they estimated the pressure of

the spark in air at a pressure of 704 mm. of mercury as 51 '7 atmo-

* Hertz, Wied. Ann. xix. p. 87, 1893.

+ Haschek and Mache, Wied. Ann. Ixviii. p. 740, 1899.



252-253] SPARK DISCHARGE. 519

spheres, in carbonic acid at the same pressure 52'2 atmospheres,

and in coal gas as 72'7 atmospheres ; they found that the pressure

in the spark was, as might be expected from the diminution in

the spark potential, less when the pressure of the gas through

which the spark passed was low than when it was high : thus in

one of their experiments the pressure in the spark was estimated

by them to be 27'2 atmospheres when the pressure of the air was

585 mm. of mercury, when the air pressure was reduced to 96 mm.

of mercury the spark pressure fell to one atmosphere. They found

too that the spark pressure depended upon the nature of the

electrodes; thus under similar conditions they found that the

spark pressures in air with electrodes of carbon, iron and brass

were respectively 124, 79, 64 atmospheres. When as in these

experiments sparks follow each other in rapid succession, the spark

is carried to a considerable extent by the metallic vapour from the

electrode.

Haschek and Exner* and Mohlerf have published estimates of

the spark pressure derived from observations of the displacement

of the lines in the spectrum of the spark due to the electrode.

Humphreys^ has shown that the effect of increased pressure in

the vapour of a metal is to displace the lines towards the red end

of the spectrum, and has measured the displacement for various

pressures ; hence if we assume that the displacement of the lines in

the spark spectrum is due to the pressure of the spark, by measuring

this displacement we can deduce the pressure in the spark.

The magnitude of the pressures in the spark explains the

mechanical effects produced by sparks, such as the perforation of

pieces of cardboard or thin plates of glass.

Heating Effects produced hy Sparks.

253. A large part of the energy given to the ions during

the discharge will appear as heat and will raise the temperature

of the gas and the vessel in which it is contained. Measurements

of the heat produced by sparks have been made by Riess§,

* Haschek and Exner, Wien. Sitzutigs. cvi. p. 1127, 1897.

t Mohler, Astrophyaical Journal, iv. p. 175, 1896.

X Humphreys, Astrophysical Journal, vi. p. 169, 1897.

§ Kiess, lleibungselektriciicit.
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Paalzow*, G. Wiedemann f, Naccari and Bellati+, Poggendorfif§,

Dewarjl, Rollmannit, Naccari**, Villariff, Mugna|+: measure-
ments in absolute measure have been made by Heydwiller§§ and
KaufFmann|i||. These experiments have mostly been made on
the heat developed by the sparks produced by discharging Leyden
jars; the most definite result obtained is that the heat produced
in the spark gap is only a small fraction of the energy in the jar

before it was discharged. The discharge of the jar is oscillatory,

so that in this case we have a series of sparks following one another
across the gap in quick succession; under these circumstances
there is a great tendency for the spark to change into an arc, and
in the arc the potential difference between the electrodes, and
therefore the heat produced by a given current, is very much less

than for the spark. The relation between the electromotive force

and the current in the case of the discharge through gases is in

general so different from that for metals that it is somewhat
misleading to speak of the resistance of the spark gap : it may,
however, give some idea of the small amount of energy dissipated

in the spark gap to say that the heating effect for sparks six

millimetres long has been found in some cases investigated by
Miss Brooks nil to be not greater than that which would have
occurred if a wire about 2 ohms resistance occupied the position
of the spark.

254. Schuster and Hemsalech*** have made some very in-

teresting researches on the constitution of sparks following rapidly

one after another, such as are produced by the oscillatory discharge

of a Leyden jar. The sparks were photographed on a rapidly

moving film mounted on the rim of a wheel making about 30 revo-

* Paalzow, Pogg. Ann. cxxvii. p. 126, 1866.

t G. Wiedemanu, Pogg. Ann. clviii. p. .35, 1876.

X Naccari and Bellati, Beib. ii. p. 720, 1878.

§ Poggendorff, Pogg. Ann. xciv. p. 632, 1855.

II
Dewar, Proc. Roy. Soc. Edin. vii. p. 699, 1872.

IT Eollmann, Pogg. Ann. cxxxiv. p. 605, 1868.
** Naccari, Att. di Torino, xvii. p. 1, 1882.

tt- Villari, Beih. iii. p. 713; iv. p. 404; v. p. 460; vi. p. 699; vii. p. 782.

n Mugna, Beih. vi. p. 953.

§§ Heydwiller, Wied. Ann. xliii. p. 310, 1891 ; Ixi. p. 541, 1897.

nil Kauffmann, Wied. Ann. Ix. p. 653, 1897.

nil Miss Brooks, Phil. Mag. vi. 2, p. 92, 1901.
*** Schuster aud Hemsalech, Phil. Trans. 1899, vol. cxciii. p. 189.
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lutions per second ; the motion of the fihn was at right angles to the

length of the spark, so that the line traced on the film by a source

of light moving with finite velocity along the spark length would

be inclined to the direction of the spark, and its inclination would

(if the velocity of the film were known) give the velocity of the

source of light. By sending the light from the spark on its way

to the film through a spectroscope the velocity corresponding to

any line in the spectrum could be determined.

The conclusion arrived at by the authors from these experi-

ments is that the first spark passes through air, but that if the

sparks follow each other in rapid succession (as they do when pi^o-

duced by the oscillatory discharge of a Leyden jar) and are not

too long, the succeeding ones pass through the vapour of metal, the

electrodes being vaporised by the heat produced by the first spark.

This view is confirmed by a very interesting experiment made by

the authors : they found that if self-induction was put into the

spark circuit by which the jars were discharged the air lines almost

disappeared from the spectrum of the spark while the metal lines

were very bright : the self-induction increases the time the oscilla-

tions last and so enables the vapour of the metal to get well diffused

through the spark gap, the discharge passing for by far the greater

part of the time through the vapour so that most of the energy is

spent in heating this and not the air.

The authors found that the velocity of the metallic vapours in

the spark was greater for the metals of low atomic weight than

for those of high; thus the velocity of aluminium vapour was 1890

metres per second, that of zinc and cadmium only about 545.

The very interesting result was obtained that the velocities

of the vapours of some metals and especially of bismuth indicated

by some of the lines in the spectrum were not the same as those

indicated by other lines, thus in bismuth some of the lines indi-

cated a velocity of 1420 metres per second, others a velocity of only

about 550, while one line (X = 3793) gave a still smaller velocity.

This result raises some very interesting questions, as for instance

whether bismuth is a mixture of different elements, some of the

lines in the spectrum being due to one constituent, others to the

other constituents ; another possibility is that the molecules even

of an element are not all of the same kind, and that the different
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lines in the spectrum are emitted by molecules of different kinds

;

we should also get a similar effect if the relative intensities of

the lines varied greatly with the kinetic energy possessed by a

molecule ; if for example the intensity of a line a was very much
greater than that of a line ^, for a rapidly moving molecule, and

very much less for a slowly moving one, then, if the molecules of

the vapour were projected with different velocities, the line a

would indicate a higher velocity than /3. There are some reasons

for thinking that many of the lines in spectra obtained by arcs and
sparks originate from systems formed during the discharge and
not from the normal atom, if this were the case we could easily

understand why different lines should indicate different velocities.

Schenck* has also observed the appearance presented in a

rapidly rotating mirror when the alternating current produced by
discharging a number of Leyden jars passes across an air space, he
found that the discharge presented three characteristic features,

(1) a thin bright line followed in some cases at intervals of half

the period of the discharge by fainter lines, (2) bright curved

streamers starting from the negative terminal, the velocity of the

particles in the streamers felling off rapidly as they receded from

the pole, (3) a diffused glow lasting for a much longer period

than either of the preceding. These three constituents give out

quite different spectra.

Effect of a Magnetic Field on the Spark.

255. We shall see later on that a magnetic field produces a

very great effect on the discharge through gases when the pressure

is low. At atmospheric pressure, however, the effects on the spark

itself are very slight, although the halo of luminous gas which

surrounds the course of the sparks when a number of sparks

follow each other in rapid succession is drawn out into a broad

band by the magnetic field. This halo, it may be observed, is

deflected by a current of air though the spark itself is not affected.

Prechtf has observed a distinct effect of a magnet on a spark at

atmospheric pressure when the sparks pass between a sharp point

* Schenck, Astrophysical Journal, xiv. p. 116, 1901.

t Precht, Wied. Ann. Ixvi. p. 676, 1896.
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and a blunt wire ; the spark is deflected by a transverse magnetic

field in the same direction as a flexible wire conveying a current

in the same direction as that passing through a spark would be

deflected. He found, too, that the magnetic field affected the

spark potential ; thus when the distance between the electrodes

was 8 mm. and the transverse magnetic force 7017, he found that

when the pointed electrode was the anode, the rounded one the

cathode, the magnetic field reduced the spark potential from 8670

volts to 7520 volts, while when the point was cathode, the rounded

electrode anode the same magnetic field increased the potential

from 6250 to 6450 volts.

Appeatnnce of Long Spai-ks.

256. When sparks are of considerable length they exhibit a

branched appearance, as shown in Fig. 143, the branches pointing

Fig. 143.

to the negative electrode ; the electricity flowing along those

branches which terminate abruptly must ultimately find its way to

the electrodes by a dark discharge. The appearance of the spark

is different at the positive and negative terminals, there is a single

straight stem at the positive, while at the negative the discharge

is divided into several threads. The spark along its course

exhibits abrupt changes in direction as if it made its way by

a series of jumps rather than as an uninterrupted stream.
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CHAPTER XVI.

DISCHARGE THROUGH GASES AT LOW PRESSURES.

257. When the electric discharge passes through a gas at

a low pressure differences in the appearance of the discharge at

various points in its path become very clearly marked. The

discharge (Fig. 144) presents the following features : starting from

the cathode / there is a thin layer of luminosity spread over its

Fig. lu.

surface, next to this there is a comparatively dark space, called

the Crookes dark space, the width of which depends on the

pressure of the gas, increasing as the pressure diminishes ; it also
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as Schuster* has shown depends, under some conditions, on the

intensity of the current ; the boundary of the dark space is

approximately the surface traced out by normals of constant

length drawn to the surface of the cathode ; beyond the dark

space there is a luminous region called the ' negative glow
'

;

beyond this again is another comparatively dark region called by
some writers the 'second negative dark space ' and by otheis the

' Faraday dark space,' its length is very variable even when the

pressure is constant ; beyond this again there is a luminous

column reaching right up to the anode and called the 'positive

column
' ; when the current and pressure are within certain limits

this column exhibits remarkable alternations of dark and bright

spaces, these are called striations and are shown in Fig. 145.

Fig. 145.

The figure is taken from a paper by De la Rue and Miiller, Phil.

Trans. 1878, pt. 1, p. 155. In long tubes the positive colunm

* Schuster, Proc. Roij. Soc. xlvii. p. 557, 18'J0
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constitutes by far the greater part of the discharge, for the

Crookes space, the negative glow, and the Faraday dark space do

not depend markedly upon the length of the tube, so that when

the length of the discharge is increased, the increase is practically

only in the length of the positive column; thus for example in a

tube used by the writer about 15 metres long the positive column

occjixpied the whole of the tube with the exception of two or three

centimetres close to the cathode.

Distribution of the Electric Force along the discJiarge.

258. The electric force varies greatly along the discharge ; it

has been measured by Hittorf*, Graham f. A, Herzij:, Skinner §,

and H. A. Wilson||. The method employed by these observers

was to measure the jDotential acquired by a metal wire placed in

various positions along the line of discharge, if the potential of

the wire is the same as that of the gas with which it is in contact

we get from these observations the means of determining the dis-

tribution of electric force along the tube. As an examj)le of how

this method is carried out in practice we may take the apparatus

used by H. A. Wilson and shown in Fig. 146. The discharge

— ro PMip ere

Ym. 146.

passed between two aluminium discs G and B supported by thin

glass rods which kept them a constant distance apart. Flexible

wire spirals connected these electrodes with wires sealed through

the ends of the tube. A piece of iron R was fixed to the frame

carrying the electrodes and enabled it to be moved along the

* Hittorf, Wicd. Ann. xx. p. 705, 1883.

t Graham, Wied. Ann. Ixiv. p. 49, 1898.

X A. Herz, ^Y^ed. Ann. liv. p. 246, 1895.

§ Skinner, Wied. Ann. Ixviii. p. 752, 1899.

II
H. A. Wilson, Phil. Mag. v. 49, p. 505, 1900.
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tube by means of a magnet. Two electrodes E, F about 1 mm.
apart were fused through the side tube G ; these electrodes were

connected with a quadrant electrometer whose deflection gave the

difference of potential between E and F, and hence the electric

force at this part of the tube. By moving the framework, EF
could be brought into any part of the discharge between G and B,

and thus the distribution of electric force between the electrodes

mapped out. Another method which has been used is to keep

the electrodes G and D fixed and move E, F by attaching them to

a support floating on the top of a column of mercury the height of

which could be altered.

For methods such as those just described to be successful the

secondary electrodes must take up the potential of the gas with

which they are in contact ; to enable them to do this quickly

there must be a plentiful supply of both positive and negative

ions in the gas to give up their charges to the wire and thus

raise or lower its potential to equality with the surrounding

gas; the results obtained seem to justify the assumption that at

moderate pressures the secondary electrodes do in most parts of

the discharge acquire the potential of the gas, but the method is

a dangerous one when the pressure is very low, or when the

wire is placed in the Crookes sj^ace where the conductivity is

very low.

Thus, to take an extreme case, suppose that a secondary

electrode is placed in an enclosure in which there are torrents

of negative ions but no positive ones, then the wire will go on

receiving negative electricity until it gets so highly charged that

it is able to repel the negative ions sufficiently to prevent any

more striking it ; when this stage is arrived at its potential may

be lower than that at any point in the enclosure previous to its

introduction.

259. I have suggested for discharge at low pressures the use

of a method in which the deflection of the cathode rays is used

to measure the strength of the electric field. The apparatus used

to carry out this method is shown in Fig. 147. A and B are

the electrodes kept at a constant distance apart and attached

to springs, by means of which they can be moved along the

tube. E and F are side tubes placed in line with each other,

34-2
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in E cathode rays are produced by a Wimshurst machine,

a pencil of these rays passes through a small hole in the disc G,

traverses the electric discharge passing between A and B, then

î^G

^-^tmi'onnnnro-vfVT-ri-y i-\-\-t-i
-J

U'rrrrt i < m' i
<•"««"' i A

Fig. 147.

travels down the tube F producing a bright patch on a phos-

phorescent screen placed at the end of the tube. As the cathode

rays are deflected by the electric force along the line of discharge

the patch on the screen will be deflected from the position it

occupies when the discharge is not passing; by measuring this

deflection we can determine the electric force at the part of the

discharge traversed by the rays ; by moving the electrodes A and

B along the tube we can map out the electric field at all parts of

the discharge. Mr Strachan at the Cavendish Laboratory has in

this way obtained the distribution of electric force in gases at low

pressure.

260. The distribution of electric force in a discharge tube

under various circumstances as to pressure and current is repre-

sented in the following figures in which the ordinates represent

the value of the electric force at a point in the tube whose position

is fixed by the abscissa. From these curves we infer that the
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electric force is very large indeed in the Crookes dark space,

diminishes rapidly towards the negative glow, and in the negative

glow itself it is very small; it reaches a minimum either in the

glow itself or in the portion of the Faraday dark space just

outside the negative glow, after which it increases, towards the posi-

tive column ; in the case of a uniformly luminous positive column

(Fig, 148) the electric force is constant along it until we get quite

r^ J >>.
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Fig. 148.

close to the positive electrode ; a sudden jump in the potential,

called the anode fall of potential, occurs quite close to the anode

;
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in many of Wilson's experiments this drop was preceded by the

electric force falling to an exceedingly low value ; in some cases

indeed it was apparently reversed ; it is not certain however that

this apparent reversal may not have been due to disturbances

produced by the introduction of the wires, &c., used to measure

the potential. When the positive column was striated then, as

we see from Fig. 149, the alternations of luminosity in the

positive column are accompanied by alternations in the value of

the electric force, maxima of the electric force occurring at the

— ——
-t-r" r\

——— — —
M

v^
—" \^

i /
\j

N
\ ' —

1

-N
s^^_ ¥f \,

Fig. 150.

bright parts of the strise, minima at the dark parts. Graham

showed that when the gas was impure there were considerable

variations in the electric force even in the luminous positive

column; this is shown in Fig. 150 and Fig. 151, which repre-

bo So loo

Fig. 151.

/49 'feo 'So 200

sent the distribution of electric force in an impure gas and in one

which had been carefully purified. When there is no positive
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column there is no region of constant intensity between the anode

and the negative gh^w.

If A^ is the electric force, supposed parallel to x, and p the

density of the electrification, then from the equation

we see that the slope of the curves for X enables us to find the

excess of the positive over the negative ions at each point of the

discharge ; an inspection of the curves shows that there is a very

large excess of positive over negative in the Crookes dark space

;

in the negative glow the positive and negative ions are about

equal in number ; in the Faraday dark space there is an excess of

negative ions ; in the uniform positive column the two kinds of

ions are about equal in number, while in a striated positive

column there is a negative charge on the cathode side of the

bright part of a striation and a positive charge on the anode

side.

261. Bistvihidion of electric force near the cathode. The
electric field in the neighbourhood of the cathode has been the

subject of many researches. Hittorf* showed that the potential

difference between the cathode and a point in the negative glow was
independent of the current, provided this was not great enough to

cause the negative glow to enclose the whole of the cathode. When
that stage was reached the potential between the cathode and the

glow increased with the current. Thus if the cathode is a wire,

then Avhen the current is small the negative glow only surrounds

the tip of the wire ; as the current is increased the negative glow

encloses more and more of the wire, but it is not until the glow

reaches the end of the cathode that the difference of potential

between the cathode and the glow begins to be affected by the

current. This difference of potential is called the cathode fall of

potential. Warburgf showed that it was independent of the pres-

sure of the gas, and that the potential fall was practically the same
whether platinum, zinc, copper, silver or iron electrodes were

used ; it was, however, considerably less when the electrodes were

* Hittorf, Wicd. Ann. xx. p. 705, 1883.

t Warburg, Wied. Ann. xxxi. p. 545, 1887 ; xl. p. 1, 18',10.
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made of aluminium or magnesium. Mey* has recently shown

that the cathode fall of potential depends more than had been

supposed on the nature of the cathode, and that it falls to com-

paratively low values for the strongly electro-positive alkali metals

(see also Lyman, Proc. Camh. Phil. Soc. xil. p. 45, 1902). With

zinc, copper and iron electrodes the cathode fall of potential

is often abnormally small when the electrodes are new ; it

rises however to its normal value after the electrodes have

been used for some time. Warburg ascribes this effect to the

presence of a thin layer of oxide on the new electrode, which gets

removed in course of time by the disintegration which occurs when

the metal is used as a cathode. Hittorf-f* discovered that the

cathode fall became exceedingly small when the cathode was

raised to a red heat. Goldstein^ and Warburg (loc. cit.) found

that the diminution in the cathode fall became much less when

the heating was continued for a long time. It is worthy of remark

in this connection that the emission of negative electricity from

an incandescent wire often falls off very considerably after long-

continued heating. Warburg found that a trace of impurity in

the gas produced surprisingly large effects on the cathode fall of

potential. Thus he found that the cathode fall in nitrogen which

contained traces of moisture and oxygen was, with a platinum

cathode, 260 volts, while the same nitrogen, after being very care-

fully dried, gave a cathode fall of 343 volts ; thus a mere trace of

moisture had diminished the cathode fall by 25 per cent. As long

as the total quantity of water vapour is small, the lowering of the

cathode fall does not seem to depend much upon the amount of

aqueous vapour present ; when however there is much water

vapour present the fall is greater than in pure nitrogen ; thus in

a mixture of aqueous vapour and nitrogen in which the pressure

due to the aqueous vapour was 2'3 mm., that due to the nitrogen

3"9 mm., the cathode fall was 396 as against 343 in nitrogen with

a trace of oxygen; the increase in the cathode fall was, however,

not nearly so great as that in the potential differences along the

positive column. In hydrogen Warburg found that a trace of

aqueous vapour increased the cathode fall of potential.

* Mey, Verhand. Deutschen Physikalischen Geselhchaft, v. p. 72, 1903.

t Hittorf, Wied. Aidi. xxi. p. 133, 1884.

J Goldstein, Wied. Ann. xxiv. p. 91, 1885.
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Warburg* also investigated the effect of removing from the

gas all traces of oxygen. This was done by depositing on the

inside of the tube a thin layer of sodium, the layer was formed by

placing the tube in sodium amalgam, heating the glass and sending

a current of electricity from the amalgam through the hot glass to

an electrode inside the tube : the sodium thus deposited combined

with any oxygen there might be in the tube. The removal of the

oxygen produced a very great effect on the potential fall ; thus in

nitrogen with platinum electrodes the cathode fall was reduced by

the removal of a trace of oxygen from 343 to 232 volts, while with

magnesium electrodes the cathode fall when there was no oxygen

was 207 volts. In hydrogen free from oxygen the cathode fall was

300 with platinum electrodes and 168 with magnesium electrodes;

thus with platinum electrodes the cathode fall is greater in

hydrogen than in nitrogen, while with magnesium electrodes it is

less. The results given in the tables on p. 486 show that the

pressure of oxygen diminishes the ionising joower of the positive

ions.

The following table contains the results of the measurements of

the cathode fall of potential in various gases by Warburg (loc. cit.),

Capstickf and Strutt|; it also contains the measurements by

Gas

Cathode fall in volts

Platinum electrodes
Cathode
fall with

aluminium
electrodes.

Warburg

Minimum po-

tential diii'er-

ence required

to produce a

spark. StruttWarburg Capstick Strutt

Air 340-350
about 300

230 if free

from
340

298
369
232

469
582

226

168

20'7

341
302—308

251

261—326

Ho
O2... .

No

Hg vapour
Helium ...

HoO
NH,

Strutt of the least potential difference able to produce a spark

through the various gases. We see from the results that tliere is

* Warburg, Wiecl. Ann. xl. p. 1, 1890.

t Capstick, Vroc. Roij. Soc. Ixiii. p. 356, 1898.

X strutt, Phil. Trans, cxciii. p. 377, l',)00.
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very considerable evidence in favour of the view that the minimum
potential difference required to produce a spark through a gas is

equal to the cathode fall of potential in that gas.

The influence of the material of the electrode is shown by the

results quoted in the following table which is due to Mey (^.c).

Cathode Fall.

Electrode

Gas

Pt Hg Ag Cu Fe Zn Al Mg Na Na-K K

0., ... 369
H., ... 300 295 280 230 213 190 168 185 169 172
N. ... 232 226 207 178 125 170
He ... 226 80 78-5 69
Arg... 167 ... 100 ... ...

Capstick found that if in dry gases a trace of oxygen was

present the cathode fall was approximately the same as in pure

oxygen. This is borne out by the results of the experiments of

Warburg already quoted on the effect produced by a trace of

oxygen in the presence of nitrogen. When water vapour is

present it would appear from Warburg's experiments that this

effect of the oxygen is to a large extent neutralised. We have

already (p. 506) alluded to Warburg's experiments on the great

diminution in the rate of escape of negative electricity from

a point in nitrogen produced by the presence of a trace of oxygen;

it seems probable that this effect is connected with that of a trace

of oxygen on the cathode fall. The latter effect can hardly be due

to any oxidation of the electrode, for Warburg has shown that the

potential fall at slightly oxidised surfaces is less than that at

bright ones.

262. For the compound gases HoO and NH3 the cathode

fall seems to obey the additive law, thus the cathode fall in

HoO = cathode fall in Ho + ^ cathode fall in Oo, while the cathode

fall in NH3 = J- cathode fall in No + f cathode fall in H, ; the

connection between the cathode fall in a gas and its chemical

composition suggested by the two results just quoted is not

confirmed by the observations of Matthies* on the cathode fall

* Matthies, Ann. der Phys. xvii. p. 675, 1905.
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in the compound gases HgCL, HgBro, HgL. For these gases the

cathode fall of potential in air with a platinum cathode are

respectively 365, 395, and 432 volts, while the cathode fall for

mercury vapour is 340 and for iodine vapour 377. The experi-

mental difficulties are, however, very great when compound gases

are used, as with these gases it is exceedingly difficult to get

a continuous discharge. If a circuit containing a telephone is

placed in series with the discharge tube, Capstick found that it

is almost impossible to get the telephone silent when a compound

gas is in the tube, w^hile there is no difficulty whatever in doing

so with an elementary gas. The singing of the telephone indicates

that the discharge is intermittent, and when this is the case the

cathode fall cannot be measured. Carr came to the conclusion

that the minimum spark potential followed the additive law.

263. Current density at the cathode. H. A. Wilson* has

measured the current density at a cylindrical wire cathode when

the negative glow does not envelop the whole of the negative

electrode. Under these circumstances the glow assumes the appear-

ance shown in Fig. 152, its shape resembling a test tube with a well

marked lip at the end farthest from the anode ; as the current

increases the glow reaches further along the electrode, the length

TO PUM P £7

5V.^
Fig. 152.

of the glow being proportional to the current. Wehneltf has

shown that the discharge from the cathode is confined to the area

covered by the glow and that the current density is constant over

this area ; this shows that the current density at the cathode is inde-

pendent of the total current flowing through the tube, provided

that this is not so large as to make the glow envelop the whole of

the cathode. Wilson made a series of experiments in air at dif-

ferent pressures, ranging from 67 mm. to "023 mm., and found that

if G is the total cui;rent flowing through the tube in milliamperes,

* H. A. Wil.son, PliU. Ma[i.\\. 1, p. (UIS, 1902.

t Welmelt, Ann. der Phijs. vii. p. 237, 1!)02.
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I the length of wire covered by the glow in centimetres, d the

diameter of the wire in centimetres, ^j the pressure of the gas

in mm. of mercury, then Cll7r(d + '05)p is approximately con-

stant and equal to "4 ; this result indicates that the current

density at a point "25 mm. from the surface of the cathode is

constant when the pressure is constant whatever the diameter

of the wire, and is proportional to the pressure when this alters.

It is remarkable that the current density is the same for aluminium

as for platinum electrodes, though the cathode fall is different.

An inspection of Wilson's numbers shows that though G/p is

approximately constant there is a tendency for it to slowly

decrease to a minimum and then slightly increase again.

264. The distribution of electric force in the dark space and

negative glow. The first determination of the electric force in the

dark space was made by Schuster*, who showed that if V is the

difference of potential between the cathode and a point in the

dark space or negative glow at a distance x from the cathode, then

the relation

F=Fo(l-e-''-^),

where V^ is the cathode fall and k a constant (for constant pressure),

represented very approximately the results of his experiments.

. d-V
This distribution of potential would, since -j-^ = — 47r/c>, where p

so A
i = < rj \ _ L- 0-2:
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Fig. 153.

Schuster, Troc. Roy. Soc. xlvii. p. 526, 1890.
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is the density of the free electricity, involve in the dark space the

existence of a positive charge of electricity, whose density de-

creases in geometrical progression as the distance from the cathode

increases in arithmetical progression.

Graham*, who also measured the distribution of the electric

force in the dark space near the cathode in nitrogen, obtained

for the distribution of potential results represented by the curves

in Fig. 153. From these curves it would follow that although

throughout the greater part of the dark space the electrical charge

is positive, there is a layer of negative electricity just in front of

the cathode. Wehnelt has repeated Graham's experiments without

finding the nicks in the curve near the cathode ; he ascribes them

to the two exploring wires not being in the line of the current.

Wehnelt gives the following curves as representing the distribu-

Fig. 154.

tion of the equipotential surfaces near the cathode ; they probably

are influenced to some extent by the walls of the tube. Both

Schuster and Graham found that the electric force increased very

rapidly close to the cathode ; it was however very appreciable

throughout the dark space. Skinner f, in some recent experi-

ments, came to the conclusion that the whole of the cathode

fall takes place quite close to the cathode, and that the electric

force in the rest of the dark space is exceedingly small. I think

the latter result must be due to the exploring wire not having

* Graham, Wied. Ann. Ixiv. p. 49, 1898.

t Skinner, Phil. May. vi. 2, p. GIG, 1902.
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taken up the potential of the gas around it ; for Strachan, using

the method described on page 532, has found in agreement with

Schuster and Graham that although the force increases exceedingly

rapidly near the cathode, it is quite appreciable throughout the

rest of the dark space.

265. The cathode fall of potential ceases to be constant when

the negative glow covers the whole of the electrode, or when it

reaches to the walls of the tube ; its value under these circumstances

is always greater than the normal fall and may rise to a very high

value. Stark* has given the following formula connecting the

cathode flill of potential K with the intensity of the current when
this is large enough to cover the whole of the cathode with negative

glow

K = Kn + ^j(G- xpff-,

where Kn is the normal cathode fall, p the pressure of the gas,

/ the area of the cathode, C the current through the tube, and k

and X constants.

266. Thickness of the dark space. As the pressure diminishes

the dark space gets broader and broader : the connection between

the pressure of the gas and the width of the dark space has been

investigated by Puluzf, Crookes+, and more recently by Ebert§.

According to Ebert the width of the dark space is not in general

inversely proportional to the pressure of the gas, i.e. directly

proportional to the mean free path of the molecules of the gas.

The law found by Ebert when the cathode was so remote from the

walls of the tube that the latter did not exert any restriction on

the growth of the negative glow may be expressed as follows.

Let di, do be the thicknesses of the dark space in the same gas

at the pressures pi, p^ respectively, then

di^/p2

do \2h

where m is a positive quantity in general less than unity; he

* Stark, Physikalische Zeitschrift, iii. p. 274, 1902.

t Puluz, Wien. Sitz. Ixsxi. p. 874, 1880.

X Crookes, Phil. Trans, clxx. p. 138, 1879.

§ Ebert, Wied. Ann. Ixix. pp. 200, 372, 1899.
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found that for the gases examined, air, Oo, Ho, N.,, CO, and CO.j,

there was a discontinuity in the relation between d and j^

when a certain pressure FT, different for the different gases, was

reached, the vahie of m for pressures greater than 11 differing

from its vakie for lower pressures ; thus to take oxygen as an

example, Ebert found that for pressures greater than '7 mm. of

Hg m had the value '459, while for loAver pressures m was equal

to '738. It is remarkable that the pressure "7 mm. is the pressure

at which Bohr*, Baly and Kamsayf found a discontinuity in the

relation between the pressure and the volume of the gas to occur.

Battelli| also obtained this result. Lord Rayleigh§, who made

a very careful examination of the relation between the pressure

and the volume of oxygen, was unable to detect any such dis-

continuity. Newall|| discovered that the electrodeless discharge

through oxygen behaved very differently according as the pres-

sure was greater or less than a certain critical pressure which

was about "7 mm. Ebert ^ gives the following values for II, the

pressure at which the change in the law connecting p and d

appears, and for d the thickness of the dark space at a pressure

of 1 mm.

Gas n d

H., 2'0 mm.
1"3 mm.
1-0 mm.
1-1 mm.
0-9 mm.
0*7 mm.

3-8

2-6

2-2

2-1

1-9

1-6

CO
No
COo
Air"

0,

He states that H is approximately proportional to the reciprocal

of the linear dimensions of the cathode ; if this is the case there

seems no reason for connecting H with the stage where there is

a change in the relation between the pressure and volume of the

gas.

* Bohr, Wied. Ann. xxvii. p. 459, 1886.

t Baly and Ramsay, Phil. Mmj. v. 38, p. 307, 1891.

X Battelli, Plit/sikalische Zeitsclirift, iii. p. 17, 1901.

§ Raylcigh, Phil. Trans. A. 196, p. 205, 1901.

II
Newall, Proc. Camh. Phil. Soc. ix. p. 295, 1897.

t Ebcrt, Verhand. Dnitsrh. Phi/sik. Gcs. ii. p. 99, 1900.
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267. The following results taken from Ebert's paper will

give some idea of the thickness of the dark space d at different

pressures p in different gases.

p in mm. of Hg I

2 '06

d in mm
|

1'2

p
I

1-18

d
I

1-64

p
I

3-05

d
I

1-5

p
I

2-85

d 1-0

1-24

1-8

0-73

2-09

0-61

2-4

Air

I

0-4';

3-1

2-04

2-0

1-91

1-5

Oxygen

0-45
I

0-29
I

2-93
I

4-16
I

Hydrogen

1-37
I

0-95
I

2-8
I

4-0
I

Nitrogen

1-25
I

0-82
I

2-() 2-7

0-2';

4-6

0-183

.5-48

0-72*

5-0

0-54*

4-0

0-19

7-0

0-129

7-69

0-54

5-6

0-35

6-5

0-083

10-43

0-40

7-0

0-26

8-0

0051
14-3

The results for hydrogen and nitrogen are plotted in Fig. 155,

where the ordinates represent the thickness of the dark space

and the abscissae the reciprocals of the pressure. It will be seen

that the points representing the experiments at the higher pres-

sures lie very well on straight lines, while at lower pressures they

no longer do so. The pressures when the curvature becomes

marked are close to the pressures called by Ebert the ' critical

pressure.' He found that as the pressure diminished the potential

Fig. 155.

difference between the terminals at first diminished until this

critical pressure was reached ; when the pressure was still further

reduced the potential difference increased as the pressure was
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diminished. The critical pressure was found to depend upon the

size of the vessel, the larger the vessel the lower the critical pressure.

The critical pressure marks the stage when the walls of the vessel

begin to restrict the formation of the glow and to complicate the

phenomena. In studying the laws governing the formation of the

dark space it is better to confine ourselves to pressures higher

than the critical pressure, when the walls of the tube do not

exert any influence. Confining our attention to such pressures,

I am inclined to interpret Ebert's experiments somewhat differ-

ently from Ebert himself His experiments show, I think, that d,

the thickness of the dark space, may be expressed in the form

a = a +-

,

P

where p is the pressure, and a and b are constants. If X is the

mean free path of a molecule of the gas, \ is proportional to 1/p,

and the preceding equation may be written in the form

d = a + I3X (1),

or the dark space measured from a distance a in front of the

cathode is proportional to the mean free path of a molecule of the

gas. If we plot the curve in which the ordinate is the thickness

of the dark space and the abscissa the mean free path of a mole-

cule of the gas, then taking X for nitrogen at atmospheric pressure

to be equal to 9*86 x 10~^ cm. and for hydrogen to 1'85 x 10~' cm.

(see Meyer, Kinetische Theoi'ie der Gase), we find that the curves for

hydrogen and nitrogen are almost identical ; this indicates that in

equation (1) the constants a and /S are the same for the two gases,

i.e. that if instead of measuring the dark space from the cathode

itself we measure it from a constant distance from the cathode

the thickness of the dark space bears to the mean free path of

the molecules of the gas a ratio which is the same for these gases.

The discharge in fact behaves as if the negative carriers came

from a region a little in front of the cathode, and not from the

cathode itself H. A. Wilson's experiments on the current density

at the surface of the cathode suggest the same view ; the value of

a, the constant in equation (1) as given by the curves in Fig. 155,

is about •4 mm. The thickness of the layer at the surface, of

Avhich Wilson found the current density to be constant, is in air

•25 mm. : these two quantities are of the same order, and we

T. G. 35
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cannot claim for the value of a as determined by the curve in

Fig. 155 any great accuracy, as a slight error in the observations

might produce a large percentage error in a ; for this reason

I think it possible that the identity of the values of a found for

hydrogen and nitrogen may be partly accidental, and more experi-

ments are needed before it can be considered as established that

a is the same for all gases. It would be interesting to see if the

thickness of the velvety glow which covers the surface of the

cathode is equal to a. When the negative glow covers the whole

of the cathode the thickness of the dark space depends upon the

current through the tube as well as the pressure of the gas, hence

in order to get the simplest relation between the thickness of the

dark space and the pressure, the current through the tube should

be small, so that the current density at the cathode may be

constant. Ebert's experiments were made with large currents.

Connection betiueen the thickness of the dark space and tJie free

path of a corpuscle.

268. The mean free path of a hydrogen molecule at 0^ C.

and 760 mm. pressure is 1"85 x lO"'^ cm. (Meyer, Kinetische Theorie

der Gase). The mean free path of a corpuscle will be greater than

this, first because the corpuscle is smaller than the molecule; if

for the sake of definiteness we take the view that the collisions

between two molecules and between a corpuscle and a molecule

are analogous to those between two elastic spheres, then, neglect-

ing the radius of a corpuscle in comparison with that of a molecule,

the distance between the centres of a molecule and a corpuscle

when in collision will be half the distance between the centres of

two molecules when in collision. Now the free path is inversely

proportional to the square of the distance between the centres

when the spheres are in collision ; thus the free path of the

corpuscle will be four times that of the molecule. Again, under

the electric field the corpuscles move with a velocity very great

compared with the average velocity of translation of the molecules,

so that the latter may be considered to be at rest. Maxwell* has

shown that the free path of a body moving through a collection

of molecules at rest is \/2 times the free path if the molecules

were moving with an average velocity of translation equal to that

* Maxwell, Collected Papers, vol. i. p. 386.



267-269] DISCHAEGE THROUGH GASES AT LOW PRESSURES. 547

of the moving body ; thus the mean free path of a corpuscle

moving through hydrogen at 0° C. and 760 mm. pressure will be

4 \/2 X 1"85 X 10~^ cm. ; the free path at a pressure of 1 mm. will

therefore be 4 \/2 x 1-85 x 760 x 10~^ cm., or about '8 of a milli-

metre. The thickness of the dark space in hydrogen at this

pressure reckoned from a distance '4 mm. from the cathode is

about 3"3 mm., or roughly four times the mean free path of the

corpuscle ; thus the thickness of the dark space is a quantity of

the same order of magnitude as the free path of a corpuscle

calculated on the very special hypothesis used above.

Schuster* found that the thickness of the dark space de-

pended to some extent on the current passing through the gas,

increasing slightly with an increase in current. Wehneltf on

the other hand found that the dark space contracted as the

current increased ; this seems to indicate that the dark space may
have a stationary value for some particular current, increasing or

decreasing with the current, according as the current is on one

side or the other of this particular value. The increase in the

thickness of the dark space as the current diminishes is shown in

a very striking way when a hot lime cathode is used. Starting

with a large current and gradually diminishing it the dark space

may be seen to expand to several times its original thickness

before the current becomes too small for the luminous discharfi-e to

pass.

269. Disintegration of the cathode. When the discharge

passes through the tube portions of metal shoot out normally from

the cathode and form a thin metallic film on the walls of the tube

or any body in the neighbourhood of the cathode ; indeed thin metal-

lic films for semi-transparent mirrors are now frequently made by

placing a piece of glass in a vacuum tube near a cathode made of

the metal it is wished to deposit and sending a current through the

tube. The amount of metal shot off from the cathode depends on

the pressure of the gas in the tube, it is much greater at low

pressures than at high. It depends also on the nature of the gas

;

thus there is very little disintegration of aluminium electrodes in

air, but a large amount in the monatomic gases, helium, argon and

* Schuster, Proc. lloi/. Soc. xlvii. p. .5.56, 18!)0.

t Welmelt, Fliysikaliische Zeit. ii. p. 51H, I'.lOl.

35-
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mercury vapour. It depends largely on the nature of the metal.

According to Crookes* the order of the metals in descending order

of disintegration is Pd, Au, Ag, Pb, Sn, Pt, Cu, Cd, Ni, In, Fe.

Granqvistf found that the order depended on the pressure of the

gas. Thus at high pressures he found that Pt lost more than Au,

at low pressures less. His results showing the connection between

disintegration and pressure are represented by the curves in

Fig. 156, where the ordinates are the loss of weight in milli-

Pt \

/»9 \\

\\ N

X^
O millimtCres 05 10

Fig. 156.

/•5 2.0

grammes in an hour for electrodes 12 mm. long, 4'8 mm. broad,

and '06 mm. thick when a cuiTent of 2'46 milliamperes passed

through the tube, and the abscissae the pressures. Granqvist

found also that the loss in weight in a given time is propor-

tional to the square of the current when the pressure is constant.

Crookes found that if the cathode consisted of the alloy of gold

and aluminium discovered by Roberts-Austen the gold was de-

posited while the aluminium was not ; thus the composition of the

cathode was changed by the discharge. The amount of metal

* Crookes, Proc. Roy. Soc. 1. p. 88, 1891.

t Granqvist, Oefversigt. Kgl. Vetensk. Akad. Fork. Stockholm, 1898, p- 709.
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volatilised from a cathode is very much greater than that from

the same wire when incandescent; thus Granqvist* found that he

got as much from a cathode in a few minutes as he got from the

same wire when incandescent and without charge, or when used as

an anode, in twelve hours. The streams of metal from the cathode

are deflected by a magnet, although not to anything like the

same extent as the cathode rays.

Holborn and Austin f have made some very interesting experi-

ments on the amount of disintegration of cathodes of different

metals under similar electrical conditions. They used a constant

current density of about 1 milliampere per square centimetre of

cathode surface ; this current density is large enough to make, at

the pressures they employed, the cathode potential fall depend

upon the pressure, so that by altering the pressure they could

obtain large variations in this fall. When the tube was filled

with air, they found that y, the loss of weight in 30 minutes from

circular cathodes 1 cm. in diameter, could for platinum, silver

(one sample), copper and nickel be represented by the formula

7 = 0-0016 -(F- 495) (1);

for silver (another sample), bismuth, palladium, antimony and

rhodium the relation was

y = 0-0018- (F-495) (2).

V is the cathode fall of potential in volts, A the atomic weight of

the metal, and -n, its valency : other metals such as iron,

aluminium and magnesium do not follow either of these laws.

The normal cathode fall was about 360 volts so that the

disintegration of the cathode does not become appreciable until

the cathode fall considerably exceeds its minimum value. For

those metals which follow the laws (l)or (2) we see that with the

same current and cathode fall the weight of cathode disintegrated

is proportional to the weight of those metals which would be

deposited in voltameters placed in series with the discharge tube,

the weight disintegrated is only equal to the amount deposited for

a particular value of the cathode fall ; in Holborn and Austin's

* Granqvist, Kgl. 4kad. Stockholiit, liv. p. 595, 1897.

t Holborn and Austin, Wissenscliaft. Ahhand. der Physik. Tech. Iteiclianstalt,

Bd. iv. p. 101, 1903.
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experiments this value was about 1000 volts, for smaller values of

this fall the amount disintegrated was much less while for larger

values of the fall it was greater than the amount deposited ; this

shows that the current through the tube is not transmitted from

the cathode to the gas entirely by the metal given off from the

cathode, and indeed there is no evidence that the disintegration of

the cathode plays an important or even an appreciable part in the

transmission of the current.

In hydrogen the disintegration is less than in air and Holborn

and Austin were unable to find any trace of a law similar to that

expressed by equations (1) and (2).

The case of hydrogen is an interesting one because there is

evidence that the presence of this gas in the metal used for the

cathode and its expulsion when the discharge passes has great

influence upon the discharge. The cathode, especially when the

pressure is not so low that the current density is small, emits

considerable quantities of hydrogen. This question has been

investigated by Skinner * ; in his experiments the discharge tube

was filled with helium at the comparatively high pressure of 3 mm.

of mercury, the current density was not great enough to affect the

cathode fall which was normal. The helium was carefully purified

and when first the discharge passed through the tube the

spectrum was free from the hydrogen lines, if the discharge

continued hydrogen lines soon appeared and the pressure of the

tube increased owing to the emission of hydrogen. The rate at

which the hydrogen was evolved was measured, and it was found

that it gradually decreased as the duration of the discharge

increased. If the current was stopped and the electrodes given a

rest for a day or so, then, even though the cathode had not been

in contact with hydrogen, on starting the current the initial rate

of evolution of hydrogen was as great as when the cathode was

first used. The amount of hydrogen that can be got out of a

cathode in this way is very large, thus from a silver electrode

•15 c.c. in volume Skinner obtained about 2 c.c. of hydrogen at

atmospheric pressure, without any indication that the supply was

in any way exhausted. At certain stages the rate at which

hydrogen was evolved from the cathode was equal to the rate at

which it was liberated from a voltameter placed in series with the

* Skinner, Phys. Revieiu, xxi. p. 1, 1905.
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tube. Skinner concludes from this that the hydrogen carries the

negative electricity from the cathode to the gas. I do not think we

have any evidence of this any more than in the analogous case of

the disintegration of metallic cathode, in fact the evolution of

hydrogen and the disintegration of metal seem to be quite

analogous, the former being most prominent when the potential fall

is small, the latter when it is large.

The effect of hydrogen on the discharge is, I think, closely

related to the effect produced by hydrogen on the emission of

negative corpuscles from hot metals.

H. A. Wilson (see p. 202) has shown that the presence of

hydrogen in a hot platinum wire enormously increases the rate at

which corpuscles are emitted by the wire. From this we may
conclude that it is much easier to get corpuscles from a cathode

charged with hydrogen than from one from which the hydrogen is

expelled. The cathode fall of potential depends upon the energy

which a positive ion must communicate to the cathode in order

to make it emit a corpuscle, thus if the cathode contains hydrogen

the cathode fall will be less than it would be if the gas were

removed. The hydrogen charged cathode may be regarded as

made up of two substances, one the metal Avith a large cathode fall

of potential, the other hydrogen with a low fall, and it will behave

approximately as a hydrogen cathode, the hydrogen furnishing the

corpuscles necessary for the maintenance of the current, the

hydrogen atoms being ionised by collision with the positive ions

striking against the cathode, and getting so much energy

conmiunicated to them that they are able to escape from the

cathode. It is not until the cathode fall gets very high that the

metal of the cathode gets ionised and disintegrated. The

evolution of hydrogen with low cathode fall may be looked upon

as the disintegration of a hydrogen cathode, when the cathode fall

gets greater we get superposed on this the disintegration of the

metallic part of the cathode. It would be interesting to make

measurements of the cathode fall of potential for metals free from

hydrogen, the difficulties of getting rid of the hydrogen are how-

ever very great. I described {Fhil. Mag. Oct. 1897), some time ago,

some experiments which indicated that the absorption of gas had

a great effect upon the cathode fall. The origin of the hydrogen

found in metals has not yet been satisfactorily explained, and the
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amounts of it present are often surprisingly large. Skinner found

for example that the alloy of sodium and potassium even when
distilled in a vacuum gave off hydrogen at a constant rate, and I

have observed similar effects with sodium, these metals are known to

absorb hydrogen but their affinity for it must be greater than is

ordinarily supposed for them to acquire such large stores with such

few opportunities. Skinner* has shown that with carbon electrodes

nitrogen is given off by the cathode. Cunningham
-f- has studied

the evolution and absorption of nitrogen by carbon electrodes, he

found that nitrogen freshly discharged from carbon transmitted

the electric discharge more easily than ordinary nitrogen,

270. Absorption of gas produced by the discharge. When
the discharge passes through a tube containing gas at a low

pressure, the pressure in many cases continually diminishes.

This effect is very well known with the tubes used to produce

Rontgen rays, the pressure of the gas in these tubes diminishes

with the use of the tube until it gets so low that the discharge

refuses to pass, and fresh gas has to be frequently introduced into

the tube either through hot platinum or by heating the walls of

the tube to prevent the vacuum getting too high. The amount of

gas that can be disposed of in this way is very considerable, in

one case I measured many cubic centimetres of gas at atmospheric

pressure were absorbed in the tube without any indication that the

rate of absorption was falling off.

The absorption of gas during the discharge has been studied

by Willows, Riecke and Skinner. Willows' experiments suggest

that a large part of the absorption is due to chemical combination

between the walls of the tube and some substance produced when
the discharge passes through the gas. He found that with a

constant current the rate at which the gas disappeared depended

upon the kind of glass of which the tube was made, thus with

soft soda glass, hydrogen, air and nitrogen were absorbed with

equal rapidity, while with lead glass the absorption with hydrogen

was so small that it was overpowered by the evolution of gas from

the cathode, with air and nitrogen on the other hand the absorption

was only about ten per cent, less than with soda glass. On heating

* Skinner, Plnjs. Review, xxi. p. 169, 1905.

t Cunningham, Phil. Mag. [6], ix. p. 193, 1905.
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the tube in which the absorption had taken place a little gas was

given off from the glass but the amount recovered in this way
was only a small fraction of that absorbed. Silvering the inside

of a lead glass tube produced very little effect upon the rate of

absorption. Absorption takes place though more slowly when the

electrodeless discharge is used so that it can not wholly be due to

absoi-ption by the electrodes. Nor is it due to the escape of gas

through the walls of the tube, for I have found that when fresh

gas is introduced into a tube and absorbed the weight of the tube

increases by the weight of gas so introduced.

The amount of gas absorbed in this way is only a small fraction

of that which would be [liberated in a voltameter by the current

passing through the discharge tube.

Mey has shown that the liquid alloy of Na and K when used as

a cathode absorbs all gases except argon, helium and the other

inert gases, it thus affords a convenient means of purifying these

gases.

The Faraday dark space and the Positive Column.

271. Measurements of the electric force in the Faraday dark

space were first made by Hittorf *. Graham f and H. A. Wilson
[J:

also made numerous determinations of the force in this as in other

parts of the discharge, while Skinner§ has recently investigated the

influence of pressure and of the magnitude of the current on the

force in the dark space and on its length. The results of Skinner's

experiments, which were made on carefully purified nitrogen,

and with disc electrodes of considerable area, are represented

in Fig. 157. An inspection of these curves show^s that w^ien

the pressure is kept constant the width of the Faraday dark space

increases as the current increases. (The boundaries of the dark

space were found by Skinner to be at the points corresponding to

the intersection of the straight line II with the curves giving the

electric force.) The current drives, as it were, the luminous positive

column back on the anode, until with the largest current used the

* Hittorf, Wied. Ann. xx. p. 705, 1883.

t Graham, Wied. Ann. Ixiv. p. 49, 1898.

+ H. A. Wilsou, Phil. Mag. [5], xlix. p. 505, 1900.

g Skinner, Phil. Mag. [5], 1. p. 56.3, 1900.
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luminous positive column was reduced to a patch close to the

anode. With the same current the width of the dark space is

greater at low pressures than at high.
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Fig. 157.

Skinner made an interesting experiment in which the gas in

the tube was shielded from any disturbance travelling normally

from the cathode. The cathode was a disc placed with its plane in

the axis of the tube. This was surrounded by a piece of glass

tubing, the axis of the tube being at right angles to the disc;

thus any disturbance travelling from the cathode at right angles is

prevented from reaching any but a small part of the gas between

the electrodes. With this apparatus it was found that the

luminous positive column occupied nearly the whole of the

space up to the cathode : the dark space was very small, and

increased but little with an increase in the current. Skinner

observed that (with a tube of the normal type with the electrodes

facing each other) when once b}^ means of a large current

the luminous positive column had been driven back on the

anode, the gas took a considerable time before it recovered the

power of transmitting a luminous discharge ; the time required

for the recovery depended upon the time the large current had

been kept flowing through the tube. Skinner mentions times

of one or two hours as having been required in some of his

experiments. It would be interesting to try if this effect occurred

if the tube were immersed in liquid air which might be expected

to condense complex gases formed by the discharge.

Since with the exception of the cathode dark space the only

dark part of the discharge is that where the curve representing

the electric force is below the line II (Fig. 157), it follows from
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Skinner's experiment that there is himinosity at all parts of

the tube (with the exception of the cathode dark space), Avhen

the electric force exceeds a certain value depending on the

pressure.

The Positive Column.

272. The potential gradient along a uniform unstriated

positive column is uniform ; its value has been investigated

by Hittorf*, A. Herzf, Graham;]:, Wilson§, Skinner|j, HeuselT,

Matthies**, and in air at atmospheric pressure by Kaufmann-f"|-,

Stark|:[:, Stuchtey§§. The'potential gradient in the positive column

depends (1) upon the diameter of the discharge tube, (2) upon

the pressure and nature of the gas through which the discharge

is passing, and (8) upon the current passing through the gas.

The potential gradient diminishes as the diameter of the dis-

charge tube increases, as the following table (p. 556) given by Herz

{he. cit.) shows. The influence of the size of the tube is not

confined to tubes which are so narrow that there diameter is

comparable with the mean free path of the molecules and cor-

puscles in the tube, but extends to the cases when the diameter

of the tube is hundreds of times the mean fi-ee path. The results

in the table relate to pure nitrogen ; v is the potential gradient in

volts per centimetre, 2R the diameter of the tube (the current

passing through the tube was in all cases 1"2 milliamperes), p is

the pressure of the gas expressed in millimetres of mercury, and b

the constant occurring in the equation

v-v^ = -h {i- io),

which according to Herz represents the relation between the

* Hittorf, Wied. Ann. xx. p. 726, 1883.

+ Herz, Wied. Ann. liv. p. 244, 1895.

J Graham, Wied. Ann. Ixiv. p. 49, 1898.

§ Wilson, Phil. Mag. [5], xlix. p. 505, 1900 ; Proc. Cam. Phil. Soc. xi. pp. 249,

391, 1902.

II
Skinner, Phil. Mag. [6], xi. p. GIO, 1901.

IT Heuse, Ann. dcr Phys. v. p. 678, 1901.
** Matthies, Ann. der Pliyn. xvii. p. 675, 1905 ; xviii. p, 473, 1905.

tt Kaufmann, Phys. Zeit. iv. p. 578, 1903.

tX stark, Phijs. Zeit. iv. p. 535, 1903.

§§ Stuchtey, Inang. Disst. Bonn, 1901.
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gradients v and v^ corresponding to the currents i and i^ ; in this

equation i and io are expressed in milliamperes.

V

p
2JJ= 10mm. 2iJ = 15mm. 2R = 20mm. 2R = 25 mm.

8-0 156-8
7-5 148-4
7-0 144-4 140-1
6-5 139-2 131-9
6-0 132-6 123-8
5-5 126-1 115-8
5-0 118-2 107-8

45 109-4 99-9 97-'7

4-0 99-7 92-2 89-3
3-5 89-2 84-5 80-5
3-0 77-7 76-1 71-2
2-5 66-2 61-5 60-2
2-0 55-4 51-4 48-7
1-5 43-6 40-8 37-5
1-0 29-8 26-9

b 10-0 8-5 3-5 3-4

The potential gradient in the positive cohimn increases with

the pressure; the results of Herz's experiments are represented

by the curves in Fig. 158, in which the ordinates represent the

potential gradient and the abscissas the pressure, the dotted curve

relates to experiments with hydrogen, the others to experiments

with nitrogen in tubes of different .dimensions, the curves seem
very approximately linear. H. A. Wilson* concluded from his

experiments that the potential gradient in the positive column
was proportional to the square root of the pressure ; the linear

relation v = a + bp, where v is the potential gradient, p the pressure

and a and b constants, represents the results of his experiments

almost equally well.

Herz showed that under similar conditions as to pressure and

current the potential gradient in nitrogen was 1*4 times that in

hydrogen. He found that a trace of aqueous vapour had no

effect upon the gradient in the positive column, but that the

* H. A. Wilson, Proc. Camh. Phil. Soc. xi. pp. 249, 391, 1902.
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presence of a small quantity of oxygen in the nitrogen increased

the potential gradient.
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The magnitude of the potential gradient in the positive

column in different gases is given in the following tables, the first

of which is due to Matthies* and the second to Heusef.

Table I. (Matthies.)

Current through tube 'So milHampferes. Diameter of tube 3*5 cm.

Potential gradient in volts per centimetre

Pressure iu

mm. of Hg
CI. HgCU Br2 HgBr^ I2 Hgl., N,

0-1 25 38 73 29
0-4 40 66 45 139 50 53 17
0-9 72 127 98 227 64 114 32
1-4 120 150 145 259-5 75 147 43
1-9 139 202 170 — 110 165 54
2-35 175 222 195 — 142 188 62

3 200 263 221 — 200 251 77

* Matthies, Ann. der Phys. xviii. p. 473, 1905.

t Heuse, Ann. der Phys. v. p. 678, 1901.
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Table II. (Heuse.)

Current through tube 0"52 milUampferes.

Mercury Helium Helium Hydrogen Nitrogen

Pressure 1.3-1

24 mm.
16-9

12-5

25
34

8
25
22-7

8-37

15

112

8-0

15
156-8

Diameter of tube
Potential gradient

The gradients in the monatomic gases mercury vapour and

helium are very small compared with those in hydrogen and

nitrogen. Bouty's experiments indicate that the gradient is

small also in argon, the case with which tubes filled with neon

become luminous makes it probable that in this gas the potential

gradient is less even than in helium.

Relation between the potential gradient and the current.

273. From the relation v — Vo= — b {i — i,,) given by Herz it

would follow that the potential gradient in the positive column

continually increases as the current diminishes. H. A. Wilson has

however shown recently that the potential gradient attains a

maximum value for a certain value of the current and that when

the current falls below this value the potential gradient rapidly

diminishes. Matthies in his study of the discharge through the

halogens also found cases in which the potential gradient increased

with the current.

When the positive column is striated the variations in the

luminosity are accompanied by variations in the electric intensity,

the places of maximum luminosity are places of maximum poten-

tial gradient; this is clearly shown by the curve in Fig. 149, which

is one given by Wilson for the striated discharge in hydrogen.

Anode drop in jiotential.

274. Skinner * has shown that there is a finite difference

in potential between the anode itself and a point in the gas

close to the anode. The magnitude of this drop in potential

was investigated by him for the discharge through pure nitrogen,

* Skinner, Wied. Ann. Ixviii. p. 752, 1899; Phil jiag. [6], viii. p. 387.
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hydrogen, and oxygen ; he found that it was independent of

the current density, in hydrogen and oxygen it was independent

of the pressure, in nitrogen it seemed to increase slightly with

the pressure, it is possible however that this increase is due

to secondary effects. The anode fall depends to a small extent

upon the metal of which the anode is made, being greatest for

aluminium and magnesium, for which the cathode fall of potential

is least; the value of the anode drop in different gases and for

different metals are given in the tables on page 560 along with

Skinner's determination of the cathode potential fall. It will be

observed that the anode drop is much smaller than the cathode

one, it is also much more abrupt ; there does not seem any region

comparable in dimensions with the cathode dark space in which

the drop of potential occurs ; in none of the experiments hitherto

made has it been found possible to get so close to the anode that

the potential of the exploring wire differed by less than the anode

fall of potential from the potential of the anode.

The differences between the anode fall for different metals is

exceedingly small, hardly more than the contact difference of

potential between various metals. In chlorine, bromine, iodine

and the vapours of HgCL, HgErg, HgL, the anode fall has

according to Matthies very large values.

There is frequently a region in which the electric intensity is

very small just in front of the anode; in some of the experiments

made by H. A. Wilson, the electric intensity was apparently

negative ; we must remember that the introduction of the ex-

ploring wire disturbs the field, and if there are only ions of one

sign present does not measure the potential, and that this reversal

of the electric intensity may be due to this cause.

Number of ions at vaiious -points along the discharge.

275. H. A. Wilson * has made a series of investigations on

this point ; his method was to determine the current flowing

between two small parallel platinum plates, the planes of the

plates being parallel to the current flowing through the tube,

a small potential difference (that due to one Clark's cell) was

maintained between the plates, previous experiments having shown

* H. A. Wilson, Phil. Maij. [5], xlix. p. 505, 1900.
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that with potential differences of this order the current was

proportional to the potential difference, and therefore that the

presence of a field of this intensity did not appreciably reduce the

number of free ions. Under these circumstances if iii, n^ are

the numbers of positive and negative ions respectively, k^, k^

the velocities of these ions under unit electric force, the current

between the plates is proportional to k^n^ + koth,. The results of

Wilson's experiments are represented in Fig. 159. It will be

10

005

^

1

1

.
\ 1

/ ^?

V
Cotui, ^ y

1

0-10

Fig. 151).

noticed that the current is very small in the cathode dark space,

rises to its maximum value in the negative glow, sinks again in

the Faraday dark space and increases in the positive column,

while in the striated discharge the current is a maximum in the

luminous parts of a striation, a minimum in the dark ones.

276. It is interesting to compare the distribution of the

electric intensity along the tube with these transverse currents. If

X is the force along the tube, i the current through unit area,

and if the velocity of the ions is proportional to the electric force

at the point, then we have

A^ (kitii + k.,)i._,) = i ;

as i is constant along the tube, A-,/?, + /-^//o should be invcvst'lv

proportional to X ; as k{ni + k.ii.^ is i)i-()})orti()nal to the transverse

current, wc should expect the maxima for the transverse current

T. G. 3G
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to coincide with the minima for X. An inspection of the curves

will show that this is not the case ; thus the electric intensity in the

Faraday dark space is less than in the positive column ; the trans-

verse current is also less, instead of being greater as indicated

by the preceding reasoning. Again, both the electric intensity

and the transverse current are greater at the bright parts of a

striation than at the dark; in fact, luminosity seems to be accom-

panied by abnormally great transverse currents ; it was this that

led H. A. Wilson to suggest that the transverse current in the

luminous parts was increased by secondary ionisation due to

the illumination of the testing electrodes by the luminosity of the

discharge. Skinner has suggested as another explanation for the

discrepancy between the values of X and the transverse current

that the velocity of the ions may not be proportional to the

electric force ; that, for example, though the electric force in

the Faraday dark space is very small the ions there may be

moving with high velocities which they acquired in moving

through the strong electric field in the cathode dark space ; thus

the number of free ions necessary to carry the current may be

very considerably less than that calculated from the assumption

that the velocity was that due to the electric force in the Faraday

dark space. If this were the explanation of the distribution of

the transverse force, then the velocity of the ions in the Faraday

dark space ought to be greater than in the uniform positive

column. Now we can get information about the distribution of

the velocity of the ions at different parts of the tube by measur-

ing the ' Hall effect.' H. A. Wilson* has shown that when a

magnetic force acts at right angles to the current passing through

a vacuum tube, then a difference of potential proportional to the

magnetic force is established between two electrodes, placed so

that the line joining them is at right angles both to the current

and to the magnetic force. The theory of this effect, called the

'Hall effect,' has been given in Art. 127; we showed that when

equal quantities of positive and negative ions are present, then if

Z be the difference of potential between two electrodes 1 cm.

apart due to a magnetic force H, then

^ = i {u-v),

* H. A. Wilson, Proc. Camb. Phil. Soc. xi. pp. 249, 391, 1902.
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where u and v are respectively the velocities of the negative and

positive ions. Thus a series of measurements of Z along the

tube will enable us to deduce the distribution of velocities

;

i+
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Positive Column.

7 8 9 10

Faraday Dark Space.

II 12 \ic7as.

Negative
Glow.

Fig. ICO. Discharge in Air. Pressure 0-5 mm. Magnetic Field '2'2-l.

such measurements have been made by H. A. Wilson, and his

results are represented in the curves given in Figs. 160 and 161.

It will be seen that the curves are similar in character to

those giving the distribution of electric force ; thus the value

of Z in the Faraday dark space is less than in the positive column,

and in a striated discharge Z, like X, is a maximum at the bright

parts of the striation, a minimum at the dark. These results

seem to indicate that though a certain amount of lag between the

values of X and the velocity of the ions is probable, especially

at low pressures, it is not sufficiently large to explain the dis-

crepancies between the curves for X and those for the trans-

verse currents; it must be remembered however that the interpre-

tation of the Hall effect in cases where the electric field is not

uniform is difficult and often ambiguous (see p. 247).

36—2
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On Wilson's hypothesis that there is an additional ionisation

due to the incidence of the light from the discharge on the metal

of the electrodes, the current between electrodes made of wire-

gauze might be expected to be less than that between solid

electrodes, as the area of metal exposed to the light is so much

less in the first case than in the second.

Negative
Glow.

3 4 5 6 7
Faraday Dark Space. Stria.

II 12

Stria.

1 3 C7ns.

Fig. 161. Discharge in Air. Pressure 0-3 mm. Magnetic Field 29-4.

The striated discharge.

277. This form of discharge, examples of which are repre-

sented in Fig. 145, taken from papers by De la Rue and Miiller*,

has from its very striking and beautiful character attracted a great

deal of attention. It only occurs, or at any rate is only well

developed, when the pressure of the gas and the current through

* De la Rue and Mttller, Phil. Trans. 1878, pt. i. p. 155.
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the tube are within certain limits ; it does not however depend

upon the means used to produce the discharge ; thus we get

striations in discharges produced by induction coils, electric

machines, or large batteries of storage or voltaic cells.

The striations are especially well developed in mixed gases,

especially those which contain organic vapours, such as turpentine.

Indeed some physicists consider they would not occur in perfectly

pure gases * ; it is however certain that they occur in gases which

have been purified with the greatest care; according to Morren

they do not occur in oxygen. Crookes"f* observed in a tube con-

taining hydrogen three sets of striations, one set red, another

blue, and the third grey ; by spectroscopic examination he showed

that the luminosity in the first set was due to hydrogen, that in

the second to mercury vapour, and that in the third to hydro-

carbons. It will be noticed from Fig. 145 that in some cases the

strisB seem to occur in sets of two or three individual striae

situated quite close together. It will be seen that the luminous

parts of the striae are curved ; the concavities being turned to-

wards the positive electrode. When the tube is not of uniform

width the striations are nearer together in the narrower than in

the broad parts of the tube.

278. Investigations on the conditions determining the distance

between successive striations have been made by Goldstein^, and

by R. S. Willows§. Goldstein came to the conclusion that if d

and df) were the distances between the striations at the pressures

p and ^^0, then

do" \p.

where m is a quantity less than unity (compare Art. 266). The

distance between the striations increases as the pressure diminishes,

but the percentage change in the distance is not so great as that

in the pressure.

Willows found that in nitrogen the distance between the striae

increases with the current. Beginning with the smallest current

capable of maintaining the discharge the distance at first increases

* E. C. Baly, Phil. Mag. xxxv. p. 200, 1893.

t Sir W. Crookes, Proc. Eoy. Soc. Ixix. p. 399, 1902.

X Goldstein, Wied. Ann. xv. p. 277, 1882.

§ Willows, Proc. Camb. Phil. Soc. x. p. 302, 1900.
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very rapidly with the current. The rate of increase falls off how-

ever as the current increases ; the connection between the current

and the distance between the striae in nitrogen is represented by

the curve in Fig. 162.

8
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Fig. 162.

150 MQ

In hydrogen the distance between the striae at first increases

with the current; it then attains a maximum, and then any

90 no
Fig. 163.
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further increase in the current produces a diminution in the

distance betAveen the stria^.—the lower the pressure the smaller

the current for which the distance between the stria? is a maximum.

At very low pressures this current may be very little larger than

the smallest current consistent with a continuous discharge, so

that at these pressures the phase where an increase in current

causes the strife to separate may be almost effaced. The relation

between the current and the distance between the strise for

hydrogen at two different pressures in a tube 12 mm. in diameter

is shown in Fig. 163. The terminals for curves A and B were

aluminium wires, for G they were aluminium discs.

By comparing these results with those for the thickness of the

cathode dark space we see that under similar conditions as to

pressure and current the distance between the striae is considerably

greater than the thickness of the dark space.

Influence of tJie size of the discharge tube.

279. The wider the tube the greater the distance between

the striifi. According to Willows {I.e.) this distance is never

greater than the diameter of the tube. When the striee reach

to the sides of the tube Goldstein showed that the ratio of the

distances between the strias for two given pressures is independent

of the diameter of the tube. Another way of stating Goldstein's

law is that the constant m which occurs in the equation

d, ^ rp^Y

(see Art. 278) is independent of the size of the tube.

Influence of the nature of the gas.

280. According to Willows the distances between the strise

in different gases under the same conditions as to pressure and

current are not very different. At pressures between 1 mm. and

•5 they are somewhat further apart in hydrogen than in air or

nitrogen. The rate of alteration of the distance with the pressure

is however greater in the denser gases than in hydrogen. The

range of pressure over which striations can be obtained is much

greater in hydrogen than in aii-.
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281. The striae are most readily developed at the negative

end of the positive column. Thus if the pressure be gradually

reduced to that at which striation occurs, the first appearance of

striation is the formation of a single stria at the end of the

positive column. Successive striations are then formed until

the whole of the positive column is striated. The stria at the

negative end of the positive column always retains some indi-

viduality; thus its distance from its next neighbour is greater

than the average distance ; it is also often brighter than the other

striae.

Effect of a sudden contraction in the discharge tube.

282. Goldstein* found that in a tube with a constriction, such
as that in Fig. 164, the end of the constriction next the anode

Fig. 1G4.

4-

behaved like a cathode, i.e. that there was a dark space, negative

glow, and Faraday dark space close to a; and that these were
affected by a magnetic field in just the same way as if they had
been produced by a metallic cathode. Lehmannf made a series of

experiments with perforated diaphragms stretching across the

discharge tube. He found on the side of the diaphragm next the
anode the negative glow and the Faraday dark space ; the cathode
dark space was however absent. In the experiment represented
in Fig, 165 the diaphragm was a porcelain sieve. He made other

Fig. 165.

experiments with tubes having several perforated metallic dia-

phragms stretching across them. These diaphragms were connected
with wires fused through the tube so that they could be connected
up in various ways. If the diaphragms were all insulated the

* Goldstein, Wied. Ann. xi. p. 832, 1880.

t Lehmann, Ann. der Phijs. vii. p, 1, 1902.
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appearance of the discharge was as represented in Fig. 165. On

the anode side of each diaphragm there was the negative glow and

the Faraday dark space, hut no cathode dark space. If however

two of the diaphragms were connected together by a metallic wire

outside the tube, as Fig. 166, there was negative light but no dark

.

°
,>m ^

space on the right of the diaphragms a and c ; there was however

a well-defined dark space on the right of b. In this case some of

the current instead of passing through the tube might pass through

the wire outside, and at b would have, as at the cathode k, to pass

fi'om the metal to the gas. At the other diaphragms we may

suppose the current went through the holes in the diaphragm.

283. Alternations in the luminosity of the discharge, similar

in appearance to those observed in the striated positive column at

Fi". 1(37.

low pressures, occur in certain cases in the discharge through gas

at atmospheric pressure. Thus Toplcr* found that if several

* Topler, Wied. Ann. Ixiii. p. 109, 1897.
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large Leyden jars were discharged across a spark gap, a plate of

semi-insulating material such as basalt being inserted between

the terminals, the portion of the discharge between the negative

electrode and the plate showed distinct striations. Fig. 167 is

copied from a figure given by Topler. The discharge of an in-

duction coil through the flame of a candle gives a bright discharge

traversed by dark spaces as in Fig. 168.

Fig. 108.

Distribution of temperature along the line of discharge.

284. The average temperature of the gas in a discharge tube

through which a luminous discharge is passing is often less than

100° C. Thus E. Wiedemann* proved that the average tempera-

ture of air at a pressure of 3 mm. in a tube conveying a luminous

discharge was less than 100° C. Hittorf-^ measured the tempera-

ture in a discharge tube at three places, (1) in the positive column,

(2) in the negative glow and (3) in the Crookes dark space, and

* E. Wiedemann, Wied. Ann. vi. p. 298, 1879.

t Hittorf, Wied. Ann. xxi. p. 123, 1884.
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found that it was highest in (3) and lowest in (1). E. Wiede-

mann* showed that the distribution of temperature along the

tube depended materially upon the pressure, and that while at

low pressures the temperature of the cathode was higher than

that of the anode, the reverse was true at pressures greater

than 26 mm. Woodf made a very complete survey of the tem-

perature in a discharge tube by means of a bolometer, which,

floating on a barometer column of mercury, could be placed in

any position in the tube. He found that in the unstriated dis-

charge the temperature is constant in the positive column,

diminishes in the Faraday dark space until it reaches a minimum
just on the anode side of the negative glow, and then rapidly

increases in the dark space next the cathode. In the striated

discharge the temperature is greater in the luminous parts than

in the dark. In no case did the bolometer indicate a temperature

of more than 100° C. The bolometer temperature is of course

the average temperature of all the molecules in a considerable

space, and the fact that the average temperature is low does

not preclude a few of the molecules possessing an amount of

kinetic energy very much greater than that corresponding to the

-h
iL.:M.l."l:/¥- f^S|^j-V-:>

Fig. 169.

temperature indicated by the bolometer. The distribution of tem-

perature along the tube in a striated and an unstriated discharge

is indicated by the curves in Fig. 169. It will be seen on com-

* E. Wiedemann, Wied. Ann. x. p. 202, 1880.

t AVood, Wic(J. Ann. lix. p. 238, 189G.
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paring these with the curves given for the distribution of electric

force along the tube that the two curves are very similar. As

the rate of work done by the current at any point of its path is

proportional to the product of the current and the electric force,

or since the current is constant, to the electric force, if all the

work were converted into heat the curves for temperature would

be similar to those for electric force. As this is very approximately

the case we conclude that in tubes of moderate pressure the greater

part of the electrical work appears as heat in the gas at places

not very distant from where the work is clone.

Action of a magnetic field on the discharge.

285. It is convenient to consider separately the action of the

magnetic force on the various parts of the discharge. We shall

begin with the negative glow. Pllicker* showed that under a

magnetic field the glow distributed itself in just the same way as

a collection of iron filings having perfect freedom of motion ; thus

the bright boundary of the negative glow coincides with the lines

of magnetic force passing through the end of the negative electrode.

Fig. 170.

This effect is illustrated in Figs. 170, 171, and 172, which are taken

from Plucker's paper. In Figs. 170 and 171 the lines of magnetic

* Pliicker, Fogg. Ann. ciii. p. 88, 1858.
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force are transverse to the current, while in Fig. 172 they are more

or less along it. The negative glow in feet behaves as if its

Fig. 171.

luminosity were produced by something moving along the lines of

magnetic force. If the direction of the magnetic force is along

Fig. 172.

the line of discharge the negative glow spreads further down the

tube and the positive column is driven back ; if the magnetic force

'^^^""niur

Fig. 173.
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is ;it right angles to the tube, the negative glow follows the lines

of force across the tube and does not extend so far down as when
there is no magnetic field ; the positive column now comes further

down the tube towards the cathode, and if it is striated new stria-

tions appear. These effects are illustrated by Figs. 173 and 174,

ni},i,,iri,in-mr

Fig. 174.

which are due to Lehmann*. Fig. 173 represents the case when
the magnetic force is along. Fig. 174 when it is across the tube.

286. Magnetic force affects the disposition of the glow over

the surface of the cathode as well as its course through the gas.

Thus Hittorff found that when the negative electrode is a flat

vertical disc and the discharge tube is placed so that the disc lies

axially between the poles of a strong electromagnet, the disc is

cleared of glow except on the highest point on the side most
remote fi'om the anode or the lowest point on the side nearest to

it, according to the direction of the magnetic force. In another
experiment Hittorf, using as cathode a metal tube about 1 cm. in

diameter, found that when the axis of the cathode was at right

angles to the line joining the poles of an electromagnet the cathode
was cleared of glow in the neighbourhood of the places where the
normals are at right angles to the lines of magnetic force. Both
these results are what we should expect if the glow were due to

charged particles projected normally from the cathode. The effect

of a magnetic field on the disposition of the glow over the cathode
has also been investigated by Schuster |.

* Lehmann, Ann. der Phys. vii. p. 1, 1902.

t Hittorf, Fogg. Ann. cxxxvi. p. 221, 1869.

t Schuster, Proc. Roy. Soc. xxxvii. p. 317, 1884.
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287. The positive column is also affected by the magnetic

field, the general effect being that the column is bent into a curve

resembling the path of a positive particle under the action of

the magnetic field and the electric force in the tube (see Art.

51). When the negative glow is deflected the positive column

bends towards the place where the negative glow reaches the

walls of the tube; this effect is shown in Fig. 175, which is due

to Lehmann. There is often a dark space separating the ends of

the negative glow and the positive column, as if the area of contact

of the former with the glass acted like a secondary cathode.

Fig. 175.

Effect of magnetic force on the striations.

288. The influence of the magnetic field on the striations has

been carefully studied by Spottiswoode and Moulton*, and by

Goldstein -f-; the conclusion they arrived at was that the bright

parts of the striations, like the negative glow, set themselves along

the lines of magnetic force, each bright part setting along the line

of magnetic force passing through it and being separated by a

dark space from its neighbour. As very important deductions

have been made from this behaviour of the strife, we quote the

description of this effect given by Spottiswoode and Moulton and

by Goldstein. The former say :
" If a magnet be applied to a

striated column it will be found that the column is not simph'

thrown up or down as a whole, as would be the case if the

discharge passed in direct lines from terminal to terminal threading

the strise in its passage. On the contrary, each stria is subjected

to a rotation or deformation of exactly the same character as

would be caused if the stria marked the tei-mination of flexible

currents, radiating ft-om the bright head of the stria behind it and

terminating in the hazy inner surface of the sti'ia in question. An

* Spottiswoode aud Monlton, Pliil. Tram. Piirt i. p. '205, 187U.

t Goldstein, Wied. Ann. xi. p. 850, 1880.
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examination of several cases has led the authors of this paper to

conclude that the currents do thus radiate from the bright head of

a stria to the inner surface of the next, and that there is no direct

passage from one terminal of the tube to the other." Goldstein

gives the following description of the behaviour of the striated

column under magnetic force :
" The appearance is very character-

istic when in the unmagnetized condition, the negative glow

penetrates beyond the first striation into the positive column.

The end of the negative glow is then further from the cathode

than the first striation or even, if the rarefaction is suitable, than

the second or third. Nevertheless the end of the negative glow

rolls itself under the magnetic action up to the cathode in the

negative curve which passes through the cathode. Then separated

from this by a dark space follows on the side of the anode a curve

in which all the rays of the first striation are rolled up, then a

similar curve for the second striation, and so on." We shall have

occasion to refer to this point again when we consider the theory'

of the discharge.

289. Paalzow and Neesen*, who investigated the effect of a

magnetic field in helping or retarding the discharge, found that

when the lines of force are parallel to the line of discharge, the

nature of the effect depends upon pressure ; if p^ is the pressure

at which the discharge first begins, pun the pressure when the

current through the tube is a maximum, and p^ the lowest

pressure at which the discharge passes, then for pressures be-

tween Pq and p,n the magnetic force retards the discharge, while

if the pressure is between p^ and pn it helps it; thus the

magnetic field produces in this case the same effect as an

increase in pressure. The same results are true if the anode

alone is exposed to the magnetic force ; if only the cathode is

exposed to this force the preceding results hold if the field is

weak ; if the field is very strong, however, the effects produced are

just the opposite, the magnetic field producing the same effect as

a diminution in pressure.

When the lines of magnetic force are at right angles to the

discharge the magnetic field at all pressures retards the discharge.

They found that the effect of the magnetic field was not instan-

taneous, often taking several seconds before producing its normal

* Paalzow and Neesen, Wied. Ann. Ixiii. p. 209, 1897.
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effect. This lag is a very frequent phenomenon in the discharge

tube ; it generally can be explained by the effects produced by

previous sparks ; thus as it is easier for one discharge to follow

another than to be the first to pass through the tube, the magnetic

field might not be able at once to stop the discharge if a strong

discharge had just previously passed through the tube, though it

might be able to prevent a discharge starting in the tube.

The author showed many years ago that the passage of the

electrodeless discharge was hampered by a transverse magnetic

field and facilitated by a longitudinal one.

290. Willows*, who also investigated the effect of a transverse

magnetic field on the potential difference between the terminals

of a discharge tube containing gas at a low pressure, found that

when the magnetic force is confined to the neighbourhood of the

cathode the potential difference is diminished by the magnetic

field when the pressure is low and increased when it is high.

The effect is represented in the curves in Fig. 176, the scale of
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force increases and decreases when the current through the tube

decreases. When the magnetic force is concentrated at any

part of the tube except the cathode it always increases the

potential difference.

Willows also investigated the effect of a uniform transverse

magnetic field on the distribution of electric force between the

terminals ; the results of his experiments are represented by the

curves in Fig. 177 ; the magnetic field diminishes to a considerable

extent the great drop in the electric force which occurs in the

negative glow.

H

A nRQtiE-T OFF

B /*lftONET ON

FRESS = 2llrnm.

Cathode Anode

Fig. 177.

291. Birkeland* has shown that in a tube containing gas at a

very low pressure a strong magnetic force parallel to the line of dis-

* Birkeland, Comptes Rendus, cxxvi. p. 586, 1898.
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charge produces an enormous diminution in the potential difference

required to spark through the tube ; the potential difference when

the magnetic force at the cathode reaches a critical value falling

to less than one-tenth of its previous value. Almy* has shown

that this effect can be produced by a transverse magnetic force as

well as by a longitudinal one, and that the sudden diminution in

potential is accompanied by a change in the appearance of the

discharge, the magnet causing the discharge to change from a form

in which it passes from the whole of the cathode to one where

it is concentrated in one or more bright streams. This change in

the appearance of the discharge, and also the diminution in the

potential difference between the terminals, can be produced

without the aid of the magnet by covering the outside of the

tube in the neighbourhood of the cathode with tinfoil connected

with the cathode. Almy showed that the effect of the magnet did

not arise from the charges of statical electricity which accumulate

on the glass of the tube, by showing that it took place when the

cathode was placed inside a metal cylinder which was used as the

anode.

292. We have already (see p. 443) described the appearance

presented by the discharge when the terminals are placed very

near together, an interesting modification of such an experiment

is shown in Fig. 178, which represents an experiment made by

Fig. 178.

E. Wiedemann f in which the anode was enclosed in a narrow

glass tube which dipped into the cathode dark space ; it will be

noticed that the positive light turns round after leaving the tube

and joins the negative glow.

* Almy, Proc. Camh. Phil. Sue. xi. p. 183, 1901.

t E. Wiedemann, IVicd. Ann. Ixiii. p. 242, 1897.

37—2
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Discharge iwoduced hy very rapidly alternating

electromotive forces.

293. E. Wiedemann and Ebert* and Himstedtf have made

some very interesting experiments when the discharge was sent

through the tube by the very rapidly alternating forces produced

by discharging a condenser; in Wiedemann and Ebert's experiments

the terminals were connected with the terminals in a Lecher's

bridge arrangement producing electrical oscillations whose time

of swing was only about 10~^ seconds. In Himstedt's experiments

the alternating forces were produced by a Tesla transformer. The

appearance presented by the tube is shown in Fig. 179 ; it will be

seen that both electrodes show only the phenomena associated with

a cathode, i.e. we have the dark space, the negative glow, and the

Fig. 179.

Faraday dark space, but no positive light; the latter is represented

by the luminosity in the middle of the tube ; this disappears at

very low pressures. The thickness of the dark space next the

electrode diminishes as the rapidity of the oscillations increases.

294. The description given above of the steady discharge

through gases at low pressures, shows that it possesses a very

* E. Wiedemanu and Ebert, Wied. Ann. 1. pp. 1, 221, 1893.

t Hiinstedt, Wied. Ann. lii. p. 473, 1894.
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complicated structure, thus we have the cathode dark space, the

negative glow, the Faraday dark space and the positive column

;

accompanied by large differences in the electric force in these

various regions. The variations in X, the electric force along

the line of discharge, involves a distribution of free electricity

with a density proportional to dX/dx : for this free electricity to

accumulate ions must move from one part of the tube to another,

and this process will require a finite time. If electricity is supplied

to the electrodes of the discharge tube with great rapidity, if for

instance a large battery of Leyden jars is discharged through the

tube, the difference of potential between the electrodes may rise to

a very high value before the ions have time to arrange themselves

in the distribution corresponding to the steady current ; in such a

case as this the whole of the tube ma}^ be subjected to a very

intense and approximately uniform electric field, intense enough

to make the positive ions produce other ions by collision ; when
this is the case the current rapidly increases to very large values

and we get the discharge passing as a uniform luminous column

stretching from one electrode to the other and without any of the

structure possessed by the steady discharge.

Relation between Current and Potential Difference.

' Characteristic ' curve.

295, The relation between the current through the tube and

the potential difference between the electrodes is often verj- com-

plicated, depending on the pressure of the gas and the size and

shape of the discharge tube. We can see that this must be the

case, for when the current is increased the cathode fall of potential

may be increased while the potential gradient along the positive

column is diminished ; whether the total potential difference between

the electrodes is increased or diminished will depend upon the

relative magnitude of these effects. For some values of the

current an increase in the current through the tube involves an

increase in the potential difference, while at other stages, as for

example when the current is very large and passes as an arc, the

potential difference diminishes as the current increases. The curve

of which the ordinate is the potential difference between the

electrodes, and the abscissa the corresponding current, is often

called the characteristic curve for the discharge, and when it is
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known, the current sent through the tube by any external electro-

motive force can readily be calculated.

Thus let E^ be the electromotive force of the battery used to

send the current through the tube, R the resistance of the leads,

i the current through the tube, then the difference of potential

between the terminals of the tube is E^-Ri, and if E=f(i) is

the equation to the characteristic curve we have

E,-Ri=f(i)

as the equation to determine i and therefore also E the potential

difference between the electrodes. As we do not know an algebraic

expression for f{i) which would include all ranges of current, a

graphical method of solution has to be employed.

Let ABC be the characteristic curve, draw the straight line

LM whose equation is

E = E,-Ri,

Fig. 180.

the points if any where this straight line cuts the curve will give

the possible values of i and E, the current through the discharge

tube and the difference of potential between its terminals. Some

of these values may correspond to an unstable condition and be

impossible to realise. To lind which points correspond to a stable

and which to an unstable condition we may proceed as follows : if
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the current is increased by Bi the increase in the electromotive

dE
di

dV
force which has to be overcome by the battery is RBi + -yr- Bi or

[ i2 4- ~rr )
Bi, U R + -p- is positive there will be an unbalanced

electromotive force round the circuit tending to diminish the

current and the increase in the current will be stopped, so that

d Ji'

the conditions will be stable ; if however R + -jr is negative there

will be an unbalanced electromotive force tending still further to

increase the current so that the current will increase still further

d 7^

and the conditions will be unstable. Thus for stability R + -p-

must be positive, this condition was first given by Kaufmann*.

We see from this that when the discharge is stable, the straight

line E = Eq — Ri must, at the point where it cuts the characteristic

curve, be steeper than the tangent to the characteristic curve.

Thus of the points A, B, C where the line cuts the curve in

Fig. (180), A and C are stable and B unstable. The state

of things represented by a point P on a position of the charac-

teristic curve where the slope is downward cannot exist unless

there is in the external circuit a resistance greater than that

represented by the tangent of the inclination of the tangent to

the curve at P to the horizontal axis.

If the external electromotive force is given and the resistance

in the leads gradually increased, the straight line LM will become

steeper and steeper, G will move to the left so that the current will

diminish ; when the line is so steep that it touches the character-

istic curve at C, the limiting condition will be reached, any further

increase in the current will make the condition represented by A'

the only possible one for equilibrium, thus on passing through the

position when the line is a tangent to the curve there will be an

abrupt change in the current and in the nature of the discharge.

Thus if the BC part of the curve corresponded to the luminous

discharge, the A part to the dark discharge, we see that for a given

value of the external electromotive force there is a minimum value

of the current for the luminous discharge ; if the current is reduced

below this value the discharge ceases to be luminous.

* Kaufmann, Ann. dcr PJnjs. ii. p. 158, 1000.
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If the characteristic curve is like Fig. 181, which if the parts

were curved instead of straight would not be very unlike that for

the discharge from an incandescent lime cathode; AB representing

Fig. 181.

the dark discharge, BG the discharge with an anode glow but no
cathode glow, CD the discharge with the cathode glow, and DE
the arc discharge; we see that the stage AB can be got for all

values of E^ by taking suitable values of R and for all values of B
by taking suitable values of E, ; the stage BC can be got for all

values of Eo> AL, by taking suitable values of R, and for all

values of R by taking suitable values of Eo ; the stage CD can
only be got when the external resistance is greater than the
tangent of the angle between CD and the horizontal and when
the external electromotive force is greater than A 31.

Some interesting examples of characteristic curves for the
discharge through gases at low pressures are given by Riecke in

the Annalen cler Physik, b. 4. p. 592. 1901.



CHAPTER XVII.

THEORY OF THE DISCHARGE THROUGH VACUUM TUBES.

296. We shall now proceed to apply the theory of the spark

discharge given on p. 487 et seq. to explain some of the phenomena

observed when the discharge passes through a vacuum tube con-

taining gas at a low pressure. We have regarded the spark

discharge as originating in the ionisation of the gas by moving

ions, the small negative ions—the corpuscles—being more efficient

ionisers than the positive ones, which have a greater mass. If,

however, the ionisation in an electric field not exposed to external

ionising agents, such as Rontgen rays, were solely due to the

collisions of corpuscles with the molecules of the gas we could not

have a continuous current through the gas. For suppose, to begin

with, there were a few corpuscles between the electrodes, then

if the negative electrode is on the right the electric field will set

the corpuscles moving to the left, and if it were strong enough

ionisation would occur between the positive electrode and the

place from which the original corpuscles started. The new cor-

jDUScles produced by the collisions of the original ones with the

molecules of the gas would themselves produce new ions, but all

these would be fjrmed to the left of the birthplace of the ions

which produced them ; there would thus be a gradual exodus of

corpuscles towards the positive electrode while the gas round

the negative electrode would in time be deprived of corpuscles

and would cease to conduct, and by hypothesis it could no longer be

ionised as all the negative ions would have been driven to the

positive electrode.

We have seen that in every gas ' spontaneous ' ionisation is

continually taking place, and it might be urged that this process

would furnish a supply of negative ions which would rapidly
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multiply by collisions with the molecules of the gas, and so

furnish a supply of carriers sufficient for the current through

the tube. If this were the case however the potential difference

between the electrodes would vary rapidly with the current, in

reality however the variation is very slight.

Again, the current under a given difference of potential would

depend upon the amount of the spontaneous ionisation, i.e. the

ionisation independent of the electric field ; we can however increase

the latter a hundredfold by exposing the gas in the discharge

tube to the action of Rdntgen rays without producing any appre-

ciable increase in the current passing through the gas. To account

for the phenomena of the discharge we must have ionisation

produced by the electric field itself close to the cathode ; we
shall suppose that this ionisation is produced by the positive

ions, and although these require a much greater amount of energy

before they can act as ionisers than do the corpuscles, yet the very

intense electric field which exists close to the cathode is sufficient

to give them, when under its influence they have come up to

the cathode, all the energy they require.

There are several ways in which these rapidly moving positive

ions might produce fresh negative ions ; the two that most

naturally suggest themselves are, (1) that the positive ions by

collision ionise the molecules of the gas near the cathode, (2) that

the positive ions by striking against the surface of the cathode

communicate so much energy to the corpuscles contained in the

layer of metal close to the surface of the cathode that they are

able to escape from the metal, just as they are able to escape from

a metal when it is raised to incandescence.

The consequences will be very much the same whichever of

these views we take ; for the strength of the electric field increases

so quickly near the surface of the cathode that the kinetic energy

possessed by the positive ions, when they arrive quite close to the

surface, will be enormously greater than when they are just a

little further off, so that any ionisation produced by the collision

of these positive ions with the molecules of the gas will be

practically confined to the layer of gas close to the surface of the

cathode. It is possible that the luminous glow which spreads

over the cathode marks the seat of this ionisation. Thus whether
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we suppose the positive ions to act according to the method (1) or

(2) we have negative ions starting from close to the surface of the

cathode ; these are driven from it by the electric field and soon

acquire such velocities that they ionise the gas through which

they pass, producing a supply of positive ions which are attracted

by the electric field up to the cathode, there to produce a fresh

supply of negative ions.

Thus the positive and negative ions in the space close to the

cathode are on this view mutually dependent; if the supply of

either is stopped, that of the other at once fails. This is very well

illustrated by the experiment represented in Fig. 136, p. 489, in

which an obstacle placed in the dark space throws a shadow as it

were backwards and forwards ; the obstacle stops the supply of

positive ions to a portion of the cathode (the portion in shadow)

;

this portion is no longer able to send out negative ions, in fact

it ceases to act as an electrode.

The discharge can take place when the j^ositive ions act as

ionisers in the region close to the cathode, even though these ions

do not produce new ions in other parts of the field. Thus it is

only close to the cathode that the electric field need be very

intense, in the remainder of the tube it need not rise above the

value required to make the corpuscles produce ions. This concen-

tration of the electric field at the cathode involves also great

concentration of ions and this accumulation of ions will require

time. If the gas originall}^ contains only a few ions and the

electric field is only applied for a very short time, there will be no

time for this concentration of ions to take place and the field will

be approximately uniform from one electrode to the other ; if the

discharge were to take place under these circumstances the electric

force would have to be great enough all along the line of discharge

to make the positive ions produce fresh ions ; in this case the

discharge would not show the differentiations characteristic of the

steady state. When once the discharge has passed it may leave

behind it so many ions that a discharge following shortly after

may pass with a very much smaller potential difference ; as the

positive ions left behind by moving up to the cathode, may make
the field at the cathode much more intense than the average field

throughout the tube.
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The conditions for luminosity in the discharge.

297. As luminosity is one of the most characteristic features

of the discharge the conditions under which it occurs are of great

interest. We have given on p. 481 reasons for believing that the

production of the luminosity does not depend entirely upon the

kinetic energy of the corpuscles moving through the gas ; this

kinetic energy is independent of the current provided the electric

force remains the same; the current however as well as the electric

force affects the luminosity, and if we double the current density

of the stream of corj)uscles passing through the gas we may do far

more than double the luminosity. (The abruptness with which the

luminosity appears, suggests that the luminous stage is reached

when the internal energy of an atom reaches a certain critical

value ; it may reach this value as the result of one collision with a

corpuscle, but if the atom possesses any power of storing up

energy it may also reach this value by combining the energy it has

stored up from previous collisions of corpuscles, either with itself

or with neighbouring atoms, with the energy it receives just before

luminosity.
\

Spectroscopy furnishes many instances in which an increase in

the density of the current of corpuscles changes not merel}' the

intensity but also the character of the radiation ; the most con-

spicuous instances of this are argon and the heavier inert gases. If

the current density through a discharge tube containing argon is

gradually diminished the colour of the discharge* changes from a

bright blue to a bright red, and the spectra are entirely different

;

the changes in the electric force in the tube are not considerable.

I have found that for a current density intermediate between the

limits required to fully develop the blue or red discharge there is

a very marked diminution in the luminosity of the tube ; with such

a density it required a much longer exposure to photograph the

spectrum than it did with current densities either considerably

greater or considerably less.

Changes in the spectra produced by changing the current

density occur in the cases of many other gases and vapours.

298. The electric force required to produce luminosity is

often greatly diminished by an increase in the current density ; an
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increase in current densit}^ is accompanied by an increase in the

work done by the electric forces per unit volume of the gas in the

discharge tube, and therefore in the temperature of the gas ; it

might therefore be thought that it was the temperature of the

gas which increases the luminosity. This view would I think be

misleading : the increase in the mean temperature of the gas in

the discharge tube is often quite small, less than two or three

hundred degrees centigrade, and we might heat up the tube by a

Bunsen burner to a higher temperature than this without aflecting

the luminosity; when the gas is heated in this way the energy is

given to the gas in the form of increased energy of translation

of its molecules, and although in accordance with Boltzmann's law

a certain proportion of this is transformed into the internal energy

of the atoms the amount of internal energy acquired in this way

would be very small compared with that required to make the gas

luminous. |[The conditions are quite different when the gas is

heated by the electric discharge ; in this case through the collisions

of corpuscles with the atoms of the gas the greater part of the

energy communicated to the gas is initially internal energy of the

atom, and although this ultimately gets transformed to temper-

ature energy the average internal energy in the atom for the

same final temperature is far greater than if the energy were first

communicated to the gas in the form of temperature energy and

then transformed into internal energy.
]
Thus if the luminosity

depends upon the internal energy the same rise of temperature

will produce a much greater effect when the heating is produced

by the electrical discharge than when it is produced directly by

thermal means.

The large and sudden increase which often occurs when
luminosity sets in indicates that the gas on becoming luminous

emits ions freely. It may be that in the luminous gas a far larger

number of molecules are luminous and emit ions than are struck

by coi-puscles. The molecule may acquire internal energ}' by

absorbing the radiation emitted when corpuscles collide with

neighbouring molecules, this energy may accumulate until it

reaches the critical value necessary for luminosity and ionisation.

The ionisation of such molecules is only indirectly produced by

collision.
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Origin of the dark space.

299. Let us now consider in more detail the ionisation pro-

duced by the negative ions coming from the cathode. The primary-

ones which start from or near the surface will in consequence of

the very intense electric field which exists close to the cathode be

shot out with very great velocity, they will therefore be cathode

rays of a very penetrating kind ; such rays in a given length of

path do not produce so much ionisation as those moving with a

smaller velocity. Let us now consider the case of a corpuscle

produced by the collision of one of the primary ones with a

molecule some little distance in front of the cathode ; this

' secondary ' corpuscle will start from a field much less intense

than that from which the primary corpuscle started, it will therefore

not acquire nearly so great a velocity; it will correspond to a

much more easily absorbed kind of cathode ray, and will therefore

in a given length of path produce many more ions. Again, the

corpuscles produced by the ' secondary ' corpuscles or by the

primary ones at a greater distance from the cathode will in

consequence of their smaller velocity be still more easily absorbed,

and therefore produce still more ions per unit of path. Thus the

amount of ionisation will be small in the strong parts of the field

near the cathode, but will increase with great rapidity when we

get to the weaker parts. Thus if ionisation were accompanied by

luminosity the places close to the cathode where the electric field

is strong would be dark, while the luminosity would increase with

very great rapidity in the places more remote from the cathode

where the electric field is weaker ; the increase would be so rapid

that the contrast and line of demarcation between the light and

dark places would be sharply marked.

The sharp contrast between the very feeble luminosity in the

dark space and the brightness of the negative glow, is an illustra-

tion of the abruptness with which the luminous discharge starts

into existence and to which we have already alluded on p. 480.

A slight increase in the strength of the electric field or of the

current may make all the difference between a brightly luminous

•discharge and one which is hardly visible.

The transition from a non-luminous to a luminous discharge

•depends on the current density of the stream of corpuscles as well
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as upon the strength of the electric field, thus the boundary of

the negative glow on the cathode side will be a surface where the

current density is constant as well as the potential. Thus while

there is any space on the cathode not covered by the negative

glow, the current density will remain constant all over the negative

glow and any increase in the total current through the tube will

be accompanied by a corresponding increase in the area of the

cathode covered by the negative glow. When the cathode is

entirely covered by the glow an increase in the current must be

accompanied by an increase in the current density, and this

increase is accompanied by a considerable increase in the cathode

fall of potential. One cause of this increase is the increase in the

density of the free electricity in the region round the cathode

;

this increase will make the changes in electric potential as we

move up to the cathode more rapid.

The densit}^ of the current at the cathode when the negative

glow does cover the electrode is constant, and as Stark* has

shown depends upon the pressure, it increases with the pressure

for all gases, and for air, as Stark and H. A. Wilsonf have shown, it

is directly proportional to the pressure. The following considera-

tions will show that we should expect the limiting current density

to increase with the pressure. Let the dischai'ge take place

between two parallel plates at right angles to x, let V be the value

of the potential at a distance x from the cathode, p the density of

the free electricity, then

Now the structure of the region round the cathode is approxi-

mately on a scale proportional to X, the mean free path in the gas,

so that y = f[z-] where/ does not depend upon the pressure, since

1/X. is proportional to p we may write V = F(a'2)) = F {^), hence

thus for the same value of ^, i.e. at corresponding points, p will be

proportional to the square of the pressure ; thus the density of the

ions in the neighbourhood of the cathode rapidly increases with the

* Stark, Fhijsikdlische Zeitsch. iii. p. 274, 1902.

t H. A. Wilson, Fhil. Mag. [vi], iv. p. 602, 1902,
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pressure, the current however will be proportional to the product

of the density of the ions and their velocity : we have seen that

an increase of pressure produces a great increase in the density ; if

the strength of the electric field remained the same an increase in

the pressure would diminish the velocity; the greatest effect the

pressure could produce would be to make the velocity vary

inversely as the pressure ; this would only occur if the field were as

strong at low pressures as at high, which is not the case, and even

if it were the diminution in the velocity produced by the increased

pressure would not be sufficient to counteract the increase in the

density of the ions, so that the current would increase with the

density.

300. The scarcity of the negative ions in the strong field clo.se

to the cathode and their rapid increase in the weaker parts of the

field towards the negative glow are strikingly shown in some

experiments made by the writer*. In these a discharge tube was

used similar to that shown in Fig. 182, (7 is a floating cathode

toEiec^rvmeter

cathode

Fig. 182.

J. J. Thomson, Phil. Mag. \i. 1, p. 361, 1901.
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which can be raised or lowered in the tube, A is the anode, and B
a closed metal vessel provided with a window covered with very

thin aluminium foil. The impact of negative ions on this

window was found to generate rays which penetrated the tinfoil

and ionised the gas in the closed vessel. This gas therefore

conducted electricity, and if the electrode B was charged and

connected with an electrometer, the charge leaked from it, the

rate of leaking indicating the amount of ionisation in the gas,

care being taken to charge up the electrode to a sufficiently high

potential to produce the saturation current through the gas. The

rays are very easily absorbed, this is clearly shown by diminishing

the pressure of the gas in the closed vessel B and observing the rate

of leak at different pressures. As long as the rays are entirely

absorbed in passing through the gas in the vessel, the number of

ions in the vessel, and therefore the saturation current, will be

independent of the pressure of the gas; as soon however as the

pressure gets so low that the rays pass through the gas without

much absorption, the saturation current becomes proportional to

the pressure. The following table, which gives the variation of

the saturation current with the pressure, shows that it is not

iintil the pressure gets low that the saturation current is affected

by the pressure, hence we conclude that the radiation produced

by the impact of the negative ions against the window can

only penetrate through a few millimetres of air at atmospheric

pressure

:

Pi'essure in vessel T)

(thickness of vessel 1 cm.)
Saturation current

770 mm.
270 „

100 „

45 „

10 „

5 „

87
90
64
37
11
3

The intensity of the rays produced by these negative ions

depends very much upon the distance of the window from the

cathode. This is clearly shown by the following table, the results

of which are represented by the curve in Fig. 183, in which the

T. G. 38
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ordinates represent the amount of ionisation in the vessel and the

abscissae the distance from the cathode.

'k > ^^

Fig. 183.

Pressure in discharge tube '6 mm. Width of dark space 6 mm.

Distance of window from Ionisation in vessel D
surface of cathode (arbitrary units)

3 21
4 54
5 105
6 195
8 150?
10 180
20 66
30 40
40 25

It will be seen that the effect of the rays produced by the impact

is small close to the cathode, increases very rapidly as we approach

the negative glow, attains a maximum in the glow, and then

quickly drops down to a very small value; in fact the effect

produced by the collision of the negative ions against the window
varies in the same way as the amount of ionisation produced
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according to the theory given on p. 590, by the collision of the

corpuscles with the molecules of the gas.

The fact that the ionisation inside the vessel D increases

and decreases with the luminosity in the discharge might lead to

the suspicion that the ionisation inside D was not due to rays

generated by the impact of negative ions against the window, but

to the light coming from the gas ; that it is in reality due to the

former and not to the latter cause is shown by the following experi-

ment. The tube was placed in a field of magnetic force, the lines

of magnetic force being parallel to the window in the box D ; the

magnetic field concentrates the negative glow and increases its

luminosity, so that if the ionisation in the box were due to the

luminosity and nob to the impact it should be increased by the

magnetic field ; on the other hand, since the negative ions move
parallel to the lines of magnetic force, and therefore parallel to

the window, the impact of the ions against the window is stopped,

so that if this is the cause of the ionisation inside the box it

.should be very much diminished by the field; on trying the

experiment it was found that the magnetic field almost entirely

stopped the ionisation.

301. On the theory we are discussing the negative glow is

due to the ionisation brought about by collisions between mole-

cules of the gas and corpuscles which have started some distance

fi-om the cathode, such corpuscles being the descendants, so to

speak, of the corpuscles which started from close to the cathode

and which move with very much greater velocity than the glow-

producing corpuscles which have started in a much weaker

electric field. The thickness of the dark space will evidently be

greater than the mean free path of a corpuscle, for this would be

the approximate magnitude of the dark space if the negative

glow were produced by collisions with the corpuscles from the

cathode ; the greater the mean free path the further will the

negative glow be from the cathode, and we should expect from

the preceding theory a linear relation between the thickness of the

dark space and the mean free path.

The corpuscles which start from close to the cathode being

but little absorbed may sometimes pass right through the negative

glow, as in the case of the discharge studied by E. Wiedemann

38—2



596 THEORY OF THE DISCHARGE [XVII

and represented in Fig. 144, p. 528. These corpuscles are the

cathode rays which we shall discuss in chapter XIX.

302. When ionisation takes place in the region round the

cathode the positive ions move towards the cathode, while the

negative ones move away from it ; this produces an excess of

positive electricity in the gas near the cathode. In consequence of

this positive charge the electric force diminishes as we recede from

the cathode. When the electric field sinks below a certain value

it can no longer communicate to the corpuscles sufficient energy

to make them act as ionisers, so that after the field has sunk to

this value the ionisation will cease ; it would be more accurate to

say that the ionisation will cease soon after the field has reached

this value, for the corpuscles may retain for some little distance

the energy they acquired in stronger parts of the field and so

continue to act as ionisers for a short distance in the weak field.

The limit of the negative glow, furthest from the cathode, marks

on our view the place where the current of corpuscles and their

velocity sink below the values required to produce luminosity.

303. Let us now consider what would happen in the gas

between the anode and the negative glow g. Let us suppose for

a moment that there is no ionisation taking place between g and

the anode. Then as the current will be carried by ions dragged

by the electric field from the region of ionisation between g and

the cathode, all the ions between g and the anode will be negative

ions, so that there will be a negative charge in the gas to the

left of g ; but a negative charge involves an increase in the electric

force as we go fi'om g towards the anode, and if the anode is far

enough away the electric field may increase to such an extent

that it is again able to give to the negative corpuscles sufficient

kinetic energy to make them ionisers. When this happens the

gas again becomes luminous, and we have in fact a repetition of

the process occurring in the negative glow. The increased ionisa-

tion in the luminous part of the discharge will diminish the

strength of the electric field until this gets so weak that no further

ionisation takes place, the luminosity again ceases and the current

will again, as in the Faraday dark space, be carried by ions pro-

duced elsewhere ; there will also, as in that space, be an excess of

negative ions, this will cause the electric force again to increase.
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ionisation accompanied by luminosity will recur, and the process

will be repeated right up to the anode ; we thus get bright and

dark patches as in the striated positive column. On this view the

luminous portions of the striations correspond to the negative

glow, the intervening dark spaces to the Faraday dark space, the

process taking place along the positive column being a repetition

of that taking place near the cathode. The similarity between

the striated positive column and the phenomena at the cathode has

been insisted on by several observers, notably by Spottiswoode and

Moulton*, Goldstein
-f-,

and Lehmann;]:. Goldstein's statement is

very clear and explicit, he says, " Jede einzelne Schicht des posi-

tiven Lichtes ist ein dem frliher sogenannten negativen oder

Kathodenlichte entsprechendes Gebilde, und das geschichtete

positive Licht besteht eigentlich aus einer Aufeinanderfolge von

Komplexen negativen Lichtes§." Several observers have regarded

the behaviour of the positive column as necessarily implying a

discontinuity in the discharge. Thus Spottiswoode and Moulton

from the behaviour of the striated column liken the transmission

of electricity along the positive column " to an action consisting

of an independent discharge from one stria to the next, and the

idea of this action can perhaps be best illustrated by that of a line

of boys crossing a brook on stepping stones, each boy stepping on

to the stone the boy in front of him has left." On the view we
have indicated above a striated discharge need not necessarily be

discontinuous.

304. We saw in Art. 43 that when the velocity of the ions

is proportional to the electric force the curve representing the

relation between the electric force at a point and the distance of

that point from one of the electrodes is convex to the axis when
the ionisation in the gas is greater than the recombination of the

ions, and concave when it is less. The curve representing the

distribution of electric force along the striated positive column is

however (see Fig. 149) concave at the bright parts of the stria

where we have supposed the ionisation to be greatest, and convex

at the dark parts where the ionisation is least. In a case, however,

* SiDottisvvoode aud Moulton, I'liil. Trans, rait i. p. 20.'), 1871).

t (ioldstein, Wied. Ann. xi. p. 831, 1880 ; xii. i)p. 90, '24'.), 1881.

J Lehmann, Die Elektrischen Eutladungcn.

§ Goldstein, Berlin. Monatsher. May 4, 187(1.
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like that of a striated discharge where the pressure of the gas is

low, and the free path of a corpuscle therefore considerable, the

velocity of a corpuscle at a point will depend not only upon

the magnitude of the electric force at that point, but also upon

the forces which acted upon it before it reached the point : thus

the conditions upon which the investigation in Art. 43 is based

need not apply in this case.

Case luhen the discharge is not striated and the positive column

is of uniform intensity.

305. The corpuscles are continually recombining, so that

unless there is fresh ionisation their number must continually

diminish : if the rate of ionisation is equal to that of recombina-

tion the number of corpuscles will remain constant. Thus if,

when the ionisation begins at the anode end of the Faraday dark

space, the strength of the field is such that the number of ions

produced by it in unit time is just equal to the number which

recombine in that time, the number of ions, the strength of the

field, the amount of ionisation, and therefore the luminosity will

be constant all along the line of discharge, and we shall have the

case of the uniform positive column. The diminution in the

electric force which occurs when the current is increased (see

p. 558) follows from the principle (see p. 480) that ionisation

takes place more easily when the current density is large than

when it is small.

Anode fall of potential.

306. Let us consider a point P close to the anode A, then the

current at P is carried by negative corpuscles produced further

from the anode than P and by positive ions either coming out of

the anode or produced from the gas between P and A. That a

considerable supply of positive ions is produced within a short

distance of the anode is proved b}- the fact that in the uniform

positive column the electric force is constant within a short

distance of the anode, and when this is the case there are as many

positive as negative ions per unit volume of the gas. Thus if the

ions are produced in the gas the ionisation in the gas near the

anode must be so intense that in an exceedingly thin layer of gas
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there are sufficient positive ions produced to neutralise the

electrostatic effect of the negative ones moving up to the anode.

Now under these conditions, if i is the current, k^, Jc.2, the

velocities of the positive and negative ions respectively, the

number of positive ions which cross unit area of the uniform

positive column in unit time is k\il(ki + ko)e, where e is the

charge on an ion. Suppose lu is the work required to ionise a

molecule of the gas, then in the thin layer referred to an amount

of work equal to wkii/(k^ + h) e must be done by the electrical

field in unit time ; but if V is the difference of potential between

the two sides of this layer (one of these sides is the anode), the

electrical work done in unit time is Vk^ijik^ + k^, since the

quantity of negative electricity entering this layer in unit time

is k^ij^ki + k^; hence supposing all the electrical work is spent

in ionising the gas, we have

Vkd _ k^wi

{k, + h) " (k, + k^)e'

or Ve = — lu;

this is an inferior limit to V, since it is obtained on the assumption

that all the work is spent in ionising the gas : we have thus a

finite drop in the potential at the anode. If we proceed on the

other supposition, that the positive ions come from the anode, just

as we have seen positive ions do come out of metal, or out of the

gases absorbed by metal when the temperature is above a dull

red heat, the preceding investigation will still apply, if w stands

for the energy required to eject an ion fi'om the metal, so that

in this case again there is a finite drop of potential at the

anode. On this view if we produce independently of the electric

field a discharge of positive ions from the anode we ought to

diminish the anode fall of potential. I have found that this is the

case. Aluminium phosphate when heated to redness gives out

a large supply of positive ions. I found that when the anode in a

discharge tube was a wire coated with aluminium phosphate and

heated to a red heat, the anode fill was greatly reduced.

It ought to be noticed that unless positive ions come from the

anode the ordinary method of measuring the anode fall by

determining the potential of a wire in the gas near the anode is



600 THEORY OF THE DISCHARGE [XVII

not reliable, as in this case there will only be negative ions round

the wire and its potential will not be that of the gas (see p. 531).

Action of magnetic force upon the discharge.

307. We have seen (see Art. 57) that when a charged

particle moving through a gas is acted upon by both electric and

magnetic forces, it will follow the lines of magnetic and not of

electric force, provided RH is a large quantity ; here H is the

magnetic force, and R the velocity acquired by an ion under unit

electric force. Another way of expressing the same result is to

say that a charged particle, moving with the velocity v, will follow

the lines of magnetic force if mv/eH, the radius of the circle into

which the path of a free particle is bent when moving at right

angles to the magnetic force, is small compared with the mean free

path of the particle. The result when put in this form is obvious,

since (see p. 106) the free paths of the particles are spirals round

the lines of magnetic force, and as the radii of these spirals are

small compared with the length of the mean free path the only

direction in which the particles make any appreciable progress is

that of the magnetic force. The negative particles will be much

more likely than the positive to follow the lines of magnetic force

;

for in the first place, the mean free path of the negative particles

is greater than that of the positive, and secondly, the value of m/e

is much less for the negative than for the positive particles. Thus

we may expect the negative particles to follow the lines of

magnetic force, even when the motion of the positive ones is but

little affected by the magnetic field. The tendency of the negative

particles to follow the lines of magnetic force is strikingly shown

by the behaviour of the negative glow in a strong magnetic field,

when as Plllcker has shown (see p. 572), the boundary of the glow

coincides with a line of magnetic force.

308. Since the negative particles are much more affected

than the positive by a magnetic field, if the proportion of the

current carried by the negative ions varies at different points in its

course the current will be much more deflected by the magnetic

field in some places than in others. This is exactly what happens

in the striated discharge ; for suppose A and B are the bright

parts of two consecutive stria, then since by hypothesis there is
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ionisation in A, many more negative particles will leave A from the

anode side than enter it from the cathode side ; thus the proportion

of the current carried by the negative ions will be much greater

on the anode side of the bright patches than on the cathode

side ; the portion of the current on the anode side of a bright

patch will therefore be much more affected by the magnetic field

than that on the cathode side : the general effect of this will

be much the same as if the current were discontinuous, and

this, as we have seen (see p. 597), corresponds to the behaviour

of the striated column in the magnetic field.

Effect of a constriction in the tube.

309. Goldstein (see p. 568) has shown that on the anode side

of a constriction we get negative glow ; this is what we should

expect on the preceding theory, for the electric force in the

constriction will be greater than in the wider parts of the tube

:

there are several lines of reasoning by which we may show that

this must be the case ; in the first place the current density in the

constriction is greater than in the rest of the tube ; thus if there

are in the constricted part the same number of ions per cubic

centimetre as elsewhere, the velocity of the ions must be greater

;

for this to be the case the electric force must be greater also ; or

again, if the density of the ions is greater in the constriction than

in the wide parts of the tube, then since the ions are produced by

the electric field the larger number of ions will involve a more

intense electric field. Thus, as the force in the constriction is

greater than in the rest of the tube the corpuscles which emerge

from the constriction on the anode side will in the constriction

have acquired a large amount of kinetic energy, and will therefore,

like the corpuscles in the negative glow, produce great ionisation

with its attendant luminosity.

Another reason for the electric force in a narrow tube exceed-

ing that in a wide one is that in a narrow tube the loss of ions by

diffusion to the walls of the tube is greater in the narrower tubes.

When the discharge is in a steady state the rate of production of

ions must equal the rate at which they disappear. In an open

vessel the ions disappear by recombination with other ions or with

molecules of the gas, but in tubes some of the ious diffuse to the
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sides of the vessel and become neutralised ; the narrower the tube

the greater will be the loss from this cause. Thus since the rate

of disappearance of the ions is greater in narrow tubes than in

wide ones the rate of production and therefore the electric force

must also be greater. When the effect of diffusion is neglected we
saw (p. 497) that for a steady state

F{Xe\,i) = -/.

When we take diffusion into account we can easily show that this

equation is modified into the form

F{Xe\,i) = ^/^Aj^j^,

when k^ is the velocity of the negative ion under unit electric force,

\ the mean free path of the negative ion, d the diameter of the

tube and A a constant. If F{XeX) is a linear function of XeX
this equation may be written

^ -Ci ^
p a^pA

when G and D are constants. In wide tubes for small currents

X is approximately proportional to the pressure.

Entladungstrahlen.

310. E. Wiedemann* discovered that an electric spark emits

something which is propagated in straight lines, is stopped by all

solids and liquids, and which possesses the power of exciting thermo-

luminescence (see page 624) in suitable bodies; he called this

radiation from the spark ' Entladungstrahlen.' Hoffmann *|*, who

subsequently investigated this question, showed that 'Entladung-

strahlen ' are emitted by discharges through vacuum tubes as well

as by sparks, and that this radiation is not deflected by a magnet

;

he found that the radiation is absorbed by carbonic acid gas to a

much greater extent than by oxygen. The writer| showed that

these ' Entladungstrahlen ' possess the power of ionising the gas

through which they pass, so that a part, though often only a small

part, of the ionisation in the tube is due to these rays. The rays

* E. Wiedemann, Zeitschr. f. Electrochemie, p. 159, 1895.

t Hoffmann, Wied. Ann. Ix. p. 269, 1897.

% J. J. Thomson, Proc. Camb. Phil. Soc. x. p. 74, 1899.
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are given out by the luminous parts of the discharge, i.e. by the

luminous positive column and especially by the luminous parts of

the discharge near the cathode ; they are not, however, given out

by the Faraday dark space. As these rays help to ionise the gas

the whole of the ionisation has not to be done by the collisions

;

so that the strength of the field required to produce discharge

will be a little less than that calculated on the collision hypothesis
;

the difference will increase with the strength of the current, so

that the Entladungstrahlen would tend to make the potential

gradients in the tube diminish as the strength of the current

through the tube increases.

311. We shall see that when the motion of a charged ion is

accelerated the ion emits radiation analogous to Rcintgen rays,

the energy emitted per unit time being 2e'y-/3F, where e is the

charge on the ion, f its acceleration, and V the velocity of light.

As the ions carrying the current in the discharge tube are con-

tinually being accelerated by the electric force, and frequently,

in addition, have their velocities suddenly altered by the collisions

they make with the molecules of the gas, during which time their

accelerations are very great, they will emit radiation, which will be

most intense where the electric force is greatest ; this radiation is,

I tiiink, Wiedemann's Entladungstrahlen.



CHAPTER XVIII.

THE ELECTRIC AEC.

312. In the electric spark and the discharge from a point the

difference of potential between the electrodes is several hundred

volts, while the current is only a fraction of a milliampere ; in

the case we now proceed to consider,—the electric arc,—where the

electrodes are in a state of incandescence, the potential difference

is very much smaller, while the current is enormously greater,

often amounting to many amperes. We can produce the arc

discharge if we take a battery of cells of small resistance, numerous

enough to give a potential difference of 60 to 80 volts, and connect

the electrodes with two carbon terminals which are at first pushed

against each other, a current of electricity flows through the

carbons and warms the junction; if while the current is still

passing the carbons are drawn apart a bright discharge which

may carry a current of many amperes passes from one carbon

terminal to the other. This discharge, which is called the electric

arc, is characterized by intense heat and light which make it of

great practical importance. The main sources of the light are

the extremities of the carbon rods which are in a state of vivid

incandescence. The temperature of the extremity of the positive

terminal is much higher than that of the negative ; according to

Violle* the temperature of the former is about 3500° C, that of

the latter about 2700° C, while the temperature of the arc itself

he found to be higher than that of either terminal. The terminals

if similar to begin with soon present marked differences in their

appearance, the extremity of the positive terminal gets hollowed

out into a crater-like shape, while the negative terminal if pointed

to begin with remains so. Both terminals in general lose weight,

the positive, however, far more than the negative. The appearance

of the terminals is shown in Fig. 184; these figures are due to

* Violle, Comptes Rendus, cxv. p. 1273, 1892.
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Mrs Ayrton*. a and b represent the appearance when the arc js

quiet, d when it is giving out a hissing sound; in some casis a

mushroom-shaped body forms at the end of the negative termini].

Fig. 184.

The temperature of the crater of the positive terminal remains

practically constant even when the current varies, thus Waidner

and Burgess-f- found that when the current was increased from

1.5 to 30 amperes the temperature of the anode only increased

by 70°; an increase of current increases the area of the luminous

crater, but the amount of light given out by each unit area

remains unaltered ; the temperature of the crater is probably

the temperature at which carbon melts or volatilizes. E. W.
Wilson

:|:
has shown that when the arc passes through gas at a

very high pressure, say 20 atmospheres, the luminosity of the

positive crater is sensibly less than at atmospheric pressure ; in

a later paper he gives reasons for thinking that this may be

explained by the increased absorption of light by the gas

surrounding the arc.

Connection between the difference of potential between the

electrodes, tJie length of the arc, and the current.

313. If V is the potential difference between the terminals,

I the length of the arc, Frohlichf showed that the linear relation,

V = m + nl,

* Mrs Ayrton, I'roc. Inst. Electrical Engineers, xxviii. p. 400, 189'.).

t Waidner and Burgess, Fhys. Rev. xix. p. 241, 1904.

+ E. W. Wilson, Proc. Roy. Soc. Iviii. p. 174, 1895 ; Ix. p. 377, 1897.

§ Frohlich, Elektrotechnische Zeitschrift, iv. p. 150, 1883.
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where m and n are constants, i.e. independent of I, exists between

V -nd I. Mrs Ayrton* has shown that both m and n are functions

of the current i passing through the arc, and that

V=a + ^ + {y + -.

where ol, /3, y, S are constants.

Ayrtonf made a long series of experiments on the relation

between the potential difference and the current through the arc

;

some of the curves representing the results of these experiments

are given in Fig. 185, where the ordinates represent the potential
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difference and the abscissae the current ; it will be seen from

these curves that for a quiet arc an increase in current is accom-

panied by a decrease in the potential difference, while in the

hissing arc the potential difference is independent of the current.

The constants m and n in Frohlich's formula have been

measured by several experimenters, by Frohlich himself, Edlundj,

* Mrs Ayrton, The Electric Arc, chap. iv.

t W. E. Ayrton. Mrs Ayrton, The Electric Arc.

t Edlund, Pogg. Ann. 134, pp. 251, 337, 1868.
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Peukert*, v. Langf, Gross and Shephard;!:, Nebel§, Arons||,

Lngginl ; for carbon electrodes in air at atmospheric pressure m
is about 39 volts, varying somewhat with the size and purity of

the carbons ; it is diminished by soaking these in salt solution

;

the value of n given by difterent experimenters varies considerably,

this may be due to their having used currents of different inten-

sities, as Mrs Ayrton has shown that it depends upon the current,

diminishing as the current increases. When metallic instead of

carbon terminals are used the value of m depends upon the metal

being in general larger the higher the temperature at which the

metal volatilizes; the values in volts found by v. Lang** for m for

terminals of different substances are as follows : C = 35, Pt = 27 '4,

Fe = 25, Ni = 26-18, Cu = 23-86, Ag= 15*23, Zn = 19-86, Cd = 10-28.

Lechertt gives Pt = 28, Fe = 20, Ag = 8. Arons++ found for Hg the

value 12-8, in this case the fall of potential along the arc itself

was abnormally small. In interpreting these results it is important

to notice that with some terminals the arc is intermittent.

Lecher has shown that this is the case with iron or platinum

terminals, and Arons that it is so with mercury terminals; no

intermittence has been detected with carbon, silver or copper

terminals. The potential differences given above are mean values,

and if the arc is intermittent they may differ greatly fi'om the

actual potentials during the passage of the arc.

If the two terminals are of different materials the potential

difference may depend upon the direction of the currents; this

is especially the case when one of the electrodes is carbon and the

other metal ; the arc passes much more easily when the carbon is

the negative terminal and the metal the positive one than it does

in the opposite direction. So marked is this effect that if such

a pair of terminals is connected up with an alternating electro-

motive force the arc may pass only in the direction in which the

carbon is the negative terminal, the potential difference being

* Peukert, Zeitschrift filr Elektrotechnik, Wieii, in. p. Ill, 1885.

t V. Lang, Wied. Ann. xxvi. p. 145, 1885 ; xxxi. p. 384, 1887.

J Gross and Shephard, Proc. Amer. Acad, of Sciences, 1886, p. 2.

§ Nebel, Centralhlatt fur Elektrotechnik, viii. pp. 517, 019, 188G.

II
Arons, Wied. Ann. Iviii. p. 73, 1896.

1[ Luggin, Wien. Ber. xcviii. p. 1192, 1889.

** V. Lang, Wied Ann. xxxi. p. 384, 1887.

+t Lecher, Wied. Ann. xxxiii. p. 609, 1888.

XX Arons, Wied. Ann. Iviii. p. 73, 1896.
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insufficient to drive it the opposite way. For experiments on this

point we may refer to papers by Blondel*, by Duddell and

Marchantf, and by Eichberg and Kallir^.

Non-arcing Metals.

314. With some metals as terminals the arc has a great

tendency to go out and is only maintained with difficulty ; brass,

cadmium, and bismuth are examples of such metals; in some cases

this is a very useful property, it has been investigated by Wurtz|:

a great deal depends upon the size and shape of the electrodes, as

well as the material of which they are made ; conditions which

promote a rapid flow of heat from the hot extremities of the

terminals are favourable to the extinction of the arc.

Effect of pressure on the potential difference in the

arc discharge.

315. The potential difference is not independent of the pres-

sure of the gas through which the arc passes. Duncan, Rowland

and Todd
1

1 have made an extensive series of experiments on this

50
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Fig. 186.

* Blondel, Comptes Rendus, 127, p. 1016, 1898; 128, p. 727, 1898.

t Duddell and Marchant, Inst. Elect. Eng. xxviii. p. 1, 1899.

+ Eichberg and Kallir, Wien. Sitz. 107, p. 657, 1898.

§ Wurtz, Lmn. El. xlv. p. 79, 1892.

Ii
Duncan, Rowland and Todd, Electrician, xxxi. p. 60.
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point ; the results of some of their experiments are represented

graphically in Fig. 186 : it will be seen from the curves that for

short arcs the potential difference increases continuously with the

pressure, while for longer arcs there is a critical pressure at which

the potential difference is a minimum; this critical pressure seems

to increase with the length of the arc.

Hoerburger* has also determined the effect of pressure on the

potential difference ; he finds the potential difference to diminish

with the pressure of the surrounding gas until this Mis to a

certain value, in his experiments 1 mm. of Hg, when the potential

difference becomes independent of the pressure.

Effect of the nature of the gas on the potential difference.

316. The nature of the gas affects the arc, thus it is difficult

to get good arcs in pure hydrogen ; this may be due in part at least

to the more rapid convection of heat from the terminals in this gas.

Aronsi* has measured the potential difference required to produce

an arc 1'5 mm. long, carrying a current of 4'.5 amperes between

terminals of different metals in air and pure nitrogen ; his results

are given in the following table

:

Terminal

Potential difference

Terminal

Potential difference

Air Nitrofjen Air Nitrogen

Ae 21

23
•2b

27
29

1

21

21
•^0

20

Pt 36
39

30
27
18

22

Zn Al
Cd Pb
Cu Mg
Fe

1

The case of silver is interesting as, though it g'.s^es good arcs

in air, Arons could not obtain an arc in pure nitrogen ; he ascribes

this to the absence of any chemical combination between the

silver and the nitrogen ; he was able in the case of the other

metals to get evidence of the formation of nitrides. With the

* Hoerburger, Beiblatter xxix. p. 883, 1905.

t Arons, Ann. der Phijs. i. p. 700, 1900.

T. G. 39
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exception of copper the potential differences in nitrogen are smaller

than in air, the difference being very noticeable in the cases of

iron and aluminium.

Arons also made a series of experiments in hydrogen, but

found the greatest difficulty in producing the arc in this gas, and

could only obtain it by using large currents and having the gas at

a low pressure; cadmium, zinc, and magnesium gave the best arcs

in hydrogen.

We must in the case of the arc remember that since the metal

or the carbon volatilizes the arc goes through a mixture of the

vapour of the metal and the air, nitrogen or hydrogen in which

the terminals are immersed, so that the conditions of the experi-

ment are very complicated ; the presence of this vapour makes

ambiguous the interpretation of the effect of changes of pressure

in the gas around the terminals, as we do not know the pressure of

this vapour.

317. The distribution of potential between the terminals

generally shows the following characteristics : there is a consider-

able fall of potential close to the anode, a smaller one close to the

cathode, and a very gentle potential gradient in the space between

the terminals ; the general nature of this distribution is shown by

the curve in Fig. 187 : the curve shows many of the characteristics

Cathode Anode
Fig. 187.

of the distribution of potential between two hot electrodes in

flames ; see p. 233.
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Luggin* found that with carbon terminals and a current of

15 amperes there was a fall of potential of 33'7 volts close to the

anode, and one of 8-7 close to the cathode. The difference between
the potential falls at the anode and cathode is not so large with

iron or copper electrodes as it is with carbon. With mercury

terminals Arons found that the cathode fall was 5*4 volts, the

anode fall 7'4 volts. When the current is increased so much
that the discharge passes from the quiet to the hissing arc there

is a sudden fall of potential. Lugginf and Mrs Ayrton:|: have

shown that this diminution in the potential occurs almost entirely

at the anode, the potential gradients in the other parts of the

discharge being but little affected.

318. Some experiments which are very suggestive as to the

23arts played by the two terminals in the arc discharge have been

made by Fleming^. In these experiments a third exploring carbon

electrode was used which was either inserted in the arc, or what was

often more convenient, placed outside the undisturbed path of

the arc, and the arc directed on to it by means of a magnet.

Fleming found that when the third terminal was connected

with the negative terminal of the arc by a circuit which con-

tained a battery of a few cells and a galvanometer to register the

current, a current passed round the circuit under a very small

electromotive force when the direction of the current was from

the cold electrode placed in the arc through the arc to its negative

terminal and then through the galvanometer, but that it would

not pass in the other direction : another way of stating this result

is to say that with one electrode hot and the other cold, a current

•can pass in the direction in which the negative electricity comes

from the hot electrode into the gas, but not in the other direction.

Thus although in ordinary arcs the positive terminal is the hotter,

this experiment shows that a high temperature of the negative

•electrode is the essential condition for the arc discharge, and that

if we can keep the temperature of the negative terminal up by

independent means we can get a discharge, even although the

* Luggin, Ccnlralhlatt fiir Elehtrotechnik, x. p. 567, 1888.

+ Luggin, Wien. Sitz. xcviii. p. 1192, 188'.).

X Mrs Ayrton, The Electric Arc.

§ Fleming, Proc. Roy. Soc. xlvii. p. 123, 181)0.

39—2
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temperature of the positive electrode is comparatively low. No
arc, however, will pass if the negative terminal is cold.

Fleming found that if he connected the exploring electrode

up to the positive electrode, without introducing any battery into

the circuit, enough current passed through the exploring electrode

to ring an electric bell or light an incandescent lamp placed

between the electrode and the positive terminal ; but that no

appreciable current passed if the electrode were connected with

the negative instead of the positive terminal : this result indicates

that the potential of the spare electrode is brought nearly to an

equality with that of the cathode. From these experiments

Fleming concluded that the arc discharge consists of a torrent

of negatively electrified particles of carbon shot off from the

cathode, these carry the current and striking with great violence

against the anode hollow it out, just as a body is hollowed out

when struck by a sand blast.

319. The phenomena connected with the discharge of

electricity from incandescent bodies (see Chapter VIII.) seem to me
to indicate a somewhat different explanation of the arc discharge.

We saw that an incandescent body such as a piece of carbon, even

when at a temperature far below that of the terminals in the arc

discharge, emits negatively electrified corpuscles at a rate corre-

sponding to a current of the order of an ampere per square

centimetre of incandescent surface, and that the rate of emission

increases very rapidly with the temperature ; thus at the tem-

perature of the negative carbon in the arc the rate of emission

probably corresponds to a current of a large number of amperes

per square centimetre of hot surface. If then a piece of carbon

were maintained by independent means at this high temperature

and if this were used as the negative electrode, a current could

be sent through a gas to another electrode, whether this second

electrode were cold or hot.

Let us first suppose that the anode is cold, then the current would

be carried entirely by negative ions, there would be free negative

ions in the space between the electrodes, these would cause the

electric force to increase as we pass from the cathode to the anode

and would make the current increase rapidly with the potential

difference. Now suppose that the anode becomes hot and that
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there is some gas in contact with it which can be ionised, yield-

ing a supply of positive ions ; this current will no longer be

carried entirely by negative ions, though inasmuch as (p. 242)

the velocity of the negative ion at these high temperatures is

very much greater than that of the positive, by far the larger part

of the current is carried by the negative ions. The presence of

the positive ions, however, modifies very considerably the distri-

bution of potential between the electrodes : the positive ions

diffuse into the region of the discharge until they are sensibly

equal in number to the negative ions ; when this is the case the

electric force is sensibly uniform between the terminals except close

to the electrodes, and we have a distribution similar to that given

in Fig. 52, p. 233, which is taken from a paper by H. A. Wilson on the

conductivity through hot gases, and represents the distribution of

potential between two hot electrodes : by comparison with Fig. 187

it will be seen that this bears a great resemblance to the distri-

bution of potential between the terminals in the arc discharge.

The view we take of the arc discharge is that it is similar to the

discharge between the incandescent terminals just considered, the

only difference being that in the flame the temperature of the

terminals is maintained by independent means, while in the arc it is

maintained by the work done by the discharge itself; this requires

that the potential difference between the electrodes and the

current passing between them should not sink below certain values.

On the other hand, when the temperature is maintained by external

aid the smallest potential difference is able to send a current.

On this view the cathode is bombarded by the positive ions

which maintains its temperature at such a high value that negative

corpuscles come out of the cathode ; these, which carry by far the

larger part of the arc discharge, bombard the anode and keep it

at incandescence ; they ionise also either directly by collision or

indirectly by heating the anode, the gas or vapour of the metal of

which the anode is made producing in this way the supply of

positive ions which keep the cathode hot. It will be seen that

the essential feature in the discharge is the hot cathode, as this

has to supply the carriers of the greater part of the current in the

arc ; the anode has in general to be hot, otherwise it could not

supply the positive ions which keep the cathode hot ; in such a

case as that of a third electrode put in the arc and acting as

one of the anodes we may regard the discharge as having two
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anodes, and as one is sufficient to keep the cathode hot we

can get the arc to pass to the other anode even although it

is cold*.

We can trace the transition from the glow to the arc discharge

very conveniently by using as cathode a lime-covered platinum

Avire heated to redness by an electric current and having a thermo-

j unction fused on to the platinum to measure the temperature;

the anode is a cold metal plate and the gas in the discharge tube

was at a low pressure. The electrodes are connected up with a

battery of cells, and the number of cells in the battery gradually

increased. The early stages when the number of cells is small

has already been described (see p. 477); in these stages the

temperature of the cathode is not appreciably increased by the

current ; if the number of cells in the battery is steadily increased

a stage is reached when the temperature of the cathode begins to

increase ; the increase in the current through the tube is now very

rapid, while the potential difference between the anode and

cathode, in spite of the increase in the electromotive force in the

rest of the circuit, falls very quickly ; the increase in the tempera-

ture of the cathode and the current through the tube goes on

with great rapidity, the cathode soon gets quite hot and the

current rises from a few milli-amperes to several amperes, the

potential difference between the cathode and anode falling to

about 30 volts. The high temperature of the cathode is due to

its bombardment by positive ions ; at this stage we may switch

off the current used to heat the cathode, and the cathode will

remain hot and the arc continue to pass.

If we raise by the current the temperature of the cathode to

a white heat before applying the field the arc will begin almost

immediately ; the experiment in this form is difficult as the wire

cathode has to be thin if it is to be made hot enough by the

current and generally melts after the arc has passed for a few

seconds.

320. The conditions that determine the current when a

given electromotive force acts round the whole circuit of the

* Stark, in a paper (Ann. der Phys. 12, p. 673, 1903) published almost simul-

taneously with the first edition of this book, gave a theory of the arc which in its

main features agrees with that just given. See also Stark and Cassuto, Phys.

Zeits. V. p. 264, 1904
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arc are that the work supplied to the cathode and anode should

be sufficient to maintain them at incandescence. Although we
have not the data which would make a numerical calculation

possible, yet an expression in an analytical form of these con-

ditions may serve to make the preceding theory clearer and more

definite.

We have seen that the number of corpuscles emitted in one

second by unit area of a hot body increases very rapidly with the

temperature, being represented with considerable accuracy by

a formula of the form AS'-' e , where 6 is the absolute temperature;

we shall call this function f(6), then if d is the temperature and

tuj the area of the luminous part of the cathode the number of

corpuscles coming from the cathode in one second is equal to

co^f(O). If i is the cun-ent, R^, R.^ the velocities of the positive

and negative ions under unit electric force, the part of the

current carried by the negative ions is Rd/iRi + R-.), and this

when divided by e, the charge on an ion, is equal to the number
of negative ions passing a section of the arc per second ; hence

we have

/ATiij = "•'<"> W-

Let us now consider the temperature equilibrium of the

cathode. Let coi<p(6) be the rate at which it is losing heat by

radiation and conduction, w the work expended when the cathode

emits one corpuscle, then to maintain thermal equilibrium the

rate at which energy must be given to the cathode is

tu Ro .

, ,^.

this work has to be supplied by the positive ions coming up to

the cathode in unit time ; the number of such ions is

R, i_

R, + R.e'

We shall suppose that the energy they possess is got in passing

through the fall of potential at the cathode ; let this fall be

denoted by Eg, then equating the rate at which energy is com-

municated to the cathode to the rate at which the cathode is

losing energy we get

^'r;tr.'='" R;TRVe^''''^^^^'
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^^=-eR^''^Rr~r ^'-^-

Let ^1 be the temperature and coo the area of the hot part of

the anode, &)2>|^ (^i) the rate at which it is losing energ}' by

radiation, conduction, and vaporisation, W the amount of work

required to produce a positive ion. ^

The number of positive ions produced in unit time is

R, i

Ri+R^e'

thus the work absorbed per second at the cathode is

The number of negative ions striking against the anode in

unit time is

R., i

R, + R.e'

let us suppose that the energy Avith which they strike against

the anode is that due to passing through the anode fall of

potential E^ ; equating the rate at which the anode is losing

energy to that at which it is gaining it we have

thus £. = Z|=„,t4^)^+ :B^
(3);

6i, as we have seen, does not depend on the current but only on the

material of which the anode is made.

If E is the external electromotive force acting on the circuit,

R the resistance of the leads, then E — Ri is the potential

difference between the arc terminals ; when the arc is so short

that we may neglect the changes in potential along the arc, apart

from those at the anode and cathode, this difference of potential

is equal to Eq+ E^; hence we have

E-Ri = E, + E, (4);

thus we have four equations (1), (2), (3), and (4) to determine the

four quantities 6, i, E^, and E^.

Mrs Ayrton has shown that w^ the area of the crater is a linear

function of the current and may be represented by an equation of
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the form oin = a + hi; if co^ follows the same law then equations (2)

R
and (3) suggest that E^ + E^ will be of the form a + -.

,
whoi-e

a and /3 are independent of i, and this is in accordance with the

results of the experiments made on the relation between the

current through the arc and the potential difference between its

terminals.

321. Taking the equation

E =Ri + a + ^ .(5),

we see that the graph representing this relation is a hyperbola.

E has a minimum value at the point A , this value is

2V'yS^+a.

The portion of the graph to the left of A corresponds to an unstable

state, for suppose the current is changed from ^^) to ?o + x and

Fig. 188.

that there is self-induction L in the external circuit, let E' be the

steady electromotive force due to batteries, &c., in this circuit,

then from (5) we have

at lo + X

or when x is small

dt '

\ ir,

or =:Ce^(^^-*).
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/3 . . .

Now to the left of A, ^- — R is positive, hence x will increase

indefinitely with t and the current will be unstable ; to the right

of A this quantity is negative and x will diminish to zero as the

time increases, the current under these conditions will be stable.

Thus for stability the current cannot be less than its value at A,

i.e. {jSjRY, hence if ?"„,, is the minimum current, E^ the minimum
external electromotive force, we have

4 = (/3/E)i,

^,„ = 2(/3i2)* + a,

or if the external electromotive force is E the arc will go out if

the resistance R in the external circuit is greater than

{E-af

Thus as one numerical example let us take the case of the

arc 6 mm. in length for which the curve representing the relation

between the current through the arc and the potential difference

between the terminals is represented in Fig. 185, page 106 ; from

the curve we find that /3 = 3'4 x 10^ in absolute measure ; we may
take a as about 40 volts, or in absolute measure 4 x 10^ if E the

electromotive force in the external circuit is 80 volts or 8 x 10^

absolute units ; we find that the arc will go out if the resistance

is greater than

16 X 10^«

4 X 3-4 X 108
= 1-2 X 101" =12 ohms.

322. Another way of treating the problem of the arc graphically

is, instead of tracing the curve

E = Ri + F(i),

where F {i) is the potential difference between the terminals of the

arc when it is carrying the current ?', to trace the curve

y = F{i)
and the straight line

y = E-Ri;
if these intersect in two points P and Q (Fig. 189) we can show as

before that the state corresponding to P is unstable, and that the

current under the given external electromotive force and resistance
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is represented by the abscissa of the point Q; if the resistance is ttx*

great the line may not cut the curve at all, while if it is too small

the point Q may be so far away that the corresponding value of

tht' current may be too great for a silent arc and a hissing arc will

necessarily be formed.

CURRENT
Fig. 189.

The minimum current for a given external resistance is got

by finding the point S when the tangent to the curve is parallel

to the line y = — Hi. The current at ;S' is the minimum current,

and the value of OT, T being the point where the tangent at >S

intercepts the axis i = 0, is the minimum external electromotive

force.

To find the maximum value of R for which the arc can exist

under a given external electromotive force E^ take ON=Ei, and

fi-om iV draw a tangent to the curve ; let this tangent cut the

axis y—.O in M, then ON/OM is the required resistance.

Hissing Arcs.

323. When the current is increased beyond a certain value,

th<' potential difference between the terminals tails in the case of
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carbon electrodes by about 8 or 10 volts and does not change when

the current is increased; when in this state, the arc emits a hissing

sound. Mrs Ayrton *, who has made a study of the hissing arc,

has shown that it occin^s when the incandescence of the anode

covers such a large area that it expands beyond the crater up the

sides of the terminal : see Fig. 184, c and a, which represent the

appearance of the arc in the hissing and quiet stages. The hissing

of the arc is closely connected with the oxidation of the terminal

by the air ; for when the incandescence extends up the sides of the

carbon, the glowing carbon is no longer completely protected by

the carbon vapour from oxidation. It is then that the arc hisses.

Mrs Ayrton has shown that if the arc is formed in a closed vessel

an increase of cun-ent ceases to make it hiss as soon as the oxygen

in the vessel has been burnt up ; whenever, however, fresh oxygen

is introduced into the vessel the hissing recommences.

We can see why chemical combination should tend to diminish

the potential difference between the terminals of the arc, for the

heat evolved by the burning of the terminals would tend to

maintain them at incandescence, so that the whole of the energy

required for this purpose would no longer have to be supplied by

the electric field.

Trotterf has shown that parts of the arc are in rapid motion

in the unstable state between the hissing and the quiet arc.

Effect of a magnetic field on the arc.

324. The arc is deflected by a magnetic field in the same

direction as a flexible conductor would be if it carried a current

flowing in the same direction as that through the arc. The curved

course corresponds to a longer path and the effect of the magnetic

field on the potential difference is of the same character as an

increase in the length of the arc, and just as it is possible to

extinguish an arc by increasing its length, so the arc can be blown

out by the application of a strong magnetic field.

* Mrs Ayrton, The Electric Arc.

t Trotter, Proc. Roy. Soc. Ivi. p. 262, 1894.



CHAPTER XIX.

CATHODE RAYS.

325. So many observations have been made on these ra^^s,

and such important conclusions drawn from them, that it is con-

venient to devote a separate chapter to their consideration. We
have already in Chapter XII discussed the reflection and absoi-p-

tion of these rays, in this Chapter we shall consider their other

properties and the methods by which they are produced.

The cathode rays were discovered by Pllicker* in 1859 ; he

observed on the glass of a highly exhausted tube in the neighbour-

hood of the cathode a bright phosphorescence of a greenish-yellow

colour. He found that these patches of phosphorescence changed

their position when a magnet was brought near to them, but

that their deflection was not of the same nature as that of the rest

of the discharge which we have seen he had carefully studied.

Pllicker ascribed the phosphorescence to currents of electricity

which went from the cathode to the walls of the tube and then

retraced, for some reason or another, their steps.

The subject was next taken up by Pliicker's pupil Hittorf+,

to whom we owe the discovery that a solid body placed between

a pointed cathode and the walls of the tube casts a well-defined

shadow, the shape of the shadow only depending upon that of

the body, and not upon whether the latter be opaque or trans-

parent, an insulator or a conductor. This observation was con-

firmed and extended by Goldstein :|:, who found that a well-marked,

though not a very sharjily defined shadow was cast by a small

body near the cathode, whose area was much greater than that of

the body : this was a very important observation, for it showed

* Pliicker, Por///. Ann. 107, p. 77, 1859; 116, p. 45, 18(J2.

t Hittorf, Po(j!j. Ann. 13G, p. 8, 18(59.

X Goldstein, lierl. .Monat. p. 284, 1876.
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that the rays producing the phosphorescence came in a definite

direction from the cathode. If the cathode were replaced by a

himinous disc of the same size no shadow would be cast by a

small object placed near it, for though the object might intercept

the rays which came normally from the disc, yet enough light

would be given out sideways by other parts of the disc to prevent

the shadow being well marked. Goldstein, who introduced the

term ' Kathodenstrahlen ' for these rays, regarded them as waves

in the ether, a view which received much support in Germany.

A very different opinion as to the origin of the rays was expressed

by Varley*, and later by Crookesf, who advanced many and

weighty arguments in support of the view that the cathode rays

were electrified particles shot out from the cathode at right angles

to its surface with great velocity, causing phosphorescence and

heat by their impact with the walls of the tube, and suffering a

deflection when exposed to a magnetic field by virtue of the

charge they carried. The particles in this theory were supposed

to be of the dimensions of ordinary molecules ; the discovery

made by Hertzj that the cathode rays could penetrate thin gold-

leaf or aluminium was difficult to reconcile with this view of the

cathode rays ; although it was possible that the metal when ex-

posed to a torrent of negatively electrified particles acted itself

like a cathode and produced phosphorescence on the glass behind.

The measurements described in Chapter V. of the mass of the

particles carrying the charge show that though the cathode rays

do consist of negatively electrified particles, the particles are not

of the dimensions of even the smallest molecules, having a mass

only about one-thousandth part of that of a molecule of hydrogen.

We shall now proceed to describe the properties of the cathode

rays in detail, beginning with that which led to their discovery,

viz. the phosphorescence they produce when they fall on solids.

326. The colour of the phosphorescent light they produce

when they fall on glass depends upon the nature of the glass

;

thus with soda glass the light is yellowish-green, with lead glass it

is blue. A very large number of bodies become phosphorescent

Avhen exposed to these rays ; indeed, this phosphorescence often

* Varley, Proc. Eoij. Soc. xix. p. 2.36, 1871.

t Crookes, Pliil. Trans. Pt. i. 1879, p. 135 ; Pt. ii. 1879, p. 641.

t Hertz, Wied. Ann. xlv. p. 28, 1892.
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affords a convenient means for detecting the rays : as phosphor-

escence is very easily excited in potassium platino-cyanide a

screen of this substance is often used to detect the rays. The

spectrum of the light given out by bodies when phosphorescing

under bombardment by these rays is generally a continuous one.

Sir William Crookes* has shown that when the cathode rays fall

on some of the rare earths, such as yttrium, the substance gives

out a spectrum with bright bands
;

' he has founded on this obser-

vation a spectroscopic method which is of the greatest importance

in the study of the rare earths +. These earths are luminous

Avhen raised to a high temperature as in the mantles of Welsbach

burners ; there is, however, a marked difference between the

incandescence produced in this way and that produced by cathode

rays ; thus in the Welsbach burner the addition of 1 per cent, of

ceria to thoria increases the luminosity elevenfold as compared

with that of pure thoria. Campbell Swinton j has shown, however,

that it produces no appreciable change in the luminosity under

cathode rays : again, in the flame pure ceria gives about as much
light as pure thoria, while under cathode rays pure thoria gives

a brilliant light, and pure ceria practically no light at all.

327. The impact of the cathode rays produces in some cases

very definite chemical changes ; thus Goldstein § has shown that

the haloid salts of the alkali metals change colour when exposed

to the rays ; thus for example, crystals of rock-salt acquire under

the rays a beautiful violet tint ; this tint is not permanent,

though under certain circumstances the rate of decay is exceed-

ingly slow : thus there are at the Cavendish Laboratory some of

these crystals, which, corked up in a test-tube but not kept in the

dark, have retained a strong coloration for more than seven j^ears :

exposure to moisture causes the colour to fade away rapidly.

Lithium chloride is especially easily coloured ; if a beam of cathode

rays is slowly moved over the salt by a magnet the path of the

beam traces out a coloured band over the surface of the salt.

•Similar changes in colour can be produced by chemical means

;

thus if sodium chloride is heated up with sodium vapour it gets

coloured in much the same wa}' as if it were exposed to cathode

* Crookes, Phil. Trans. Pt. ii. 1879, p. 661.

t Ibid. Pt. ni. 1883; Pt. ii. 1885.

J Campbell Swinton, Proc. lioij. Soc. Ixv. p. 115, 1900.

§ Goldstein, Wied. Ann. liv. p. HTl, 1898.
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rays; the coloured salt is also produced at the cathode in the

electrolysis of haloid salts. The coloured salt also occurs native.

According to E. Wiedemann and Schmidt* the coloration is

due to the formation of a sub-chloride. Elster and Geitel-j-

discovered that these coloured salts are very photo-electric, dis-

charging negative electricity when exposed to light ; behaving, in

fact, as if they contained traces of the free metal. The glass of a

vacuum tube also acquires a violet tint after long use.

328. The power of the glass to phosphoresce is deadened by

long exposure to cathode rays : this is very beautifully shown in

an experiment made by CrookesiJ: ; the shadow of a mica cross

was thrown upon the walls of the tube ; after the discharge had

been running for some time the cross was shaken down or a new

cathode in a different part of the tube was used ; the pattern of

the cross could still be traced on the glass, but it was now brighter

than the rest of the glass instead of darker as before. The

portions outside the original pattern got tired by the bombard-

ment, and so in the second part of the experiment phosphoresced

less brightly than the portions inside the original shadow which

were now bombarded for the first time. Crookes found that this

change in the phosphorescence of the glass persisted even after

the glass had been fused and again allowed to cool.

329. Villard| found that cathode rays exert a reducing action;

thus if they fall upon an oxidised copper plate, the part exposed to

the rays becomes bright. In considering the chemical effects pro-

duced by the rays we ought not to forget that the incidence of

the rays is often accompanied by a great increase in temperatui'e,

and that some of the chemical changes may be secondary effects

due to the heat produced by the rays. Platinum after long

exposure to the rays gets covered with platinum black.

Thermohmiinescen ce.

330. In some cases, even when no visible coloration is produced,

the behaviour of the body after exposure to the rays shows that it

* Wiedemann and Schmidt, Wied. Ann. liv. p. 262, 1895; Ixiv. p. 78, 1898.

t Elster and Geitel, Wied. Ann. lix. p. 487, 1896.

J Crookes, Phil. Trans. Pt. ii. p. 645, 1879.

§ Villard, Journal de Physique, S""^ S6rie, t. viii. p. 140, 1899.
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has been changed. A very striking instance is the case called by

E. Wiedemann* ' Thermoluminescence.' Some bodies, after ex-

posure to cathode rays, are found to possess for some time the power

of becoming luminous when their temperature is raised to a point

Substance
Cathode

phosphorescence
After-glow

Thermo-
luminescence

CaS04 faint yellowish

red

intense green

none

bright red

faint dark violet

dark blue

red

intense dark red

bright, white

intense red

bluish

intense brown-
ish yellow

yellow

intense yellow

faint bluish

intense green

none

strong green

perceptible

faint

perceptible

persistent

persistent

very persistent

faint

strong

persistent

very persistent

very faint

persistent

none

intense green

perceptible

very faint

feeble

intense red

white

very strong red

Ijright

bright yellow

bright yellow

intense yellow

faint

intense green

CaSOj+.i'MnSO^

SrS04

SrSO^+i'MnSO^

BaSOi

BaS04 + .rMnS04

MgSOj

MgS04+ l%MnS04...

ZnSOi

ZnS04 + l"/oMnS04...

Na2S04

Na2SO4+ 0-5%MnSO4

CdSOi

CdS04 + l%MnS04...

CaFL

CaFL+ .rMnFl2

far below that at which they become luminous when in their normal

state ; they retain this property for weeks, and even months, after

exposure to the rays. The substances in which this property is

most highly developed belong to the class of bodies called by

Van 't Hotf'f solid solutions ; these are formed by precipitating

simultaneously from a solution two salts, one greatly in excess

* E. Wiedemann and Schmidt, Wied. Ann. liv. p. G04, 181)5.

t Van 't Hoff, Zeitscln: f. plnjsik. Chem. v. p. 322, 181)0.

T. G. 40
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of the other. The influence of a slight trace of a second substance

on the phosphorescence produced while the rays are playing on

the substance, the after-glow, which lingers for a time after the

rays are stopped, and the thermoluminescence is shown by the

preceding table, due to E. Wiedemann and Schmidt*. By the

symbol CaSOi + x MnS04 is meant a ' solid solution ' of a trace

of MnSOj in a matrix of CaSOi.

The ' Entladungstrahlen ' (see p. 602) also give rise to thermo-

luminescence, as Wiedemann found that any of the preceding

substances showed thermoluminosity if sparks w^ere produced

close to them.

331. We may compare the after-glow observed with these

solids with that which is observed when the electric discharge

passes through certain gases which are found to remain luminous

for a considerable time after the discharge has passed through

them. It is not necessary that the discharge should consist of

cathode rays; most kinds of discharges will produce this after-

glow if the pressure is suitable ; it is exceptionally conspicuous

in electrodeless discharges and is especially well developed in

oxygen and cyanogen, gases which polymerise with great ease.

I think there are strong reasons for believing that the after-glow

is very closely connected with the power some gases possess of

polymerising and forming complex molecules; and that the gradual

return of the gas from its polymerised to its normal form is accom-

panied by the emission of light.

332. Like the thermoluminescence of solids, the after-glow in

gases seems to be increased by the presence of small quantities of

impurities; thus it is brighter in oxygen with a little nitrogen

than in pure oxygen. Newallf discovered a very remarkable

effect connected with the after-glow in oxygen; he found that with

the electrodeless discharge the after-glow was only developed when
the pressure was between the limits '6 mm. and '01 mm. If the

discharge is sent through the gas at a pressure not between these

limits, there is no glow, but if after the discharge has ceased the

pressure is altered so as to come within the limits the gas at once

begins to glow, suggesting that the polymerised form is stable, i.e.

* Wiedemann and Schmidt, Wied. Ann. Ivi. p. 201, 1895.

t Newall, Proc. Camh. Phil. Soc. ix, p. 295, 1897.
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does not go back into the normal form except between the limits

•6 mm. and 'Ol mm. It may be mentioned that this is the region

of pressure in which some observers, though not all, have observed

large departures from Boyle's law.

In the case of phosphorescent solids and liquids we may
regard the phosphoresence as arising in the following way. The

cathode rays or Entladungstrahlen ionise the substance, causing

complex substances to be formed which phosphoresce as they

break up into their original constituents ; some of these complex

molecules are unstable at the temperature of the room and at,

once begin to decompose, giving rise to the after phosphorescence-

of the glass, etc. ; others are stable at ordinary temperatures, but.

are unstable and decompose at high temperatures ; these produce,

thermoluminescence.

333. M^Clennan* has shown that some salts, especially the

sulphates of potassium, barium, strontium and calcium, after ex-

posure to cathode rays, or to the radiation from a spark, possess

the power of discharging a positively electrified body placed

near them in a gas at low pressure, behaving in fact as if

they were photo-electric bodies exposed to the action of ultra-

violet light, i.e. they emit slowly moving negatively electrified

corpuscles. M'^Clennan made experiments to show that there

w\as no emission of ultra-violet light from the heated salts. There

does not seem to be any connection between the powers of salts to

produce the effect discovered by M'^Clennan and their power of

producing thermoluminescence : as M'^Clennan found that many
salts which glowed strongly when heated did not give his effect,

which was given by some salts which hardly showed any thermo-

luminescence.

Thermal effects produced by the rays.

334. The cathode rays heat bodies on which they fall, and if

the rays are concentrated by using a portion of a hollow cylinder

or spherical shell as a cathode, platinum may be raised to

incandescence, thin pieces of glass fused, and the surface of a

diamond charred.

* M'^Cleniian, riiU. M<uj. vi. 3, p. 195, 1902.

40—2
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Measurements of the amount of heat developed by the rays

have been made by E. Wiedemann and Ebert*, E. Wiedemann
-f-,

and Ewers I . A simple example will give some idea of the

amount of energy carried by the rays. If n is the number
of corpuscles striking a body in unit time, m the mass of a

corpuscle, and v its velocity, then E the energy possessed by the

corpuscles striking the body in unit time is ^imiv- ; if all the

corpuscles coming from the cathode are caught by the body and

e is the charge on a corpuscle, then ne = I, the current carried

by the corpuscles; thus E=^I —v'-: now 10~^ amperes is not an

exceptionally high value for I, and if ^; = 5 x 10® cm./sec. we get,

since mje = 6 x 10~^ ^= 12-5 x 10^; thus the energy possessed by
the corpuscles striking the body per minute would be about one

calory.

335. The impact of the corpuscles does more than heat the

body, it makes it phosphoresce, it produces Rontgen rays, and

causes the body to emit cathode rays. Interesting information is

afforded by measuring the heat produced by the cathode rays,

and also the charge of electricity brought to the body by the

rays ; such measurements have been made by the author§, and

later in greater detail by Cady||. Cady's method was to measure

(1) the heat produced in a bolometer strip against which the rays

struck, and (2) the negative charge acquired by the bolometer

per second ; the latter, it is important to notice, need not be

the same as the charge carried by the corpuscles striking the

body in one second, for some of the corpuscles may rebound from

the body without giving up a charge, or the impact of the rays

may cause the body to give out cathode rays, carrying from it

a negative charge, or positively electrified atoms, giving to it an

additional negative charge ; thus if / is the charge carried by the

corpuscles, i that acquired by the bolometer per second, then / is

not necessarily the same as i. If V is the potential difference

between the electrodes in the tube, then the energy carried by

the corpuscles is VI. Cady measured the ratio of Vi to Q the

* Wiedemann and Ebert, Sitz. der phys. vied. Soc. Erlangeu, Dec. 1891.

t E. Wiedemann, Wied. Ann. Ixvi. p. 61, 1898.

+ Ewers, Wied. Aim. Ixix. p. 167, 1899.

§ J. J. Thomson, Phil. Mag. v. 44, p. 293, 1893,

II
Cady, Dnides Ann. i. p. 678, 1900.
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mechanical equivalent of the heat developed in unit time; he

found that this ratio depends greatly upon the value of i ; as long

as i is large it is greater than unity, diminishing as i diminishes

;

when i gets very small (less than 10"'' amperes), the ratio becomes

constant and equal to "83 ; as the ratio is less than unity it follows

that there is an emission of negative electricity from the bolometer,

either by the reflection of the cathode rays, or by the emission of

secondary cathode rays from its surface. We have seen that the

measurement of i and V does not give the energy reaching the

surface through the cathode rays ; a slight modification of the ex-

periment would, however, give the data by which this energy could

be determined; all that is necessary would be to surround the

bolometer by an insulated Faraday cylinder, into which the rays

were admitted through a small opening, and then to measure the

charge received by this cylinder in unit time.

E. Wiedemann* has shown that the energy spent in j^ro-

ducing phosphorescence is but a small fraction of the incident

energy.

Mechanical effects produced hy the rays.

336. A secondary result of the thermal effects produced by

the rays are the very interesting mechanical effects which have

been especially studied by Crookesf and Puluzj, A t}^jical

example of these is afforded by the well-known experiment due to

Crookes represented in Fig. 190, where the axle of a very light

Fig. 190.

mill with a series of vanes is mounted on glass rails, in a vacuum

tube ; when the discharge passes through the tube the cathode

rays strike against the upper vanes and the wheel rotates and

travels from the negative to the positive end of the tube.

* E. Wiedemann, Wied. Ann. Ixvi. p. 01, 1898.

t Crookes, Phil. Trans. 1879, pt. i. p. 152.

X Puluz, Radiant Electrode Matter. Physical Society's Reprint of Memoirs, p. 275.
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A simple calculation will show that we cannot ascribe the

rotation to the momentum communicated to the vanes by the

impact of the corpuscles against them ; for, take the case when

the rays are so powerful that they carry the very large current of

10""^ amperes, and that they move with the very high velocity of

10^" cm./sec. : if iV^ is the number of corpuscles striking a surface

in unit time, m the mass of the corpuscles ; then supposing the

corpuscles to rebound from the surface with a velocity equal to

that with which they impinge against it, the momentum commu-

nicated to the surface in unit time is 2iV^/?ilO^" ; if e is the charge

carried by a corpuscle, then Ne is the current carried by the rays,

in our case 10"" in absolute measure ; hence the momentum
Til

communicated to the surface per second is equal to 2 — 10^ dynes,

or as m/e=6 x 10~^ to 2 x 10~^ dynes: this is equivalent to a

difference of pressure on the two sides of a vane 1 sq. cm. in area

of one-five-hundred-millionth part of an atmosphere ; an effect

altogether too small to explain the movement of a body such as

that represented in Fig. 190. This movement is probably due

to an effect similar to that observed in a radiometer, as the

impact of the cathode rays will make one side of the vanes

much hotter than the other. Starke* has shown that when the

vanes are arranged so that the radiometer effect is eliminated, the

mechanical effect is exceedingly small—in his experiments, where

the current carried by the cathode rays was 10"'' amperes and the

potential difference 10,000 volts—certainly less than lO"-* dynes.

Electric charge carried by tJie cathode rays.

337. The fact that the cathode rays carry a negative charge

of electricity was proved in a very direct way by Perrinf . Fig. 191

represents a modification of his experiment. The rays start from

the cathode A and pass through a slit in a brass rod B, which fits

tightly into the neck of the tube ; this rod is connected with the

earth and used as an anode; the rays after passing through the

slit enter the spherical vessel G. In this vessel there are two

coaxial metal cylinders, the outer one D connected with the

earth, the inner one E carefully insulated and connected with an

* Starke, Ann. der Pkys. iii. p, 101, 1900.

t Perrin, Comptes Eeiidus, cxxi. p. 1130, 1895.
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electrometer. The cylinders are placed so as to be out of the

direct line of fire of the rays. When the discharge passed

through the tube and the cathode rays passed horizontally through

Fig. 191.

the vessel C, the inner cylinder E received a small, but only small,

negative charge. The cathode rays were then deflected by a

magnet ; their path could be inferred from the position of the

phosphorescent patch on the walls of C; when the deflection was

increased, so that the position of the patch showed that the rays

had fallen on the opening of the cylinders, there was a very great

increase in the negative charge received by E; when the rays had

been so much deflected that the phosphorescent patch fell below

the slit the negative charge in the cylinder E again disappeared.

This experiment shows that the rays carry a negative charge,

as it proves that the negative electrification follows exactly the

same course as the rays producing the phosphorescence on the

glass.

This experiment also shows that the cathode rays make the

gas through which they pass a conductor of electricity ; for if in

the experiment the discharge is kept continuously passing through

the tube and the cathode rays deflected until they pass into the

cylinder, the negative charge on the ^cylinder will rise to a certain

value, beyond which it will not increase however long the discharge

may be kept running ; this shows that the gas round the cylinder

is a conductor, and the steady state of the cylinder is reached when
it loses as much electricity by conduction through the gas as it

gains from the cathode rays. The same thing is shown when the

cylinder is given a negative charge before the discharge through

the gas begins : if this charge is less than a certain value the
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cathode rays will increase the charge ; if however it is greater than

this value, the cathode rays will diminish the charge until it

falls to this critical value.

An interesting way of showing the deviation of the cathode

rays under an electric field is to produce a narrow pencil of the

rays from a spot of lime on a strip of platinum foil heated to

redness by an electric current ; if this strip is used as a cathode a

thin sharply-defined pencil of rays will start from the patch of

lime; if, as in the arrangement shown in Fig. 192, a metal plate

B is placed near the path of the rays, then if this is charged

negatively the cathode rays will be bent from the plate as in the

figure and their path can readily be traced by the luminosity they

produce in the gas. The hot lime enables us to produce rays with

a smaller potential difference than could be used with a cold

cathode so that the velocity of the rays is smaller and their

deviation in a given electric field larger than is the case for rays

produced in an ordinary vacuum tube.



337-339] CATHODE RAYS. 633

The pencil of rays is very sensitive to the influence of

magnetic force and bends into beautiful curves and spirals when a

magnet is brought near to it.

Magnetic 8])ectruin of Cathode Rays.

338. Birkeland* found that when the cathode rays are

produced by means of an induction coil, a patch of cathodic

phosjjhorescence is not merely displaced by a magnetic field,

but is broken up into several distinct patches ; thus, for example,

if there is originally a narrow straight band of phosphorescence,

then under the magnetic field several parallel bright bands of

phosphorescence separated by comparatively dark spaces are

observed. This is called the magnetic spectrum. I have

obtained similar effects by deflecting the rays by electric

instead of magnetic forces. This splitting up of the rays shows

that the original bundle of cathode rays is not homogeneous,

but is made up of groups moving with different, and finitely

different, velocities; each group being differently deflected, the

slower ones more than the faster. Strutt-f* has shown that the

magnetic spectrum is due to the want of uniformity necessarily

associated with the use of an induction coil, which produces a

discontinuous discharge, and that if the cathode rays are produced

by a large electrostatic machine, or a large number of storage

cells, either of which gives a continuous discharge, the phospho-

rescence is not broken up into separate patches by a magnetic or

an electric field.

Path of the Cathode Rays in the Discharge Tube.

339. The cathode rays are deflected by an electric force

;

thus, as the electric field is very intense in the Crookes dark

space, the rays as they pass through this space will, unless the

lines of force in it are straight (this is approximately the case

when the cathode is a large plane disc), be deflected and their

paths will not coincide with the normals to the cathode at their

point of projection. The amount of deflection of the path from

this normal will depend mainly upon the rate at which the

* Birkeland, Comptes Rendus, cxxiii. p. 92, 1897.

t Strutt, Phil. Mag. v. 48, p. 478, 1899.
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intensity of the electric field diminishes as we recede from the

cathode : if, as in the case when the pressure is not very low, the

field close to the cathode is very much more intense than that at

some distance away from it, the corpuscles will acquire so much
energy while still close to the cathode that they will not be

much deflected by the comparatively feeble fields traversed by

them during the rest of the journey ; in this case the paths of

the rays will be approximately the normals to the cathode, so

that if the cathode is a hollow spherical bowl the rays will travel

along the radii of the sphere and will be brought to a focus at

its centre. If however the strength of the field only changes

slowly as we recede from the cathode, we shall get much
greater deviation than in the last case, for not only will the

velocity they acquire while still close to the cathode be smaller,

but also the deflecting force when they get away from the

cathode will be greater. The paths of the rays will now be no

longer along the normals because of the deflecting force, nor will

they, owing to the inertia of the corpuscles, be along the lines

of force unless these are straight. The paths of the corpuscles

will be between the normal and the lines of force ; for example,

in the case of the hollow bowl, the path will be between

the normal CP and the line of force PQ (Fig. 193) ; thus, if the

FiL'. 193.

paths cross the axis of the bowl at all, they will do so at points

on the far side of the centre. It is well known that when, as in

the bulbs used for producing Rontgen rays, a cathode of this kind
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is used, the ' focus ' gets further from the cathode as the ex-

haustion is increased. Goldstein*, who made a series of beautiful

experiments on the phosphorescent patterns produced by curved

cathodes of different shapes, showed, by using an unsymmetrical

cathode, that the rays crossed when the pressure was com-

paratively high, but did not do so at very high exhaustions.

The appearance of the cathode rays from a curved cathode is

shown by the diagrams in Fig. 195, p. 636, taken from a paper by

Campbell Swinton-f-; it will be seen that this is very different

from that which would result if the rays travelled along the

normals to the cathode.

340. The motion of the corpuscles in a vacuum tube offers

a fine field for the application of Hamilton's Principle of Varying

Action : for since the cathode is an equipotential surflice, and the

corpuscles leave that surface normally and with equal amounts of

energy, their paths will, by the Principle of Varying Action, be

the orthogonal trajectories of a system of surfaces.

341. We have regarded the cathode rays as originating from

positive ions which were formed by the cathode rays themselves

at a distance from the cathode. If however the path PQ of the

cathode ray is curved (Fig. 194), and if the positive ion is pro-

Fig. I!i4.

* Goldstein, Wied. Ann. xv. p. 254, 1882.

t Campbell Swinton, Proc. lioij. Soc. Ixi. p. 70, 18',t7.
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duced at Q, then, in consequence of the difference in mass between

the positive and negative ions, the path of the positive ion up

to the cathode will not be QP, but some other path such as QP'

;

thus the cathode rays produced at P will, when the paths are

not straight lines, give rise to positive ions which will help to

make cathode rays which start not from P but from some other

point P'.

The distance between the places where the positive ions

strike the cathode and the origin of the cathode ray producing

these ions will be greatest for the rays which start from near

the boundary of the cathode, as these travel through the part

of the electric field where the lines of force are most curved

;

there will thus not be many positive ions striking against the

outer jiarts of the cathode, on this account the rate of emission

of the cathode rays increases as we approach the centre of the

cathode ; on the other hand, if the cathode is curved the electric

force close to the cathode will be a minimum at the centre, so

that on this account the rays would be fewer along the axis

;

taking both these effects into consideration we should expect

there would be a tendency for the rays to attain a maximum
at some place intermediate between the centre and edge of the

cathode.

Fig. 195.
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The observations of Campbell Swinton* establish the existence

of such an effect ; he found that with concave cathodes, when

the pressure of the gas is within certain limits, the cathode rays

do not form a solid pencil but are condensed into a hollow conical

shell. He proved this by means of the phosphorescence produced

by these rays on a carbon plate whose plane was at right angles

to the cathode : the phosphorescent patch was a circular ring

with in some cases a bright spot at the centre. The appearance

of the phosphorescence is represented in Fig. 195.

This hollowness of the bundle of cathode rays was found by

Campbell Swinton to depend on the curvature of the cathode, it

did not occur when this was plane.

Repulsion of Gathodic Streams.

342. Goldstein f found that when in a discharge tube there

are two cathodes connected together, the cathodic rays from one

cathode are deflected when they pass through the dark space

surrounding the other cathode.

One of Goldstein's experiments was as follows : two cathodes

were used, one a hollow metal cylinder a, from which a pencil of

cathode rays issued, producing luminosity in the gas through

I'lg. 190.

* Campbell Swinton, Proc. Hoy. Soc. Ixi. p. 79, 1897.

t Goldstein, Eina neue Form der ele/ctrisclicn Ab^tossuiitj.
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which they travelled ; the other cathode (b) was a wire at right

angles to the axis of the bundle of rays proceeding from a ; when

b was disconnected from a the path of the rays from a was

straight, but when a and 6 were connected the cathode rays

from a were bent sharply away when they approached b. Gold-

stein found that the amount of deflection did not depend on

the material of which the cathodes were made, nor on the nature

of the gas through which the rays passed. The deflection ceased

if the deflecting cathode was surrounded by a screen of some

solid substance.

Another example of the deflection of two cathode streams is

afforded by an experiment made by Crookes* ; a and b (Fig. 197)

are two metal discs, either or both of which can be made into

Fig. 197.

cathodes, a diaphragm with two holes cut in it is placed in ft'ont

of these discs, and the path of the rays through the tube is

marked out by the phosphorescence they excite in a chalked

plate inclined at a small angle to their path. When a is the

cathode and b is idle the rays travel along the path df, while when

a is idle and b the cathode they travel along ef. When, however,

a and b are cathodes simultaneously the paths of the rays are

dg and eh respectively, the two streams having apparently re-

pelled each other. Crookes attributed the divergence of the rays

to the repulsion between the negative charges of electricity

travelling along with them. E. Wiedemann and Ebertf, however,

by a modification of this experiment, have shown that this is

not the cause of the repulsion ; they provided the holes d and e

with shutters, and found that when a and b were simultaneously

cathodes eh was the path of the rays through e, whether the

window at d was open or shut, although when it was shut there

were of course no cathode rays travelling along dg to deflect those

passing through d, showing that the deflection of the rays has

its origin in the space between a and d.

* Sir W. Crookes, Phil. Trans. 1879, part ii. p. 652.

t Wiedemann and Ebert, Wied. Ann. xlvi. p. 158, 1891.
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The effects we have been describing can all be explained by

the electrostatic repulsion of the negative electricity travelling

along the cathode rays, by the strong electric field which sur-

rounds a cathode ; this repulsion is appreciable only when the

rays from one cathode pass through the dark space of the de-

flecting cathode, because, as we have seen, the intensity of the

electric field is very much greater in the dark space than it is

at any other part of the discharge; we have, on page 531,

discussed a method of using this deflection of the cathode rays

f(»r measuring the strength of the electric field in the tube.

Ganalstrahlen or Positive Rays.

343. When a perforated cathode is used, there may, if the

pressure is between certain limits, be observed luminous streams

passing through the holes in the cathode, emerging on the side of

the cathode remote from the anode, and travelling in straight

lines, as in Fig, 198; these were first observed by Goldstein*,

K

Fig. 198.

and called by him Ganalstrahlen. They excite phosphorescence

on the part of the glass against which they strike, and if this

glass is soda glass the places struck by these rays show, when
observed through the spectroscope, the sodium lines. Wehneltf
has shown that when these rays strike against a copper plate they

oxidise it ; the cathode rays, as we have seen (p. 624), reduce an

oxidised plate. Schmidtj has shown that the oxidation of metals

by the Ganalstrahlen is not due to the impact of the rays but

is an indirect effect due to the rays producing active oxygen when

* Goldstein, Berlin Sitz. xxxix. p. 691, 1886 ; Wied. Ann. Ixiv. p. 4o, 1898.

t Wehnelt, IVied. Ann. Ixvii. p. 421, 1899,

+ Schmidt, Ann. der I'laj^. ix. p. 708, 1902.
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they pass through the gas ; he showed this by casting a shadow

on the copper plate by interposing between it and the rays

a solid obstacle, the part of the plate in shadow was as much

oxidised as that exposed to the direct impact of the rays. In

hydrogen Schmidt observed that the Canalstrahlen exert a

reducing effect.

Though these rays are much less deflected than the cathode

rays by electric and magnetic fields, they do suffer appreciable

deflection, and W. Wien has shown (see p. 146) that the direction

of these deflections indicates that the Canalstrahlen consist of

'positively charged particles ; he has measured, by the method in-

dicated in Chap. V., the ratio of the charge to the mass, and finds

for the maximum value of this quantity 10^, which is the ratio of

the charge to the mass for the hydrogen ion in the electrolysis of

solutions. Wien found that, in addition to the rays which give

this limiting value to ejm, there were always other rays present

which gave smaller values for ejm, and that there was no evidence

that the change in this quantity was discontinuous, which it

would be if the charge could only change by multiples of e

and the mass by multiples of m. I have observed similar

variations in the value of e/m for the positive ions given off

from incandescent wires ; I think this variation is probably due

to the positive ions losing their charges before they reach the

glass where they produce phosphorescence, or by having their mass

increased on the journey by the adhesion of one or more molecules

;

what is measured in these determinations is the ratio of the mean

value of e to m; if now the positive ion gets neutralised by a

negative charge or has its mass increased before it reaches the

glass, then the mean value of e would be smaller than if it retained

its original charge and mass up to the moment of impact. We
must remember that the gas through which the Canalstrahlen

move is ionised, and that there are plenty of corpuscles about

to neutralise the positive charge. It may be urged that if the

ions had lost their charge before striking the glass, they would

not be able to produce phosphorescence, since, as far as our

knowledge extends, phosphorescence is not produced by the im-

pact of uncharged molecules; but, according to Wien's deter-

mination, the positive ions in the Canalstrahlen are moving with

a velocity of more than 10* cm./sec. : we have no experience of
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molecules moving with anything like this velocity ; the shock of

the collision might be sufficient to ionise the molecule afresh,

and thus produce in the neighbourhood of the place of impact

effects analogous to those produced by the collision of charged ions.

344. Several experiments have been made by W. Wien*,

Ewerst and Villard| to detect the positive charge carried by the

Canalstrahlen by catching, as in Perrin's experiment on the

negative charge carried by the cathode rays (see p. 630), the

Canalstrahlen in a Faraday cylinder, and observing the charge

acquired by that cylinder. The aforesaid physicists differ in their

interpretation of the results they obtain ; all agree that under

certain circumstances the Faraday cylinder, placed behind a per-

forated cathode, receives a positive charge of electricity, but

while Wien and Ewers think that this charge is carried by the

Canalstrahlen, Villard is of opinion that it is a secondary effect

due to the slow diffusion into the cylinder of ions from other

parts of the tube. In his experiments he found that the

Canalstrahlen were able to penetrate into the cylinder for some

time before it gave any indication of a positive charge, indeed

if the discharge only lasted a short time, the positive charge in

the cylinder first appeared some little time after the discharge

had stopped. It seems possible that while the discharge is

jjassing, the gas in the tube is too good a conductor to allow

the charge on the cylinder to accumulate
;
just as in Perrin's

experiment the conductivity of the gas prevents the negative

charge on the cylinder rising above a certain value, however

long the cathode rays are kept playing on the cylinder; when

the discharge stops, the gas recovers its insulating power, and

the cylinder can retain any charge that diffuses into it ; if this

view is correct, the positive charge observed in the cylinder is

due mainly, at any rate, to diffusion and not to convection by the

Canalstrahlen.

In spite of the indecisive results obtained by this experi-

ment, the magnetic and electric deflections obtained by W. Wien

seem conclusive evidence that the Canalstrahlen carry a positive

charge.

* W. Wien, U'ied. Ann. Ixv. p. 445, 1898.

t Ewers, Wied. Ann. Ixix. p. 167, 1899.

+ Villard, Journal de Fhi/.fique, [.i], t. viii. pp. 5 and 140, IHO'.t.

T. G. 41



642 CATHODE RAYS. [XIX

On the view of the discharge given in Chap. XV. there is

a stream of positively charged molecules moving towards the

cathode, causing this to emit cathode rays ; if the cathode is

perforated, part of this stream may pass through the holes,

producing in the gas behind the cathode luminosity, forming

in fact the Canalstrahlen, or positive rays as we may call them,

if we think this view of their constitution sufficiently established.

Luminosity produced by Cathode Rays and Canalstrahlen.

345. The differences between the luminous effects produced

by cathode rays and Canalstrahlen are very marked. They can be

investigated very conveniently by means of a tube like that

represented in Fig. 133, with this arrangement the lower plate, M,

is struck by Canalstrahlen when C is the cathode and by cathode

rays when C is the anode. If a layer of lithium chloride is placed

on the plate, then when struck by Canalstrahlen it shines with a

bright red light and the red lines of the lithium spectrum are very

bright ; if the direction of the discharge is reversed so that the

lithium chloride is struck by cathode rays, its colour changes from

bright red to steely blue, giving out a faint continuous spectrum

but not the lithium lines. The lithium chloride after long bom-

bardment by Canalstrahlen blackens and the lithium lines become

much fainter than they were originally, this blackening takes place

whether the tube is filled with hydrogen or with air.

Goldstein* has shown that many metals when used as cathode

give out a line spectrum under bombardment by Canalstrahlen,

the spectrum is especially bright when the tube is cooled by

liquid air.

In some cases the Canalstrahlen excite the metallic lines more

strongly in compounds of the metal than in the metal itself, thus

if we bombard the surface of the liquid alloy of sodium and

potassium with Canalstrahlen the specks of oxide floating on

the surface shine out with a bright yellow light and show the

D lines of sodium strongly, the clean parts of the surface on the

contrary are hardly luminous at all, and I have never been able to

see the D lines on this part of the surface. This difference may

* Goldstein, PJnjs. Zeits. -vi. p. 14, 1905.
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be due in part to the sodium being much more volatile than the

oxide, so that an atom of sodium struck by the Canalstrahlen may
volatilise and get away from the surface, while a molecule of oxide

would be fixed, thus the light might be much more concentrated

when the surface struck is not volatile than when it is easily

vaporised.

Stark* has shown that the lines in the spectrum given out

when the Canalstrahlen are produced in hydrogen at a low pressure,

show the Doppler effect, i.e. that the lines are displaced owing to the

motion of their source ; the velocity calculated from the displace-

ment of the lines agrees well with the velocity of the Canalstrahlen

calculated from the cathode fall of potential. Professor Hull, in

some experiments recently made at the Cavendish Laboratory,

found that this effect was very much more marked in hydrogen

than in either helium or mercury vapour in which the effect, if it

exists at all, is exceedingly small.

* Stark, Phys. Zeits. vi. p. 892, 1905,

41—2



CHAPTER XX.

EONTGEN KAYS.

346. RoNTGEN found in 1895 that when the pressure in a

discharge tube is so low that the walls of the tube are vividly phos-

phorescent, rays which are propagated in straight lines come from

the tube ; these rays illuminate a screen made of phosphorescent

substance, and affect a photogi-aphic plate placed in their path.

Rontgen showed too that these rays were not entii'ely stopped

even by substances opaque to ordinary light, such as the flesh

of the hand, and that if the hand is placed between the bulb

and a phosphorescent screen, the shadow cast by the flesh is not

so dark as that cast by the bones, and thus the shape of the

latter can be distinguished. The rays which produce these effects

are now called Rontgen rays. The character of the rays de-

pends greatly upon the state of the tube in which they are

produced; if the pressure in the tube is very low, so that the

potential difference between its terminals is very large, the rays

are much more penetrating than when the pressure of the gas

is higher, and the potential difference between its electrodes

smaller; very penetrating rays are sometimes called hard rays,

the more easily absorbable rays, soft ones. We have already seen

that even the rays emitted at any one time by the same tube

are not all of one type (see p. 292).

A good many of the properties of the Rontgen rays have

been already discussed in connection with the poAver they possess

of ionising a gas through which they pass ; we shall now consider

the other properties of these rays.

Rontgen showed, and the observation has been confirmed by

very many subsequent experimenters, that the rays are not bent
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when going from one mcdiuni to another, and therefore that they

suffer no deviation after passing through a solid prism.

We have seen (p. 308) that Rontgen rays when they strike

against a solid, a liquid, or even a gas, generate secondary rays

which in the case of impact against a solid or a liquid are

of a much less penetrating character than the incident ones;

the incidence of Rontgen rays on the surface of a solid will

therefore give rise to radiation proceeding from the surface; by

far the greater part of this 'reflected' radiation is diffuse, i.e.

though the incident rays are all travelling in one direction, the

'reflected' rays will spread out in all directions. The question

as to whether this 'diffuse return' of the rays, as Sir George

Stokes called it, is accompanied by specular reflection, in

other words, whether there is an excess of the reflected rays

in the direction in which the angle of reflection is equal to the

angle of incidence, is one on which observers disagree. Lord

Blythswood* and Roodf have obtained photographs in which

there is evidence of this effect; other observers have, however,

been unable to detect it. The specular reflection must in any

case be small, since the transparency of a powder is the same

as that of the same bulk of material when solid, and the defini-

tion through it as good.

No evidence of any polarisation of the primary rays has been

obtained ; the opacity of two crystals of tourmaline or of herapathite,

placed one on the top of the other, is the same when the axes of

the crystals are crossed as when they are parallel.

The Rontgen rays increase the electrical conductivity of badly

conducting liquids as well as of gases |, they increase also the

electric absorption of solids. Curie § has lately shown that the

rays from radium also produce the same effect on liquids.

Source of the Rays.

347. By taking photographs of a card pierced with pinholes,

and drawing the lines joining the photograph of a hole with the

hole itself, and finding their points of intersection, it has been

* Lord Blythswood, I'roc lioi/. Soc. lix. p. 330, 1890.

t Rood, Silliman\'i Journal, [4], ii. p. 173, 18U(J.

J J. J. Thomson, N.ature, Iv. p. ()0C, 1897.

§ Curie, Complex Renduti, cxxxiv. p. 120, 1902.
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shown that the spot struck by the cathode rays is the place from

which the Rontgen rays originate. Thus when the rays strike the

walls of the tube, the phosphorescent part of the glass is the origin

of the rays ; when a ' focus tube,' i.e. one with a hollow cathode,

and a plate of some infusible substance placed where the cathode

rays converge, the part of the plate struck by the cathode rays is

the source of the Rontgen rays. Campbell Swinton* has shown

that cathode rays impinging normally on the plate are more

effective in producing Rontgen rays than those which strike

obliquely against the plate. The Rontgen rays produced when

the cathode rays strike against a plane area come off approximately

uniformly in all directions. This is shown by the following ex-

periment : a hemispherical photographic film is placed so that its

centre is at C, a point on a metal plate struck by cathode rays

travelling in any direction; the Rontgen rays starting from the

plate affect the film, and when the photograph is developed its

intensity is found to be approximately uniform until we approach

quite close to the line where the plane of the plate intersects the

film. When the rays are produced by the impact of the cathode

rays against the glass walls of the tube more rays appear to come

out from any place normally than obliquely ; this is, however, a

secondary effect due to the absorption of the rays by the glass

through which they have to pass; as the rays which come out

obliquely have to pass through a greater thickness of glass than

those which emerge normally they are more enfeebled by the

absorption due to the glass.

Velocity of Propagation of Rontgen Rays.

348. Experiments to determine the velocity of the Rontgen

rays have been made by Brunhes-f- and BlondlotJ. Marx§ has

recently determined the velocity of the Rontgen rays by a method

based on the following principle. Let A (Fig. 199) be a Rontgen

ray bulb, having the terminal K attached to a vibrating electrical

system with a known period, say a Lecher bridge; when K is

cathode the anti-cathode C will emit Rontgen rays, and these

* Campbell Swinton, Proc. Roy. Soc. Ixiii. p. 432, 1898.

t Brunhes, Comptes Rendus, cxxx. p. 169, 1900.

X Blondlot, Comptes Rendus, cxxxv. p. 666, 1902.

§ Marx, A7in. der Phys. xx. p. 677, 1906.
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rays when they fall upon a metal plate will, as we have seen, cause

it to emit a stream of corpuscles ; if the plate on which the rays

fall is positively electrified the emission of these corpuscles will

Fig. 199.

be retarded. D is a metal plate placed in the path of the rays

coming from C and opposite to this plate there is a Faraday

cylinder F connected with an electrometer which measures the

negative charge received by the cylinder. D is connected with

the same Lecher bridge arrangement as K so that there is a

definite phase relation between their potentials. The negative

charge received by the cylinder will be a maximum when D is

negatively electrified when the Rontgen rays fall upon it, a

minimum when D is positively electrified. To fix our ideas,

suppose that K and D are always at the same potential, when

K is a cathode Rontgen rays start from G and some time after

fall upon D ; in the time taken for the rays to travel from C to D
the electrical system changes its phase and when the rays strike B
it may be positively electrified and retard the emission of the

corpuscles, if however the time taken by the rays to go from

C to D is equal to, or a multiple of, the time of vibration of the

electrical system then when the rays strike D it will be negatively
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electrified and the negative charge received by the cylinder will

be a maximum, hence if we adjust the distance between G and D
so that the charge given to the electrometer in a given time is a

maximum and if we know the time of vibration of the electrical

system we can calculate the velocity of the Rontgen rays.

To carry out this method in practice many refinements are

necessary for which we must refer to Marx's paper. The result

of Marx's investigation is that the velocity of the Rontgen rays

through air is equal to the velocity of light.

Diffraction of Rontgen Rays.

349. Many experiments have been made to test whether, as

in the case of light, there are both inside and outside the boundary

of the shadows cast by very small objects, variations in the in-

tensity of the rays corresponding to the well-known diffraction

Mnges. Rontgen*, who investigated this point, was never able

to satisfy himself that the effects he obtained were undoubtedly

due to diffraction. Fommf observed in the photograph of a

narrow slit light and dark bands which looked like diffraction

bands, but observations with different sized slits showed that this

could not be their origin, and Haga and Windj have explained

them as contrast effects. These observers, who have made long-

continued researches on this subject, have obtained with a narrow

V-shaped slit, only a few thousandths of a millimetre broad at its

widest point and made of platinum plates about half a millimetre

thick, effects which would be produced by diffraction, and which

have not been explained in any other way. The image of such a

slit is shown on a greatly magnified scale in Fig. 200| : this diagram

Fig. 200.

* Eontgen, Wied. Ann. Ixiv. p. 18, 1898.

t Fomm, Wied. Ann. lix. p. 350, 1896.

t Haga and Wind, Wied. Ann. Ixviii. p. 884. 1899.

§ Wind, Physikalische Zeitsciirift, ii. p. 292, 1901.
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represents one of the photographs with its vertical dimensions

magnified two hundred times, while the horizontal dimensions are

only doubled. The broadening of the narrow part of the shadow

is the effect relied upon for showing the diffraction. To obtain

a similar amount of broadening with light of a definite wave

length, the length of the wave would have to be of the order

2 X lO"** cm. If we regard the Rontgen rays as due to discon-

tinuous pulses, this will be the order of the thickness of the

pulse for the particular rays under consideration.

350. We have no evidence that the Rontgen rays suffer any

deflection when passing through magnetic fields strong enough to

produce very large deflections of cathode rays.



CHAPTER XXI.

PROPERTIES OF MOVING ELECTRIFIED BODIES.

351. As Rontgen rays are produced when the cathode rays

strike against an obstacle, and as the cathode rays consist of

negatively charged particles, it is of interest to examine the

effects which are produced when the motion of a charged particle

is suddenly stopped.

When a particle with a charge e of electricity is moving

uniformly parallel to the axis of z with a velocity w, it produces

at a point whose coordinates relative to the particle are x, y, z, a

radial electric polarization equal to

P V 0,0,0 hS
{

x- + y- + z- ]

-

and a magnetic force whose components a, j3, 7 parallel to the

axes of X, y, z respectively are given by the equations

eVw V
a = — -^

V ' J ^2 _1_ „.2 _L

eVw

f o o y y

p.Von

/3 =

f + r + ^p^3^.^-}

7 = 0,

F being the velocity of propagation of electrodynamic dis-

turbances through the medium surrounding the sphere (see

Recent Researches in Electi^icity and Magnetism, pp. 18, 19).
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When w the velocity with which the particle is moving is small

compared with V, the radial electric polarization becomes

47r {x- + 3/" + Z-]
'

the same as when the particle is at rest ; and the components of

the magnetic force are given by

y
a=- — ew

:,

,

{x' +tf + z~f

^ = ew ^

,

(x- + y^ + z^y

7 = 0.

352. In an electric field in which the components of the electric

polarization are /, g, h, those of the magnetic induction a, b, c,

there is mechanical momentum, the components U, V, W of

which per unit volume are given by the equations

U = eg — hh,

V = ah — cf,

W=bf — ag

(see Recent Researches, p. 13).

Substituting the expressions we have given for the polarization

and magnetic force due to the moving charged particle and in-

tegrating throughout the space outside a small sphere of radius a

described round the electrified point, we find if P, Q, R are the

components of the resultant momentum of the medium outside

the sphere in this direction,

P = 0, Q = 0,

R = ^-
,

J ^ 1 - T — + s sm 2^ 1 + ^ — cos 2^ U

(1)-

where fi is the magnetic permeability of the medium and

sm ^ = ^
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(see Recent Researches, p. 21); when w is small compared with V,

the value of R reduces to

2/ze-

6 a

Thus if m is the mass of the particle the momentum due to

its motion is not in'w but in virtue of the momentum in the

electromagnetic field

in'%u -\- R,

or when lu is small

Thus the particle will in this case behave as if its mass were

increased by -^—

.

353. In the general case when w is not small, let -y^ denote

mw + R and suppose the particle is acted on by a magnetic force

H. at right angles to its direction of motion, the mechanical force

acting upon the particle is Hew, hence if in the time ht the

direction of motion is deflected through an angle h6 we have

X^O = Hew U

;

if 8s be an element of the path, p its radius of curvature, then

~^^ _ Ss _ luSt

~
P
~

P '

hence p= -^

;

He

but if e/m is the ratio of the charge to the effective mass then

mw
p
=

1, ^ . ^hence m = — — m 4- -
'W w

Now from the expression (1) for R we see that when lo

approaches V, Rjw increases rapidly, hence if what we may call

the electrical mass is comparable with the mechanical, we should

expect mje would vary with the velocity of the particle, increasing

as the velocity increases. From the expression given for R we

see that it is only with particles moving with velocities com-

parable with that of light that we could expect to get measurable
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variations in the value of mje ; happily particles travelling with

these speeds are furnished by radium and the value of mje

for these rapidly moving molecules has been made the subject of

a most interesting research by Kaufmann*.

354. The method used by Kaufmann is illustrated in Fig. 201.

Fig. 201.

A small piece of radium was placed at G in a vessel from

which the air was extracted, the radiations from the radium passed

through a strong electric field in the space between the parallel

plates Pi, Po which were '1525 cm. apart and maintained at a

potential difference of 6750 volts, they then passed through a

small hole -D in a diaphragm and then on to a photographic

plate E ; during the whole of their journey from G to E the rays

were under the influence of a magnetic field produced by the

electromagnet NS; the deflection due to the magnetic field was

at right angles to that due to the electric. If the electric and

magnetic fields were not in action all the rays from the radium

would strike the photographic plate at the same point, when

however the rays are exposed to the electric and magnetic fields

the deflection will depend upon the velocity, so that the rays of

different velocities will now strike the plate at different points

and the impression produced by the radium on a plate will be a

* Kaufmann, Gottinqcn Nach. Nov. 8, 1901.
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curved line ; by measuring the photograph the deflection due to the

magnetic field and also that due to the electric field can be found,

and fi'om these deflections (see Chap. V.) the values of v the velocity

of the particles and the corresponding value of ejm can be found.

Kaufmami found that when his plates were exposed for several

days he got a clearly defined curve from which he deduced the

following values of e/m and v.

V X 10-10 e/m X 10"''

2-83 •63

2-72 '77

2-59 •975

2-48 1^17

2-36 1-31

It is clear from these numbers that e/m diminishes as the

velocity of the particle increases, so that if e remains the same

the value of m increases with the velocity. As this increase must

be due to the ' electrical mass ' it follows that the electrical mass

must be comparable with the mechanical mass. To find the

proportion between the two, we must make some assumption as

to the distribution of electricity on the corpuscle. Kaufmann
assumed that the distribution was the same as if the corpuscle

Avere a conducting sphere ; the electrical field due to a moving

conducting sphere has been solved in great detail by Searle*.

On this supposition Kaufmann calculated from his experiments

that the electrical mass of a slowly moving corpuscle was about ^
of the mechanical mass. He points out that the proportion will

depend upon the assumption made as to the distribution of

electricity over the corpuscle whether for example the electrification

is distributed over a spherical surface or throughout the volume of

a, sphere or over an ellipsoid, and in a later paper he shows that

his experiments are consistent with the view that the whole of

the mass is electrical.

There does not seem to me any reason for attributing electrical

•conductivity to the corpuscle itself, and if the charge on the

corpuscle is the smallest charge that can exist it does not seem

logical to make this charge up into smaller ones and find the

* Searle, Phil, Mag. v. 44, p. 340, 1897.
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effect by integrating and I prefer to take another view of the

electric field due to a corpuscle and to assume that it coincides

with that part of the field, due to a point charge, which is outside

a small sphere of radius a having the point charge for centre.

On this supposition the electrical mass is Rjiu where R is given by

equation (1), p. 651. Using this formula I have calculated, on the

supposition that the whole of the mass is electrical, the ratios of

the masses of the corpuscles moving with the velocities occurring

in Kaufmann's experiments to the mass of a corpuscle moving with

an exceedingly small velocity ; the values of this ratio {p) are

given in the following table, p are the values observed by

Kaufmann.

V X 10-1"
P' P

2-85 3-1 3-09

2-72 2-42 2-43

2-59 2-0 2-04

2-48 1-66 1-83

2-36 1-5 1-65

Thus the observed and calculated values of p do not differ

by more than 10 per cent., suggesting that all the mass of the

corpuscles is electrical in its origin. On this supposition the mass

^fie'
or meof a slowly moving corpuscle is

known values of mje and e we find a to be about 10~^^ cm.

:^fxe/a, from the

As
the mass of a corpuscle has been seen to have an electrical origin

the question naturally suggests itself whether the masses of all

bodies may not have the same origin.

355. The phenomena we have described in the earlier part of

the book show that corpuscles are a constituent of all bodies, so that

part of the mass of these bodies is due to the corpuscles and is

therefore electrical : it is easy to imagine a form of atom for which

the whole mass would be electrical. For suppose that the atoms

are made up of a large number of negatively electrified corpuscles

each corpuscle being associated with its corresponding positive

charge, and suppose that these positive charges are spread over a

much greater volume than the corpuscles, the aggregation thus

formed would consist of a distribution of positive electricity through
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a sphere, the corpuscles being distributed through the sphere in

such a way as to be in equilibrium under their own repulsions

and the attractive force to the centre of the sphere arising from

the positive electrification, in fact we should get an atom similar

to that described by Lord Kelvin in his paper "vEpinus Atomized "

{Phil. Mag. Mar. 1902). If the radius of the sphere occupied by
the positive electrification is large compared with the radius of a

corpuscle, it is easy to show that the mass of the atom will only

differ slightly from the sum of the masses of the individual

corpuscles considered as discrete systems. Thus in any aggrega-

tion or dissociation of a system of atoms the changes in the mass

would, since the number of corpuscles remains unaltered, be

exceedingly small in comparison with the whole mass of the

atoms in any particular state. If however the whole of the mass

were due to the corpuscles, the number of corpuscles in the atom

would have to be much greater than the investigations of Arts.

161 and 192 show to be the case.

356. There is another point of view from which we may regard

the question of electrical mass which may perhaps be most easily

explained by considering the simple case of a moving charged

particle. If a, h, c are the components of the magnetic in-

duction, f, g, h those of the polarization, i.e. the number of

Faraday tubes passing through unit area at right angles to their

length, then (see Recent Researches, p. 13) the components of

the momentum in the field are

eg - hh, ah — cf, hf — ag.

The magnetic field is due to the motion of the Faraday tubes,

and if the charged point is moving parallel to the axis of z

with a velocity w we have (see Recent Researches, p. 8)

a = — 4>7rfiwg,

b = 4!7r/jbwf,

c = 0,

where fx, is the magnetic permeability of the medium through

which the Faraday tubes are moving. Substituting these values

for a, b, c in the expressions for the components of the momentum
we find that these become

— 4^7r/jiwfh, — 4<7rjj,wgh, 47r^ (f^ + 9' + ^^^) w — '^tt^iK'w.
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Thus the resultant momentum is at right angles to the direction

of the Faraday tube and is in the plane through the tube and the

direction of motion of the particle; the magnitude of the resultant

momentum is

47ryu, (/^ + 9' + fi') w sin 6,

where 9 is the angle between the Faraday tube and its direction

of motion, thus w sin 6 is the velocity of the tube at right angles

to its length. Hence we see that the momentum in the field is

the same as would exist if the Faraday tubes carry with them when

they move at right angles to themselves a mass of the ether equal

per unit volume to 47r/x. (/- + g'~ + h-), while when the tubes move

parallel to their length they do not drag any ether along with

them. The momentum in the field is the momentum of this

bound ether. Thus on this view the electrical mass of a charged

body represents the mass of the ether dragged along or imprisoned

by the Faraday tubes associated with that body. I have discussed

this point at greater length in Electricity and Matter.

Effect of suddenly stopping a moving charged particle.

357. The author gave an analytical investigation of this

question in the Philosophical Magazine for Feb. 1897 ; the follow-

ing geometrical treatment of the same problem is based upon the

method of Faraday tubes. Let us consider the case of a charged

point moving so slowly that the Faraday tubes are uniformly

distributed, and suppose the point to be suddenly stopped, the

effect of stopping the point will be that a pulse travels outwards

from it with the velocity V, but as the Faraday tubes have inertia

they will until the pulse reaches them go on moving uniformly

with a velocity w parallel to the axis of z, i.e. they will continue

in the same state of motion as before the stoppage of the point.

Let us consider the behaviour of a tube which, at the moment of

stopping the charge, had the position PQ, and consider the state

of things after an interval t from the stoppage ; a pulse whose

thickness S depends on the time taken to stop the particle will

have travelled out to a distance Vt. In front of this pulse the

motion of the tubes will not have been affected, i.e. they will have

travelled parallel to themselves through a distance tut parallel to

the axis of z ; behind the pulse the tube will have been brought

to rest along the line it occupied when the point was stopped,

T. G. 42
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thus the portion.s behind and in front of the pulse will be repre-

sented by ON, P'Q' in Fig. 202. Hence to preserve the continuity-

Fig. 202.

of the tube it must bend sharply round in the pulse itself, so that

now the tube has a considerable tangential component. The

stoppage of the point will thus produce a tangential component

in the electric force which we proceed to calculate, supposing that

the pulse is very thin so that the tube in it may be regarded as

approximately straight. Then

tangential electric polarization _ P'N _w sin 6t

normal electric polarization N'JV 8

where t is the time which has elapsed since the stoppage of the

particle and 8 is the thickness of the pulse.

The right-hand diagram in Fig. 203 shows the configuration of

the tube at the times when, if the particle had not been stopped,

it would have been at o', o", d"

.

Since the normal electric polarization at a distance r fi'om the

particle is equal to el^irr", and, if Y is the velocity of propagation

of the disturbance, Vt = r, we have fi-om (1)

... . ... e w sin Q
tangential electric polarization = ,^

—^t^ j

as this electric polarization is moving at right angles to itself
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with a velocity V, it produces a magnetic force equal to 4:7rV

times the polarization, i.e. to —^w sin 6, the direction of this
ro

force is at right angles both to the polarization and velocity of the

tubes ; the force is thus in the direction opposite to the magnetic

force before the particle was stopped. Hence in the pulse we have

(1) a tangential electric polarization equal to ew sin^/47rrSF,

and (2) a magnetic force equal to ew sin d/r8 ; as these only

vary inversely as the distance from the particle while the polarization

and magnetic force before the particle was stopped varied inversely

as the square of the distance, their magnitudes in the pulse will

except in the immediate neighbourhood of the particle be very great

compared with their values outside the pulse. Thus the stoppage

of the charged particle is accompanied by the propagation out-

wards of a thin pulse of very intense electric and magnetic force
;

pulses produced in this way constitute, I believe, the Rontgen

rays. It will be seen that on the Electromagnetic Theory of

Light the pulses which we suppose to constitute the Rontgen

rays are in many respects identical with waves of visible light

;

both consist of electric and magnetic forces at right angles to

each other and to the direction of propagation ; the difference

between the Rontgen rays and a beam of sodium light is that

the thickness of the Rontgen ray pulse is very small compared

with the wave-length of sodium light, and that in the Rontgen

rays there is not that regular periodic character occurring in a

train of waves of constant wave-length. Sir George Stokes in

42 2
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the Wilde Lecture given before the Manchester Philosophical

Society showed that many of the differences between Rontgen

rays and ordinary light, such for example as the absence ot

refi-action, could be explained by the theory that the Rontgen

rays consisted of pulses whose thickness was very small compared

with the wave-length of visible light.

A very complete investigation of the diffraction of Rontgen

rays from this point of view has been given by Sommerfeld*.

358. If iZ" is the magnetic force in the pulse the energy per unit

volume of the pulse is ~- H- (half of this is due to the magnetic

and half to the electric field) ; substituting the value given for H
and integrating throughout the volume of the pulse we find that

the energy in the pulse is

2 jxehu'^

Thus the amount of energy radiated away in the pulse varies

inversely as the thickness of the pulse, and the thickness of the

pulse depends upon the abruptness with which the particle is.

stopped ; if the stoppage is very abrupt the pulse is thin, if it is

gradual it is wide. The amount of energy radiated away in

Rontgen rays bears to the energy in the field the ratio of 2a

to B, where a is the radius of the corpuscle (see p. 652). If 8 is.

equal to 2« then all the energy (assuming that the mass of the

particle arises wholly from electrical causes) will be radiated away

;

with thicker pulses only a portion of the energy is radiated, the

rest is absorbed where the particle is stopped.

359. In the preceding investigation we have supposed that,

the velocity of the particle is small compared with the velocity of

light, the same method will however apply when this limitation

is removed.

Mr Searle has shown in this way that the tangential electrie

polarization is equal to

e w sin 6

a result first obtained by Dr Heaviside by another method (Elec-

triciaii, Oct. 11, 1901).

* Sommerfeld, Physik. Zeit. (1) p. 105, (2) p. 55, 1900.
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360. When the particle moves with the velocity of light the

electric and magnetic forces before the stoppage are confined to a

plane through the centre of the sphere at right angles to its direction

Fig. 204.

of motion. To find the effect at a time t after the stoppage of such

a particle we apply the same principle as before, that outside a pulse

whose radius is Vt the field is the same as if the particle had gone

on moving uniformly with the velocity it had when stopped, and

that between the charged particle and the pulse the distribution

of Faraday tubes is uniform. Thus we shall find a deformation

of the Faraday tubes such as is shown in Fig. 205 ; the plane of

magnetic and electric force travels on as if the particle had not

Fig. 205.
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been stopped, since it always keeps just outside the sphere of

radius Vt and there is in addition a spherical pulse formed by

the parts joining the Faraday tubes inside the sphere to those

outside.

361. To find the magnitude of the tangential polarization T
we may proceed as follows. Consider an element of the pulse

ABGDEFGH formed by the intersection of two meridian planes

ABFE, DCGH inclined at an angle
8(f)

and two cones BCGF,
ADHE whose semi-vertical angles are 6 and 6 -r dO with the

outer and inner spheres bounding the pulse, then since there

is no free electricity inside this element the number of lines

of force which leave the face BCGF must equal the sum of the

numbers entering the faces ADEH and EFGH; hence if 8 is the

thickness of the pulse, T the tangential polarization, we have

^ (TSr sin edd>) dO = -r^^ rdd r sin 6 dcf,,

or -r^ (TSr sin 0) = -r- sin 6,
dd^ ^ 47r

„ el— cos B
or T=-—5

—

^—Q-^
47r?'0 sm (j

and H the magnetic force in the spherical pulse is given by the

equation

Tj eV 1 — cos
tL = —^

;
7i
— .

Magnetic and Electric Forces due to the acceleration of

charged particles.

362. In the investigation in Art. 357 we supposed that the

particle was reduced to rest; exactly the same method will however

give us the effects produced when smaller changes in the velocity

of the particle occur and when the velocity of the particle is altered

without being destroyed. We saw in Art. 357 that when a

particle moving with a velocity w is reduced to rest, i.e. when
a change w is produced in the velocity, a tangential electric

polarization T and a tangential magnetic force H are produced

which, at a distance r from the particle, are at the time rjV after

stopping the particle given by the equations

^ _ eiu sin 6 „ _ ew sin 6

4>7rr8V' r8~'
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if T is the time taken to stop the particle, 8 (the thickness of the

pulse) is equal to Vt, hence we may write

~
4>7rV-rT'

~ rVr

If now the velocity of the pai'ticle instead of being diminished

by w in the time t is increased by 8w in the same time, we can

prove by exactly the same method that there will be a tangential

electric polarization T' and a magnetic force H' given by the

equations

™, eSw sin „, eSw sin 6

since 8w is the increase in the velocity in the time t, Siu =fT,

where/ is the acceleration of the particle; hence substituting this

value for 8iu, we have

rp, _ efsind zj'_ e/sin ^
~ 47rF"r

' ~" rV '

thus an accelerated charged particle produces in the surrounding

field tangential, magnetic, and electric forces which vary inversely

as the distance from the particle.

By Poynting's theorem the rate at which energy is flowing

radially through unit area of surface is V^T'H'; integi'ating this

expression over the surface of a sphere having its centre at the

particle, we find that the rate at which energy crosses the surface

2 e"f'
is - -~ , a result given by Larmor (Phil. Mag. v. 44, p. 503, 1897).

363. The radiation of energy from the moving charged particle

will modify its motion; thus supposing the particle to have the

mass m and to be acted upon by a uniform force X, then if v is the

velocity of the particle the kinetic energy is ^mv- and the accele-

dv
ration is -^ ; suppose that in time St the particle moves over a

distance 8x, the work done on the particle by the external force

is Xe8x, this work must equal the increase in the kinetic energy

plus the energy radiated away in time 8t, hence

Xe8x = 8 {\mv-) + 5 p-
( 77:

) ^^>

^ dv 2 e- /dvY /i\
or ^^^ = w^^:7: + o T7- j7 H)'

dt ' 3 V\dtJ

we see from this equation that if the particle starts from rest its

acceleration is initially zero instead of Xe/ni.
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Solving equation (1), we find

. 2 e^ 1 , , Xe
+

dv

Jt

„ dv ^
Xe — m ^r Xe

dt

dv

dt

[xxi

.(2).

Thus if T is the time required for the acceleration to reach half

2 g2 2
its final value Xelm, we have T=7r -n- — {loffg2 + 1|.

' 6 V m^ ^

/ 2 e^

The following are a series of con-esponding values of w - ^^-

and m —T-Xe.

12 e2

*/3 n7t

•217 •1

•473 •2

•783 •3

ri77 •4

1^693 •5

2-416 •6

3-537 •7

5-611 •8

11-302 •9

00 1-0

Thus, until a time comparable with e^/Vni has elapsed, the

acceleration of the particle and therefore the rate at which it is

losing energy by radiation will be small compared with their

final values ; thus if a pulse of electric force passes over a charged

particle a much smaller proportion of the energy in the pulse

will be radiated away if the pulse is so thin that the time taken

for it to pass over the particle is comparable with T than will be

radiated from the thick pulses whose time of transit is much

longer, for then the thin pulses will have much greater penetrating

power than the thick ones. The expression given in Art. 161 for

the coefficient of absorption of Rontgen rays only applies to the

case when the pulse is so thick that the time taken for it to pass

over a charged particle is large compared with e'/m V, the coefficient

of absorption for thinner pulses is much smaller.
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phosphorescence under cathode rays

623
mechanical effects due to cathode

rays 629
repulsion of cathodic streams 638

Crowther, absorption of /3 rays 384
Cunningham, absorption of nitrogen by

carbon electrodes 552
Curie (M. and Mme), diseoverv of radium

349
atomic weight of radium 351
activity of radium 351

character of radium radiation 351
negative corpuscles given out by
radium 139, 351

radio-active gas from radium 351



6G8 INDEX.

Curie (M. and Mme), induced radio-

activity due to radium 351

ionisation due to uranium ionisa-

tion 336
Curie (Mme), discovers polonium 350

absorption of rays from polonium
361

Curie, effect of radium rays on con-

ductivity of liquids 645
Curie and Sagnac, negative electricity

given out by plates exposed to

Rontgen rays 316
Current, connection with potential

difference for discharge through
a gas 13, 92

for discharge through flames 236
saturation i3

Current, variation of, with potential

difference for leak due to ultra-

violet light 258
connection between, and spark po-

tential for point discharge 502
current density at cathode 539

effect of, on cathode, fall of

potential 542
Currents, air caused by motions of

ions 78

Dark space, Crookes' 487, 528
thickness of 542

connection with mean free path
of molecules of the gas 546

relation of to current 547
theory of 590
Faraday's 488

Debierne, actinium 350, 352
Demar(,'ay, spectrum of radium 350
Des Coudres, velocity of cathode rays

131
after transmission through
metal plates 390

elm for a rays from radium 357
Dewar, heat produced by spark 520
Diffraction of Rontgen rays 648
Diffusion of ions 30

coefficients of 37
of gases 40

Dike, variation in induced radio-activity

418
Discharge from points 498
Discharge, electric, through gas at low

pressure 488, 528 et seq.

theory of 585 et seq.

Discharge, striations in 564
Disintegration of cathode 547
Disintegration of incandescent wires 215
Distance between striations 565
Doppler effect with Canalstrahlen 643
Dorn, negative ions given out by plate

exposed to Rontgen rays 316
velocity of corpuscles in secondary
Rdntgen radiation 317

heat produced by Rontgen rays 330

Drops, electrification of 173
Duddell and Marchant, arc with termi-

nals of different metals 608
Dufay, ionisation by incandescent solids

188
Duncan, Rowland, . and Todd, effect of

pressure on potential difference

in the arc 608
Durack, ionisation by rapidly moving

corpuscles 477
Duration of conductivity of gases 10,

18
Dust, effect of on rate of leak through

gases 7

on rate of recombination of ions 19

on clouds 165

Du Tour, ionisation by incandescent
solids 188

Earhart, spark potential for very short

sparks 455
Ebert, escape of electricity at high

altitudes 4

thickness of dark space 542
Ebert and E. Wiedemann, effect of

ultra-violet light on sparks 432
thermal effects due to cathode rays

628
discharge at low pressures by rapidly

alternating currents 580
repulsion of cathode streams 638

Edison effect 195
Edlund, relation between potential dif-

ference and current in arc dis-

charge 606
Eichberg and Kallir, arc with terminals

of different metals 608
Electric field, effect of on conductivity

of gases 11

force, distribution of, in discharge

530
in Crookes' dark space 540
in Faraday dark space 553

positive column 555
in flames 232

Electric discharge through gases at low
pressures 488, 528 et seq.

theory of 585 et seq.

Electrical wind, 507
Electricity, one fluid theory of 161

effect of on steam jet 163, 164

Electrification of gases liberated by
electrolysis 421

due to bubbling through water 173,

427
due to chemical action 420
effect of on condensation of drops

185
Electrodeless discharge

glow produced by 626
effect of magnetic force on 577

Electrolysis, charge on gas liberated

by 421
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Electrolytic gas, clouds produced by 421
Elster and Geitel, leakage of electricity

through open air 3

air in caves and cellars 7

ionic theory of atmospheric elec-

tricity 179
ionisation by incandescent solids 188

et seq.

ionisation produced by phosphorus
423

gases from incandescent solids 215

effect of magnet on leak from hot
wire 222

photo-electric effects 250, 257
effect of plane of polarisation

on 279
temperature on 283

radio-activity of air absorbed in the

ground 412
Emanation from thorium 337

density of 352
Emanation from radium 351

density of 352
Emanium 353
Energy in Bontgen rays 328
Enright, electrification from chemical

action 420
Entladungstrahlen 602
Erman, electrification by flames 231

Eve, reflection of cathode rays 390
ionisation by RfJntgen rays 299

Ewers, thermal effects due to cathode
rays 628

positive charge carried by Canal-
strahlen 641

point discharge 500, 501, 513
Exner and Haschek, pressure in sparks

519

Faraday, influence of successive sparks
431

dissymmetry of discharge 466
dark space 488, 553

Fatigue in discharge by ultra-violet light

263, 287
Filtering, effect of on conduction through

gases 11

Flames, source of ionisation in 234
conductivity of 228
velocity of ions in 240
ionisation in gases from 228 et seq.

distribution of electrification in 232
effect of electric field on 230
theory of discharge through 95

Fleming, Edison effect 195
exploding electrode in arc 611
theory of arc 612

Fluid theory of electricity 161
Fluorescence, connection of with photo-

electric effects 289
Fomm, diffraction of llcintgen rays 648
Force, electric distribution of in dis-

charge tube 530

Force, in positive column 555
in Faraday dark space 553

Foster (Carey-) , connection between spark
potential and spark length 440

Free-path, connection of with critical

spark length 450, 469
with electric force in discharge 490,

497
thickness of dark space 546

Frohlich, relation between potential

difference and current in arc 605

Gait, electrification due to bubbling 428
Garrett and Willows, ionisation produced

by heating salts 425
Gases, rates of normal leak through

different gases 6

given out by incandescent solids 215
photo-electric properties of 252
current through hot 224

Gates (Miss), ionisation produced by
hydration of quinine sulphate 425

Gehrcke, velocity of reflected cathode
rays 401

Geitel, rate of leak from a charged body
in air 4

Geitel and Elster, see Elster and Geitel

Giese, electrification by flames 228, 232
Giesel, Emanium 352
Godlewski, absorption of (3 rays 384
Goldstein, effect of temperature on

cathode fall of potential 536
distance between striations 565
effect of constriction in tube on

discharge 568
magnetic foi'ce on striations 576
similai'ity between striations and

effects at cathode 597
cathode rays 622

effect of on salts of alkali

metals 623
reflection of 398
phosphorescent patterns pro-

duced by 635
repulsion of cathodic streams 637
Canalstrahlen 639

spectrum due to 642
Gorton and Warburg, point discharge

500
Graham, distribution of electric force

in discharge tube 530
near cathode 541
in Faraday dark space 553
positive column 555

Granqvist, disintegration of cathode 547
Gross and Shephard, relation between

potential difference and current
in arc 607

Guthrie, ionisation by incandescent
solids 188

Haga and Wind, diffraction of Riintgen
rays 648
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Hall-etlect in gases 244 et seq.

in discharge tube 562
Hallwaehs, photo-electric effects 250, 257

photo-electric fatigue 288
Hankel, electrification by flames 231

Harmuzescu, ionisation of gases by
Kontgen rays 293

Harvey and Hird, discharge of alter-

nating current from a point 509
Haschek and Mache, pressure in spark

518
and Exner, pressure in spark 519

Heat produced by spark 519
K(3ntgen rays 320, 330
cathode rays 627

effect of on cathode fall of potential

536
Helium, spark potential in 448

discharge through 449, 469
viscosity of 450

Helmholtz (E. von), effect of electricity

on a steam jet 163
andRicharz, electrification of steam

jet 164
formation of clouds by chemi-

cal action 164
Hemsalech and Schuster, constitution

of sparks 520
Henry, phosphorescence of sulphide of

zinc 332
Henry (J.), photo-electric effect of gases

253
Hertz, photo-electric effects 250

effect of ultra-violet light on spark
432

explosive wave in spark 518
penetration of thin metal by cathode

rays 622
Herwig, electrification by flames 231
Herz, distribution of electric force in

discharge 530
in the positive column 555

Heuse, electric force in positive column
555

Heydwiller, heat produced by sparks

520
Himstedt, discharge of alternating cur-

rent from a point 509
alternating currents through gases

at low pressures 580
Hird and Harvey, discharge of alter-

nating current from a point 509
Hissing arc 619
Hittorf, leakage of electricity through

air 2

effect of salts on conductivity of

flames 210
electrification by flames 231
difficulty of producing short sparks

443
distribution of electric force in dis-

charge 530
cathode full of potential 535, 536

Hittorf, electric force in Faraday dark
space 553

positive column 555
temperature in discharge tube 570
action of magnet on distribution of

glow over cathode 574
cathode rays 621

Hobbs, potential difference required to

produce short sparks 457, 458
Hoerburger, effect of pressure on arc 609
Hoffmann, Entladungstrahlen 602
Holborn and Austin, disintegration of

cathode 549
Holmgren, electrification by shaking

wet cloth 173
Holtz, electrification by flames 230
Hoor, photo-electric effects 250

influence of temperature on 283
Horton, effect of emission of corpuscles

on electrical conductivity 207
Hot gases, leak of electricity through

224
Huff, ejni for a rays from polonium

359
Hull Doppler, effect in Canalstrahlen 643
Humphreys, effect of pressure on spec-

trum 519
Hurst, ionisation by collision of positive

ions 486
Hydration, ionisation produced by 425
Hydrogen, effect of on emission of

corpuscles from hot wires 202

Impurities in gas, effect of on point dis-

charge 506
Incandescent solids, ratio of charge to

mass of corpuscles produced by
139

solids, ratio of charge to mass
for positive ions produced by
149

ionisation by 188 et seq.

corpuscles emitted by 194
positive ions produced by 213
nature of positive ions given out by

217
gases given out by 215

Induced radio-activity from thorium
emanation 340

duration of 342
time taken to produce 343
penetrating power of 344
due to radium 351
rate of decay of 352

Intermittence of arc discharge 607
Ionisation by incandescent solids 188

et seq.

by collision of corpuscles 270, 472
et seq.

by collision of positive ions 274, 284
by Eontgen rays 293

variation of with temperature
294



INDEX. 671

lonisation by Eontgen rays, variation of

pressure 293
in different gases 298, 304

an additive property 300

by cathode rays 387
by a rays in different gases 369

by (3 rays in different gases 381

by ultra-violet light 250
in explosive wave 229

by chemical action 420
by phosphorus 423
by quinine sulphate 425

by heating salts 425
Ions 12

explain conductivity of gases 14

theory of conduction through air

by 14

rate of recombination of 19

rate of diffusion of 30
size of 27, 41, 73
velocity of 42-73
difference of velocities of positive

and negative 48 et seq.

velocity of in flames 60, 240
salt vapours 240
point discharge 68

charge on 76, 150 et seq.

mathematical theory of conduction
by 84

motion of in magnetic field 104-116
motion of under both electric and

magnetic forces 111

ratio of mass to charge for negative

in cathode rays 117 et seq.

ratio of mass to charge for negative

produced by ultra-violet light 135

incandescent wire 139
radio-active substances 139

positive ratio of charge to mass 149

given out by radium 355
in Canalstrahlen 147

by incandescent ions 148

positive produced by hot wire 213,

217
work required to produce 202, 307
condensation round 106

number of, produced by secondary
Kontgen radiation 315

negative given out by metals ex-

posed to Kontgen rays 316
number of in various parts of dis-

charge 559

Jaffa, leak in Ni(C0)4 6

Jaumann, effect of rapid variations in

potential on spark 434

Johnson, effect of rapid variations in

potential on spark 435

Kalahne, ionisation produced by quinine

sulphate 425

Kallir and Eichberg, arc with terminals

of different metals 608

Kaufmann, ratio of mass to charge of

ion 122, 128
characteristic curve 583
heat produced by discharge 520
scattering of cathode rays 404
effect of velocity on mass of cor-

puscle 653
electric foi'ce in positive column 555

Kelvin (Lord), electrification by shaking
mercury 173

effect of surface tension on forma-

tion of clouds 179
negative electrification due to bub-

bling 427, 428
spark potential 444

Kiessling, effect of dust on clouds 165

Kinsley, potential required to T)roduce

short sparks 457

Kirkby and Townsend, ionisation by
collision 475

Knoblauch, photo-electric effects 252
relation of oxidation to 289

Kosters, electrification due to bubbling

421, 428
Kreusler, photo-electric current through

gases 262
photo-electric fatigue 288

Laby, ionisation in different gases by
Rontgen rays 304

ionisation in different gases by a

rays 369
Ladenburg, action of ultra-violet light

275-279
photo-electric fatigue 288

Lag of electric spark 432 et seq.

Lang (v.), relation between potential dif-

ference and current in arc 607
Langevin, recombination of ions 21, 71

velocity of ions 64

secondary Kontgen rays 315
ionisation produced by 304

Laplace, electrification due to chemical
action 420

Larmor, radiation from an ion 663
Lavoisier, electrification due to chemical

action 420
Leakage of electricity through air 1 et seq.

in closed vessels 4

Le Bon, ionisation produced by hydration
425

Lecher, intermittence of arc 607
Lehmann, appearance of short sparks 442

effect of constriction on discharge
568

action of magnet on discharge 574
similarity between striations and

effects at the cathode 597
Leithausers, velocity of cathode rays

after transmission through metals
375, 388

Lenard, ratio of mass to charge of ion

in Lenard rays 123, 124
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Lenard, ratio of mass to charge of ion

in cathode rays produced by ultra-

violet light 137
effect of ultra-violet light on gases

171
electrification by splashing 173, 427
photo-electric effects in gases 253
effect of pressure on photo-electric

leak 263
absorption of Lenard rays 381
transmission of cathode rays 381,

383
velocity of corpuscles emitted when

metals are exposed to ultra-violet

light 275
photo-electric fatigue 288
reflection of cathode rays 403

Lenard and Wolff, clouds formed by
ultra-violet light 164

Length of spark, relation of to spark
potential 436

Liebig, spark potential 436, 439, 466
Linss, leakage of electricity through

air 3

Luggin, relation between potential dif-

ference and current in arc 607
potential drop at anode and cathode

in arc discharge 611

Luminosity due to Canalstrahlen 642
cathode rays 642

in electric discharge 481, 588
Lyman, cathode fall of potential 536

McClean, electrification due to bubbling
through water 428

McClelland, velocity of ions in flames

60, 229
recombination of ions 17

ions produced by incandescent wires

91, 210
ionisation by positive ions 221, 484
reflection of /3 rays 390
absorption of 7 rays 409

McClelland and J. J. Thomson, absorp-

tion of Eontgen rays 292
McClennan, discharge produced by

bodies after exposure to cathode
rays 627

existence of penetrating radiation

410
McClennan and Burton, effect of walls

of vessel on leak 411
McClung, recombination of ions 17

effect of pressure on rate of re-

combination of ions 20

effect of temperature on the rate of

recombination of ions 23

effect of temperature on the ionisa-

tion of a gas 294
ionisation by Eontgen rays 299

McClung and Eutherford, absorption of

Eontgen rays 303
energy in Eontgen rays 330

Mache and Haschek, pressure in spark
518

Mackenzie, e/;H for positive ions from
radium 149, 357

Magna, heat produced by electric dis-

charge 520
Magnetic deflection of rays from radium

140
Magnetic field, effect of on leak from

hot wire 221
effect of on lag of spark 434

spark 522
arc 620
discharge in vacuum tubes

572 et seq., 600
on distribution of glow on

cathode 574
on negative glow 572
on positive column 575
on striations 575
motion of ions 104

theoiy of effect on discharge
600

spectrum of cathode rays 633
Makower, effect of pressure on induced

radio-activity 348
molecular weight of radium and
thorium emanation 351

Marchant and Duddell, arc with termi-

nals of different metals 608
Marx, distribution of temperature in

discharge through hot gases 226
transverse velocity of ions in

magnetic field 244
conduction through flames 232
velocity of ions in flames 243
velocity of Eontgen rays 646

Mass of a corpuscle 160
effect of velocity on 653

Matteucci, leakage of electricity through
air 2

conductivity due to phosphorus 423
Matthies, electric force in positive

column 555
cathode fall in compound gases 538
anode fall in compound gases 559

Meissner, formation of clouds 164, 422
pressure in spark 516

Merritt, velocity of reflected cathode rays

401
Metals, nuclei from 172

non-arcing 608
Mey, cathode fall of potential 536, 538
Mie, relation between current and

potential in ionised gas 94
Minimum potential for point discharge

498
spark discharge 444, 450

Mixtures, secondary radiation from 395
absorption by 305, 385

Mohler, pressure in spark 519
Moisture, effect of, on sparks 431

lag of sparks 432
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Moistui'e, effect of, on cathode fall 536

Molecular weight of radium emanation
351
thorium emanation 351

Molecules, number of in cubic centi-

metre of gas 77, 160

Moreau, velocity of ions in Hames 75, 244

conduction through flames 232

Motion of ion under magnetic force 104-

116
and electric forces 111

Moulton and Spottiswoode, effect of

magnetic force on striations 575

similarity between effects at cathode

and striations 597

Miiller and De la Eue, effect of nature

of electrodes on spark potential

437
discharge between pointed electrodes

462
dissymmetry of discharge 466

pressure in spark 516

striated discharge 529, 564

Nabl, effect of pressure on rate of re-

combination of ions 20

Naccari, conductivity due to phosphorus
423

heat produced by sparks 520

Naccari and Bellati, heat produced by
sparks 520

Nahrwold, leakage of electricity through
air 2

gases from incandescent solids 215

Narr, leakage of electricity through air 2

Natterer, spark length in different gases

470
Nebel, relation between potential differ-

ence and current in arc 607
Neesen and Paalzow, effect of magnetic

field on discharge 576
Negative ions, velocity of 58

condensation round 175, 186
Negative glow 488

action of magnet on 572
Neureneuf, electrification in flames 230
Newall, electrodeless discharge 543

after-glow in gases 626

Niepce de St Victor, photographic effect

of uranium nitrate 333
Nitrogen, spark potential in 448
Non-arcing metals 608
Number of molecules in a cubic centi-

metre of gas 77, 160

Obermayer, discharge from a point 505
Orgler, spark potential 436, 466
Owen, formation of clouds 216

emission of positive ions 213
value of ejrii for corpuscles from a

Ncrnst filament 139

emission of corpuscles from Ncrnst
filaments 201

T. G.

Owens, radio-activity of thorium 337
Oxidation by Canalstrahlen 639

connection of with photo-electric

effects 289
Oxides, electrification from incandescent

191, 201, 477

Paalzow, heat produced by spark 520
Paalzow and Neesen, effect of magnetic

force on discharge 576
Paschen, spark potential 436, 466

discharge in a non-uniform field 461
Paschen's law 451 et seq.

Peace, potential required to produce
sparks 436

effect of material of electrode on
spark potential 437

Perrin, effect of pressure on ionisation

by Eontgen rays 293
temperature on ionisation by
Eontgen rays 294

ionisation of different gases by
Eontgen rays 298

secondary Eontgen radiation 308
electric charge carried by cathode

rays 630
Pettinelli and MaroUi, discharge from

hot electrodes 226
Peukert, relation between potential dif-

ference and current in the arc

607
Phosphorescence 332

and photo-electric effects 289
caused by cathode rays 622

Phosphorus, conductivity due to 423

Photo-electric effects 250 et seq.

duration of 287
effect of gas films on 276
influence of temperature on 283
influence of plane of polarisa-

tion on 279, 283
connection with phosphores-

cence and ionisation 289
connection with oxidation 289

fatigue 287
properties of gases 252

Plucker, action of magnet on discharge

572
discovered cathode rays 621

Poggendorff", heat produced by spark 520
Point discharge 498 et seq.

velocity of ions from 68, 498
connection between spark potential

and current 501
effect of impurities on 506
with alternating currents 509
theory of 510

Polarisation of light, effect of plane of

on photo-electric effects 279, 283
Polonium 350, 352
Positive column 555

effect of magnet on 575
Positive ions, velocity of 58

43
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Positive ions, ratio of charge to mass 146,

149
near hot wire 213, 217
from ultra-violet light 253
from radium 149

ionisation by 274, 284
rays 642

Potential, distribution of in spark dis-

charge 464
in ionised gas 81
near hot electrode 225
minimum spark potential 444, 450
cathode fall of 535
anode fall of 558

Pouillet, electrification by flames 230
chemical action 420

Precht, eii'ect of magnetic force on spark

522
point discharge 499

effect on point 504
Precht and Eunge, atomic weight of ra-

dium 351

Preece (Sir W.), Edison effect 195
Pressure, effect of, on leak through air 6

on rate of recombination of ions

20
on ionisation by Eontgen rays

293
ultra-violet light discharge 263
spark potential 444 et seq.

critical pressure for sparks 445,

497
potential difference in arc 609
potential gradient in positive

column 556
in spark 516

Priestley, ionisation by incandescent
solids 188

Pringsheim, relation between current

and potential difference in an
ionised gas 101

effect of moisture on chemical
combination 172

discharge through hot gases 211

Przibram, condensation on ions 187

Puluz, mechanical effects due to cathode
rays 629

Quinine sulphate, ionisation due to 425

Eadiation a and /3 from radio-active

substance 333
Eadiation from an ion 663

from ordinary materials 410 et seq.

Eadio-active emanations 337, 351, 353,

gas in water 412
Eadio-activity of uranium 332

thorium 336
radium 349
polonium 352
actinium 353
emanium 353
of ordinary matter 410

Eadio-activity, induced 340
duration of 342
time taken to develop 343
penetrating power of 344

Eadium, positive ions given out by 35&
discovery of 349 et seq.

spectrum of 351

atomic weight of 351
types of radiation given out by 351
radiation, absorption of 367
emanation 352
persistence of emanation 352
radiation, effect of on liquids 645

Eamsay and Baly, critical pressure of

oxygen 543
Eamsay and Collie, discharge through

helium 449
Eatio of charge to mass for corpuscles

117 et seq.

positive ions 146, 149, 355
Eatio of velocities of positive and nega-

tive ions 48-58
Eayleigh (Lord), viscosity of helium 450

critical pressure of oxygen 543
Eecombination of ions 15

rate of 17, 20, 23, 71

affected by dust 19

theory of 24

Eefiection of cathode rays 390

/3 rays 390
Eontgen rays 645

Eeiger, value of ejin for corpuscles 139
Eeinold and Eiicker on surface tension 183
Eeiss, heat produced by sparks 519
Eepulsion of cathode rays 637
Eichardson, ionisation from incandes-

cent solids 194
emission of positive ions from hot

wires 213
Eicharz, condensation produced by

Eontgen rays 165

Eicharz and Helmholtz, effect of elec-

trification and chemical action on
a steam jet 163, 164

Eiecke, absorption of gas in discharge

tube 552
characteristic curves 584

Eighi, photo-electric effects 250
effect of temperature on 283

ionisation of gases by Eontgen
rays 293

ionisation in closed vessels 411
effect of material of electrode on

spark potential 437
Eitter, spark potential in different gases

470
Eobb, connection between current and

potential diiJerence in an ionised

gas 95
Eollman, heat produced by spark 520
Eontgen rays 291, 644 et seq.

absorption of 292, 301, 304
ionisation of gases by 293, 298



INDEX. 075

Eontgen rays, ionisation of gases, effects

of pressure and temperature on
293, 294

effect on steam jet 165
clouds 168

secondary 308 et seq. 394
in air 309

tertiary 330
reflection of 645
source of 645
theory of 659
velocity of 646
diffraction of 648
effect on solids and liquids 331, 645

Eontgen (v.), connection between electric

strength and mean free path 469
point discharge 498, 499

Rood, reflection of Eontgen rays 645
Eowland, Duncan, and Todd, effect of

pressure on potential difference

in arc discharge 608
Eiicker and Eeinold, on surface tension

183
Eue (De la) and Miiller, effect of material

of electrode on spark potential 437
sparks between pointed electrodes 462
dissymmetry of electric discharge 466
pressure in sparks 516
striated discharge 529, 564

Eunge and Precht, atomic weight of

radium 351
Eussell (A.), maximum electric intensity

in spark 464
Eussell (W. J.), nuclei from metals 172
Eutherford, velocity of ions 43, 47, 58, 61

current from incandescent wire

209, 221
recombination of ions 17, 19
connection between current and

potential difference 101
effect of ether on velocity of negative

ions 42
ionisation of different gases by
Eontgen rays 298

absorption of Eontgen rays 301
of uranium radiation 333
of /3 rays 380
ionisation due to uranium radia-

tion 333, 336, 368
positive ions given out by radium

149, 355, 374
radio-activity of thorium 337
emanation from thorium 337
induced radio-activity from thorium

340
properties of 343
penetrating power of 344

velocity of positive ions producing
induced radio-activity 345

penetrating power of a radiation 359
absorption of 7 rays 409

Eutherford and Alien, rate of leak of

electricity through air 5

Eutherford and Miss Brooks, molecular
weight of radium emanations 352

Eutherford and Cooke, effect of walls

of vessel on leak 6, 410
effect of screens on rate of leak 6

Eutherford and McClung, absorption

of Eontgen rays 303
energy in Eontgen rays 830

Eutherford and Soddy, atomic disinte-

gi'ation 353

Sagnac, secondary Eontgen rays 308
tertiary Eontgen rays 330

Sagnac and Curie, negative ions given

out by plate exposed to Eontgen
rays 316

Salt vapours, conductivity of 236 et seq.

maximum current carried by 249
Saturation current 13

Scattering of cathode rays 404
Schenck, constitution of spark 522
Schmidt, photo-electric effects 252

relation of fluorescence and ionisa-

tion to photo-electric effects 289
radio-activity of thorium 336
oxidation by Canalstrahlen 639
ionisation produced by phosphorus

423
Schmidt and E. Wiedemann, coloration

produced by cathode rays 624
Schuster, ratio of charge to mass of an

ion 127
shadow tln'own on cathode 490
discharge in a non-uniform field 462
thickness of Crookes dark space 529
distribution of potential near cath-

ode 540
influence of current on dark space 547
action of magnet on distribution of

glow over cathode 574
Schuster and Hemsalech, constitution

of sparks 520
Schweilder (v.), current and potential

diff'erence curve 13

discharge by ultra-violet light 260,

261
effect of pressure on 263, 266

photo-electric fatigue 288
Secondary Rontgen rays 308, 394

theory of 321

Seitz, transmission of cathode rays 375,

382
ratio of charge to mass of a corpuscle

130
Shadow on cathode 490
Shephard and Gross, relation between

potential difference and current

in arc 607
Sieveking, point discharge 498
Simon, ratio of charge to mass of cor-

puscle 128
Simpson, variation in induced radio-

activity 418
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Skinner, distribution of electric force

along discharge 530
near cathode 541
in Faraday dark space 553

anode fall of potential 558
emission of hydrogen from cathode

550
absorption of gas dm-ing discharge

552
Smithells, Dawson, and Wilson, con-

ductivity of salt vapours 240

Soddy and Rutherford, atomic disinte-

gration 353
Sodium emission of corpuscles from 203,

205
Sodium and potassium alloy, absorption

of gases by 553
Sommerfeld, diiifraction of Eontgen rays

660
Source of Eontgen rays 645

Spark discharge 430 et seq.

effect of moisture of 431
lag of 432
influence of ultra-violet light on 433
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